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Abstract. Condition monitoring of rolling element bearing is paramount for predicting the lifetime and performing effective
maintenance of the mechanical equipment. To overcome the drawbacks of the hidden Markov model (HMM) and improve
the diagnosis accuracy, conditional random field (CRF) model based classifier is proposed. In this model, the feature vectors
sequences and the fault categories are linked by an undirected graphical model in which their relationship is represented by
a global conditional probability distribution. In comparison with the HMM, the main advantage of the CRF model is that it
can depict the temporal dynamic information between the observation sequences and state sequences without assuming the
independence of the input feature vectors. Therefore, the interrelationship between the adjacent observation vectors can also
be depicted and integrated into the model, which makes the classifier more robust and accurate than the HMM. To evaluate
the effectiveness of the proposed method, four kinds of bearing vibration signals which correspond to normal, inner race pit,
outer race pit and roller pit respectively are collected from the test rig. And the CRF and HMM models are built respectively to
perform fault classification by taking the sub band energy features of wavelet packet decomposition (WPD) as the observation
sequences. Moreover, K-fold cross validation method is adopted to improve the evaluation accuracy of the classifier. The analysis
and comparison under different fold times show that the accuracy rate of classification using the CRF model is higher than the
HMM. This method brings some new lights on the accurate classification of the bearing faults.
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1. Introduction

Rolling element bearings are considered as one of the critical mechanical components in industrial applications
and their defects usually cause malfunction to some extent and even lead to failure of the machinery [12]. Therefore,
the classification of rolling element bearing fault is an effective and necessary means to judge the bearing state and
predict the lifetime so that some measures can be taken to avoid the occurrence of the catastrophic results. Up to now,
many generative and discriminative methods such as multilayer feed forward [1], support vector machine [10,13],
Gaussian mixture model [6] and hidden Markov model (HMM) [15] have been presented to build the relationship
between the selected features and the corresponding bearing fault. Among these methods, HMM model is preferred
in some cases because of its strong capability of capturing temporal dynamic characteristics of the non stationary
signal. The main principle of HMM is that the feature data and the state data for certain kind of fault can be
depicted by a sequential model in which the state recognition is achieved by calculating the maximum production
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Fig. 1. Structure of conditional random field model.

probability of the feature sequence. Boutros and Liang [15] perform the classification of fault categories and its
severity using the discrete HMM model. Purushothama et al. [17] build a wavelet based HMM model to depict the
temporal information of the bearing vibration signal and perform the diagnosis of the multi faults. Lee et al. [9]
propose a continuous HMM model to perform the diagnosis of mechanical faults. These applications show that
the HMM based methods are effective to perform the classification of rolling element bearing fault. However, for
a HMM model, the independence of the observation data needs to be assumed. Therefore it can’t accommodate
multiple overlapping features of the observation data or long range dependencies between the state indexes and the
observation indexes at multiple time steps because the inference of HMM in this case becomes intractable [3,8].
While for the condition monitoring of the rolling element bearings, the sensory signal is usually split into arbitrary
segments and these segments usually interrelate with each other because of their non stationary characteristics. In
such case, the independence of the observation sequences extracted from these segments is hard to be satisfied,
which will deteriorate the recognition accuracy of the HMM classifier correspondingly.

The conditional random field (CRF) model is presented in this paper to overcome the shortcomings of HMM.
In comparison with the HMM, the CRF model is much more expressive because arbitrary dependencies on the
observation sequence are permitted [8]. Therefore, it has stronger ability to incorporate a rich set of overlapping
and non-independent features [3]. To analyze the effectiveness of the CRF model and compare with the HMM, both
models are built to perform the classification of normal, inner race pit, outer race pit and roller pit. The vibration
sensory signals are collected from the test rig and wavelet packet decomposition (WPD) is utilized to capture the
temporal-frequency information and the energy features are calculated from the sub bands as the feature sequences.
The analysis and comparison under different cross validation schemes show that the CRF model is more accurate
than the HMM model. This method brings some new light on the online condition monitoring of the rolling element
bearings.

2. Principle of linear chain CRF model

As shown in Fig. 1, the commonly used CRF model is an undirected graphical model in which the state sequence
y is linked by edges in a linear chain.

Let x = {x1, x2, · · · , xt} and y = {y1, y2, · · · , yt} denote the observation sequence and the state sequence
respectively, t is the length of observation data. For the observation data x, the probability of state sequence y can
be depicted as [5]

P (y|x, θ) = 1

Z(x)
exp

[∑
k

λkTk(yi−1, yi, x, i) +
∑
m

μmSm(yi, x, i)

]
(1)

Where, i is the index of element in the state sequence, k and m denote the index of the feature function. Z(x) is the
normalization factor which can be described as

Z(x) =
∑
y

exp

[∑
k

λkTk(yi−1, yi, x, i) +
∑
m

μmSm(yi, x, i)

]
(2)
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Fig. 2. Flowchart of CRF model parameters estimation and inference.

The state sequence y tends to satisfy the maximum global conditional probability [8] y∗, i.e.

y∗ = argmax
y

P (y |x ) (3)

The primary advantage of the CRF model is that it relaxes the independence assumptions of the HMM. There-
fore, arbitrary dependencies on the observation sequence are allowed, which enhances the expressive ability of the
classifier greatly.

For the application of linear-chain CRF model, the key problem is to solve the parameter vector θ. For the training
data sets D = {< xt, yt >}, parameter estimation is performed by maximizing the log likelihood function which
takes the form

L(θ) =
∑
D

log[P (yi|xi, θ)] (4)

Where D denotes all the paired training data sequence, x = {x1, x2, · · · , xt} and y = {y1, y2, · · · , yt}.
By combining Eq. (2) with Eq. (4), we get

L(θ) =
∑
D

log

{
1

Z(x)
exp

[∑
k

λkTk(yt−1, yt, xt, t) +
∑
m

μmSm(yt, xt, t)

]}
(5)

And the optimum estimation value θ̂ should satisfy

θ̂ = argmax
θ

L(θ) (6)

This function has the convexity property, which can ensure that the optimum model parameters can be calcu-
lated [8]. Given Eq. (6), Limited memory Broyden-Fletcher-Goldfarb-Shanno (L-BFGS) [14] algorithm is adopted
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Table 1
The parameters of the experimental bearings

Type Inside diameter (mm) Outside diameter (mm) Thickness (mm) Ball diameter (mm) Pitch diameter (mm)
6205-2RS JEM SKF 25.00 52.00 15.00 7.94 39.04

Fig. 3. Scheme of test rig for rolling bearing.

here to find its maximum value and solve θ̂. The numerical optimization technique is adopted in this algorithm which
makes it more efficient compared with the commonly used improved iterative scaling (IIS) method.

If the parameter θ = (λ1, λ2 . . . λk;μ1, μ2 . . . μm) is available, the state recognition of the observation sequence
can be performed using the forward backward algorithm. In this method, the forward probability αi(y) is the prob-
ability of being state y given the observation sequence up to time i, which is described as [4]

αi+1(y) =
∑
y′

{
αi(y

′) exp

[∑
k

λkTk(y
′, y, x, i+ 1) +

∑
m

μmSm(y, x, i+ 1)

]}
(7)

y′ represents all the possible state at time i. Similarly, βi(y) is the probability of being state y given the observation
sequence after time i, which is represented as

βi(y) =
∑
y′

{
exp

[∑
k

λkTk(y, y
′, x, i+ 1) +

∑
m

μmSm(y, x, i + 1)

]
βi+1(y

′)

}
(8)

Based on Eqs (7) and (8), the forward-backward and Viterbi algorithms [5] are utilized to deduce the state se-
quence correspondingly. The flowchart of the parameter estimation and model inference algorithm is given in Fig. 2.

3. Data preparation and feature extraction

3.1. Data preparation

The scheme of experimental rig is illustrated in Fig. 3. The test rig consists of a 2 hp motor (left), a torque trans-
ducer/encoder (center), a dynamometer (right), and control electronics (not shown). The deep groove ball bearings,
whose detailed information is listed in Table 1, were utilized to support the motor shaft. An accelerometer was
mounted on the drive end of the motor with magnetic base to acquire the vibration signals from the bearing under
the rotating speed of 1797 RPM. Four kinds of faults, which are normal bearing, inner race pit, outer race pit and
roller pit fault respectively, were simulated using the Electric Discharge Machining (EDM) method. Considering the
vibration signal of the test rig is mainly focused on the low frequency band, the sampling frequency was selected as
12000 Hz. The length of each sample was selected as 2048, which cover more than five cycles of shaft rotating pe-
riod. To ensure the generalization capability of the classifier, 100 samples were collected from every kind of bearing
states, therefore the total number of the samples was 400 [7]. The typical waveform of four kinds bearing states is
illustrated in Fig. 4. To further build the mapping relationship between the original waveform and the bearing faults,
WPD based method is proposed in the next section to characterize the feature of the bearing signal and the sub bands
energy is extracted as the observation sequence to build the classifier to perform the bearing fault classification.



G. Wang et al. / Bearing fault classification based on conditional random field 595

Fig. 4. Waveform of four kinds of bearing fault signals.

3.2. Feature extraction using WPD – wavelet packet decomposition

To depict the temporal and frequency characteristics of bearing vibration signal, WPD is adopted which is an
extension of the wavelet decomposition (WD). The main characteristic of WPD is that it also decomposes the high
frequency bands which are usually kept intact in the WD. Therefore, the time frequency information in the high
frequency bands can also be depicted in details. The coefficients in the jth level for WPD can be written as [16]⎧⎨⎩dnj (k) =

∑
m

h0(m− 2k)d
n/2
j−1(m) (n is even)

dnj (k) =
∑
m

h1(m− 2k)d
(n−1)/2
j−1 (m) (n is odd)

(9)

Where, h0 and h1 are the filters related to the wavelet function, m is the subscript of (j − 1)th level for WPD sub
band and k is the subscript of jth level for WPD sub band. After the signal is decomposed by j levels, the energy in
the nth sub band can be calculated as

En
j =

∑
k
[dnj (k)]

2 (10)

The frequency ranges of all sub bands at the jth level are{[
0,

fs
2j+1

]
;

[
fs

2j+1
,
2fs
2j+1

]
; · · · ;

[
(2j − 1)fs

2j+1
,
fs
2

]}
and fs is the sampling frequency of the sensory signal. Here the level of the WPD is selected as 4, so the
final dimension of the feature vectors is 8. The feature vector formed by all sub bands can be arranged as
{E1

4 , E
2
4 , E

3
4 , . . . , E

8
4}.It should be noticed that these energy features need to be normalized firstly to get rid of

the influence of the sample size. The spatial distribution of the wavelet packet energy features is demonstrated in
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Fig. 5. The spatial distribution of the wavelet packet energy features (En
4 denotes the nth sub band energy at level 4).

Fig. 5 from which it can be seen that the spatial distribution of the feature vectors is very disperse and its shape
is also irregular. At the same time, some feature data under different fault states even mix with each other, which
makes the boundary of each state not clear. In such case, the observation data demonstrate complicated temporal
characteristics and it is not reasonable to judge the states of the bearing only by a single sample. Therefore, the se-
quence based pattern recognition model is adopted in the following section to judge the states of the rolling element
bearings.

4. Bearing fault classification based on CRF

4.1. k-fold cross validation

Cross validation is one of the most commonly used performance assessment method [2]. In a k-fold cross valida-
tion, the training data are randomly split into k mutually exclusive subsets (the folds) of approximately equal size.
The classifier is obtained by training k − 1 subsets and then tested using the remaining one subset. This process
is repeated k times and each subset is utilized for testing only once. By calculating the averaging test errors over
k trials, it gives an estimation of the expected generalization error. Here in this paper, two, five and ten folds are
adopted respectively to evaluate the performance of the built classifier.

4.2. Classification based on CRF

The classification of the bearing fault using CRF model can be performed according to the following two steps.
The first step is the training of the CRF model. As shown in Fig. 2(a), the model parameters in this stage are estimated
based on the training sequences which are composed of wavelet packet energy features. The initial model parameters
λ and μ are set to zero and the convergent accuracy limit ε is 0.0001. Based on the samples split according to the
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Table 2
Average accuracy of different cross validation scheme

Two fold Five fold Ten fold
HMM(%) 91.75 89.00 96.00
CRF(%) 100.00 98.75 99.75

Table 3
Average computational time of different cross validation
scheme

Two fold Five fold Ten fold
HMM(s) 25.44 31.12 25.82
CRF(s) 4.05 4.63 4.02

Fig. 6. Comparison of CRF with HMM under two-fold cross validation.

above cross validation schemes, the models can be built correspondingly using the L-BFGS algorithm. Different
from HMM, only one model need to be built for the CRF classifier, which simplifies the training process of classifier
greatly. The second step is bearing fault classification. The test samples are inputted into the CRF model and the
predicted state sequence is calculated from the CRF model by forward backward inference. By comparing with the
ideal state sequence, the accuracy rates are calculated under different cross validation schemes and demonstrated in
the Figs 6–8. The average accuracy for different cross validation scheme is given in Table 2 from which we can see
that the maximum accuracy can reach up to 100%.

4.3. Comparison with HMM

To make a comparison with CRF model, HMM is adopted simultaneously to perform the bearing fault classifi-
cation with the same data. HMM [11] model is composed of Markov chain and stochastic process, which can be
described as

ω = {N,M, π,A,B} (11)

The selection of N and M brings important effect on the accuracy rate of the classifier and there is no analytic
method to calculate them accurately. Therefore, the trial and error method is commonly used to select them.

The probability of the test data coming from each HMM model is calculated by summing the probability of each
hidden state [11].

P (O|ω) =
N∑
i=1

P (O, qt = i|ω) (12)

Where, O is the observation value of HMM model, N is the number of hidden states, qt denotes the current state.
The bearing fault category C is finally calculated by the following equation

C = {z|Pz = max[P (x|ωi)],i = 1, 2 · · · z} (13)

z is the serial number of the category corresponding to the maximum probability Pz . This equation means that
the label corresponding to the maximum probability is chosen as the final fault category. In comparison with CRF
model, the training process of HMM is complicated. The reason is that four models need to be trained respectively
to recognize four kinds of fault states. Here, N is selected as 12 and M is equal to 8. After these models are built, the
test samples are input to these models respectively and the accuracy rate is calculated correspondingly. The results
are demonstrated in Figs 6–8 and the average accuracy for each kind of fault is listed in Table 2. It can be seen
that the accuracy rate of HMM is lower than the CRF for all fold scheme used. To further compare the efficiency
of two methods, the average computational time under different cross validation scheme are calculated using Intel
core2 processor with 4 GB memory and the results are listed in Table 3. It can be seen that the CRF can get higher
computational speed under different number of folds. Therefore, it proves that the CRF outperforms the HMM
model for the classification of the rolling element bearing faults, which makes it more suitable for the industrial
applications.
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Fig. 7. Comparison of CRF with HMM under five-fold cross validation.

Fig. 8. Comparison of CRF with HMM under ten-fold cross validation.

5. Conclusions

In this paper, CRF is proposed to overcome the shortcomings of the HMM based classifier and perform the fault
classification of the rolling element bearings. The main characteristic of the CRF model is its strong capability to
depict the interrelationship between the observation sequences of different time steps by relaxing the independence
hypothesis. Another advantage is that only one model needs to be trained for the multi fault classification, while
the HMM needs to build one model for each kind of fault. Four kinds of bearing signal are utilized and the energy
based features are extracted by wavelet packet decomposition to depict the relationship between the sensory signals
and the bearing faults. The cross validation under different k folds proves that the CRF model has higher accuracy
in comparison with the HMM. However, similar to HMM, the training of CRF needs relatively large sample data.
Therefore, the training of CRF classifier under small dataset need to be further studied. In addition, because of the
limit of the test rig, the current study is mainly focused on the single bearing faults under the stationary load regime.
Therefore, the classification of the multiple bearing faults under varying load regime is also a promising research
field.
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Appendix: List of notation

A State transfer probability matrix
B Probability matrix of the observed values
C Bearing fault category
dnj (k) Coefficients in the jth level for WPD
D = {< xt, yt >} Training dataset
En

j Energy in the nth sub band of the jth level
fs Sampling frequency
h0, h1 Filters related to the wavelet function
L(θ) Log likelihood function
M Possible number of the observed value in each state
N State number of the Markov chain
O Observation value of the HMM model
Pz Maximum probability of the HMM model
P (O|ω) Probability of each hidden state for the HMM model
P (y |x ) Probability of state sequence for the CRF model
qt Hidden state of the HMM model
Sm(yi, x, i) State feature function of yi and x
Tk(yi−1, yi, x, i) Transition feature function of state yi and yi−1 for the observation sequence x
x = {x1, x2, · · · , xt} Observation sequence
y = {y1, y2, · · · , yt} State sequence
y∗ Optimal sequence
z Serial number of the bearing fault category
Z(x) Normalization factor
αi(y) Probability of being state y given the observation sequence up to time i
βi(y) Probability of being state y given the observation sequence after time i
θ = (λ1, λ2 . . . λk;μ1, μ2 . . . μm) Parameters of the CRF model
̂θ Optimum estimation value of θ
λk Prior probabilityof the transition from the state yi to yj
μm Prior probabilities of the state yi
π Initial probability distribution vector of HMM model
ω = {N,M,π,A,B} Parameters of the HMM model
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