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Determining the shear strength of rockfill is a key task for the design and stability analysis of rockfill structures. When direct shear
tests are performed, the well-established ASTM standard requires that specimen width and thickness must be at least 10 and 6
times the maximum particle size (day), respectively. When the value of d,y,, is very large, performing such tests in laboratory with
field rockfill becomes difficult or impossible. Four scaling-down techniques were proposed in the past to obtain a modeled sample
excluding oversize particles: scalping, parallel, replacement, and quadratic. It remains unclear which of the four scaling-down
techniques yields reliable shear strength of field rockfill. In this paper, an extensive review is presented on existing experimental
results to analyze the capacity of each scaling-down technique to determine the field rockfill shear strength. The analyses show that
previous researches followed an inappropriate methodology to validate or invalidate a scaling-down technique through a direct
comparison between the shear strengths of modeled and field samples. None of the four scaling-down techniques was shown to be
able or unable to predict the field rockfill shear strength by extrapolation. The analyses further show that the minimum ratios of
specimen size to d,,, dictated by well-established standards are largely used but are too small to eliminate the specimen size effect.
In most cases, this practice results in shear strength overestimation. The validity or invalidity of scaling-down techniques based on
experimental results obtained by using the minimum ratios is uncertain. Recommendations are given for future studies.

1. Introduction

Rockfill is usually considered as a good construction material for
infrastructures. It is used to build dams for impounding water
and reservoirs for hydroelectricity generation and prevent
flooding [1-3]. Rockfill is also commonly used as ballast bed in
the construction of railways to hold railway sleepers and provide
high bearing capacity of foundations [4-6]. For steep slope
terrains, rockfill permits slope protection from movement or
scouring [7, 8]. In mining industry, large amounts of waste
rocks are produced every year [9]. In most cases, this material is
deposited on surface as rock piles and considered as a waste
material. Over recent years, it is increasingly used as a con-
struction material both in and out of the mine sites [10]. For

instance, waste rocks have been more and more used to
construct tailings dams [11-13] or waste rock inclusions in
tailings storage facilities [14-20]. They are also used as rockfill to
fill underground mine stopes [21, 22] or to construct barricades
to retain backfill slurry in mine stopes [23-25]. All these
structures made of waste rocks must be properly designed and
constructed to ensure their long-term stability. Failure of such
structures may result in serious consequences such as ecological
devastations, damage to equipment and infrastructures, per-
sonal injury, and even loss of lives [7, 26-30]. Good knowledge
of rockfill shear strength is fundamental in performing design
and stability analyses of these structures.

Rockfill can be of natural origin (riverbed) or produced
through rock blasting in a quarry or mine. Physical
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properties of rockfill can vary significantly in terms of
particle size distribution and particle shape [31]. In general,
the particle size of rockfill can vary from material as fine as
clay and silt to material as coarse as gravel and boulders
[8, 32] while the particle shape can be qualitatively described
as very angular, angular, subangular, subrounded, rounded,
and well-rounded [33]. For natural rockfill, particles are
often rounded with maximum particle sizes (dyay) typically
varying from 4.75 to 80mm [34]. For rockfills made of
blasted rock from quarries or mines, particles are typically
angular with d,,,, varying from 4.75 mm to sometimes over
1000 mm [31]. The content in fine particles may also differ
from one rockfill to another [35-37]. All these factors are
well known to influence the shear strength of rockfill.

Previous studies showed that the shear strength of
granular materials depends on several influencing factors,
including, for example, grain-grain contact friction, grain-
grain interlock, compressive strength of solid grains, and
possibility of dilation [38-40]. The grain-grain contact
friction depends on the base or residual friction and asperity
of the grain surfaces [41, 42]. The grain-grain interlock and
dilation depend on the particle angularity, particle gradation
(coefficient of uniformity, curvature, and d,,,,), degree of
compaction, and confining pressure [40, 43, 44]. The
mechanisms controlling the shear strength of granular
material are important for understanding the role of each
influencing factor. However, detailed discussion on this
aspect is beyond the scope of the paper because the main
purpose of this study is to see if it is possible to determine
shear strength of rockfill from small-scale laboratory shear
tests. Focus will be given on the influence of d,,,x on the
shear strength of rockfill, especially friction angle.

Direct shear tests and triaxial compression tests are
commonly used to measure the shear strength of geo-
materials. For triaxial compression tests, ASTM D4767 [45]
requires that the specimen diameter must be at least 6 times
the maximum particle size, dp,.x. For direct shear tests, the
minimum ratios of specimen width and thickness to d, .y, as
required by the commonly used standards, are presented in
Table 1. For most soils such as clays, silts, and sands having
dpmax smaller than 2 mm, satisfying the standard require-
ments is not a problem because the ratio of specimen size to
dmax can easily exceed 25 even with a small shear box of
50 mm. For rockfill and gravel materials with a dp,.x ex-
ceeding 75 mm, it is technically very difficult [3] and eco-
nomically impracticable [50] to design testing equipment
that can accommodate large size specimens that respect the
requirements of testing standards.

To avoid such problems, one may try to perform in situ
tests to directly obtain the field rockfill shear strength
[51-59]. Goodrich [60] conducted in situ direct shear tests
using a 300 mm x 300 mm shear box on a construction site to
determine the friction angles of clay, sand, and gravel
materials [61]. Tests were carried out by filling the box with
the material and adding weights to the scale-pan. The upper
half of the box was pulled until sliding. Tests were repeated
by adding more weights to increase normal stress. The
applied normal stress could not be very large. In addition,
the box size is not suitable to test full-scale field materials. By
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TaBLE 1: Standards of direct shear tests regarding the maximum
allowed particle size (dyay), specimen width (W), thickness (T), and
diameter (D).

Standard w T WIT Allowed d, .«
ASTM Min{T/6, W/10,
D3080 [46] >50mm  >13mm >2 D/10}
AS
1289.6.2.2 Not = i125mm ot T/6
[47] specified specified
60 mm 20 mm 3 2 mm
1[188]1377_7 100 mm 25mm 4 2.5mm
305 mm 150 mm =2 15 mm-20 mm
Eurocode 7 Not Not . /10
[49] specified  specified

performing such tests, Goodrich [60] showed that the
friction angles of studied materials depend on particle size
and degree of saturation. Similar results have been shown by
Yu et al. [40] through laboratory direct shear tests.

The in situ testing approach of Goodrich [60] was fol-
lowed by many other researchers [55, 57, 62]. This resulted
in the modern direct shear test apparatus [61].

As direct shear tests impose a sliding (shear) plane, the
measured friction angle usually includes a dilation angle. The
dilation degree decreases as normal stress increases, and one
usually observes a decrease in friction angle with an increase
in normal stress [63]. Subsequently, one generally tends to
obtain a high-friction angle when large normal stresses
cannot be applied in in situ direct shear tests. The experi-
mental results are not representative of those of large and
high rockfill infrastructures [56, 64-66].

Barton and Kjaernsli [51] performed in situ tilt tests to
measure the shear strength of rockfill with a rectangular
open box composed of three parts. The instrumentation and
test procedure are shown in Figure 1. The box was first
placed on level rockfill and then filled and compacted. After
having removed surrounding rockfill and the middle frame
part of the box, one end of the filled box was lifted. The tilt
angle at which the upper part of the filled box began to slide
was taken as the maximum tilt angle («), which corre-
sponded to the friction angle ¢ at the applied normal stress
o

Compared to other in situ direct shear tests, the method
of Barton and Kjaernsli [51] is simple. The test box can be as
large as necessary, depending on the largest particles of the
rockfill. However, the applied normal stress is limited by the
upper box thickness and cannot be very large. The instru-
mentation is heavy, and the tests are expensive. Further-
more, when the box is lifted at one end, particles can fall (due
to the removal of the confinement initially provided by the
middle part) before observing sliding of the upper part. The
influence of particle fall on the measurement of shear
strength has not yet been investigated.

Apart from the limitations specifically associated with
each in situ shear test, other disadvantages associated with in
situ shear tests include the difficulty in supplying equipment
and transportation facilities, time-consuming, high costs,
and generally intensive labor [7]. Finding a suitable and safe
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Step 1: place tilt box on level rockfill

Rough interface

—=

Step 2: fill and compact with next lift

Step 4: remove shear plane stiffeners and begin tilting

FIGURE 1: Instrumentation and test procedure of in situ tilt tests on rockfill (reproduced from [51] with permission from ASCE).

location is another non-negligible challenge for in situ shear
tests.

A simple and cost-effective alternative for obtaining the
shear strength of field rockfill is to perform a series of
laboratory shear tests on samples that are made from field
rockfill with different d,,, values [8, 67-70]. A relationship
between shear strength and d,;,,, can then be established and
used to predict the shear strength of field rockfill by ex-
trapolation technique, which can be realized with the
graphical or regression-based method [31, 34, 71-78].

Sample preparation by eliminating the oversize particles to
fit the capacity of laboratory equipment is known as scaling-
down (gradation) method. Several scaling-down methods were
proposed over the past years and used by researchers. It is
unclear which scaling-down technique can be used to obtain
reliable field rock shear strength by extrapolation. This is the
main reason that motivates this review analysis. The initial and
main objective of this paper is to identify a reliable scaling-down
technique that can be used to predict the shear strength of field
rockfill from small-scale laboratory tests.

To reach this objective, extensive review and compre-
hensive analyses on available experimental data are first
presented, followed by an examination of the minimum
ratios of specimen size to dy,,y suggested by well-established
standards. Conclusions and recommendations are given at
the end of the paper.

2. Laboratory Shear Tests

2.1. Large-Scale Laboratory Tests. With a large project having
the allowed budget, it is desirable to perform laboratory
shear tests with large-scale apparatus to obtain the shear

strength of in situ materials with less uncertainty. Large-
scale laboratory tests can be direct shear tests or triaxial
compression tests. The earliest research on large-scale tests
was conducted by the South Pacific Division Laboratory
(SPDL) of U.S. Army Corps of Engineers (USACE) [79, 80]
and the US Bureau of Reclamation (USBR [68]).

Hall and Gordon [81] were among the first researchers
having performed large-scale tests to estimate the static and
kinetic internal friction angles of a rockfill containing nat-
ural alluvial deposits and coarse dredged tailings. Their test
results showed that the friction angle decreases as the
confining pressure increases because the particles can be
crushed and dilation is diminished at high confining
pressures. The same phenomenon was observed by other
researchers through large-scale direct shear tests on rockfill
[64, 82-84].

2.2. Scaling-Down Techniques. Although large-scale shear
tests may provide interesting results as the allowed maxi-
mum particles can be quite large, it is impossible for all
projects to perform large-scale shear tests due to the re-
quirement of special equipment, time-consumption, and
high costs. With available testing equipment in laboratory,
the maximum allowable specimen size is limited. This in
turn limits the d,,., value to meet the minimum required
ratios of specimen size t0 dp,y stipulated by several stan-
dards such as the ASTM D3080 [46] for direct shear tests and
the ASTM D4767 [45] for triaxial compression tests.

As rockfill can contain boulders up to 1200 mm [85],
large-scale shear tests are impossible for all cases. Alterna-
tively, one can perform small-scale shear tests by excluding



the particles larger than the chosen dy,,y of rockfill. This is
once again known as scaling-down or gradation technique
[3, 31, 67, 69, 84, 86]. The variation of shear strength as a
function of d,,,, can then be used to determine the shear
strength of field rockfill through extrapolation.

The earliest scaling-down technique, called the scalping
or truncated method, was proposed by Hennes [87]. In this
technique, particles larger than the targeted d,,,.x are simply
removed, resulting in an increase of the percentages of all the
particles smaller than the targeted d,,,,, compared to those of
the field material. To obtain a gradation curve similar to that
of field material, Lowe [88] proposed a scaling-down
technique, called parallel technique, in which the scalped
sample is further modified in a way that the particle size
distribution curve of modeled sample is parallel to that of the
field material. Almost in the same time, another scaling-
down technique called replacement technique was intro-
duced by USACE [89] to keep the percentages of fine
particles unchanged compared to those of the field material.
In 1969, Fumagalli proposed a scaling-down technique to
obtain a specific gradation curve. Details as well as the
advantages and limitations of these scaling-down techniques
are presented in the following sections.

2.2.1. Scalping Technique. During field sampling or sample
preparation in laboratory, oversize particles (i.e., larger than
the desired d,,.,) are simply excluded and removed. This
method, called scalping or truncating, is the simplest and
earliest scaling-down method. First introduced by Hennes
[87], it is commonly used in sample preparation for labo-
ratory tests [50, 67, 68, 80, 90-93].

Figure 2 shows the grain size distributions of a field
rockfill and a scalped sample reported by Williams and
Walker [50]. The field rockfill has a d,,,,, of 200 mm while the
targeted dy,,y of the scalped sample is 19 mm. To obtain the
scalped sample, all the particle sizes larger than 19 mm were
removed. After sieving analysis, the grain size distribution
curve of the scalped sample is obtained. As seen in the figure,
removal of the oversize particles results in different degrees
of increase in the percentages of different size particles
compared to the field material.

Zeller and Wullimann [93] performed triaxial compression
tests to determine the shear strength of a rockfill. The samples
were prepared by following scalping down technique.
Figure 3(a) shows the particle size distribution curves of scalped
samples at four d,, values (1, 10, 30, and 100 mm) and field
material having a d,,, of 600 mm. The diameters of all tested
specimens prepared for the triaxial compression tests were at
least 5 times the dy.x of the scalped sample. Figure 3(b)
presents the shear strengths of the scalped samples under a
confining pressure of 88 kPa in function of their d,,,, value for
porosities of 30% and 38%, respectively. For a given porosity,
shear strength significantly decreases as the d,, value in-
creases. By extrapolating the experimental data of the scaled
down specimens, the shear strength of field rockfill with a dy,.«
of 600 mm can then be predicted. However, no conclusion can
be drawn to evaluate whether the field rockfill shear strength
can be correctly predicted by using the scalping method
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FiGure 2: Grain size distribution curves of the field rockfill and
scalped sample (data taken from [50]).

because the shear strength of field rockfill with d,,.x of 600 mm
was not measured.

Through the previous analysis, one sees that sample
preparation of scalping technique is very simple. However,
application of the scalping procedure results in a significant
change in the gradation curve. The percentages of all par-
ticles of the scalped sample increase and become higher than
those of the field material.

2.2.2. Parallel Scaling-Down Technique. Similar to the
scalping method, parallel scaling-down method also consists
of excluding particles larger than the targeted d,.x. How-
ever, the scalped sample is further modified to yield a particle
size distribution curve that is parallel to that of the field
material [88, 94, 95]. The obtained modeled sample thus has
a gradation curve looking like a horizontal translation of the
field material gradation curve towards the fine particles size
side. If N is the ratio of the maximum particle size of field
material to that of a modeled sample, the shift distance will
be equal to log(N) along the logarithm axis of particle size
[88].

For example, to produce a modeled sample of parallel
scaling-down technique having a d,,.x value of d, ..., from a
field material having a d,.c value of dp,.p the ratio N is
calculated as follows:

N:ﬂ' (1)

max-m

For a given percentage passing p, the grain size of
modeled sample is calculated as follows:
d
__F
d pm = T, (2)
where d,,.,, and d,,. are the particle sizes of modeled sample
and field material having a percentage passing p,
respectively.
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FIGURE 3: (a) Grain size distribution curves of the field material (rockfill) and the scalped samples and (b) variation of shear strength with the

dmay for different porosities (data taken from [93]).

Once the target parallel gradation curve is determined,
the required mass for each range of particle sizes can be
obtained by considering the required portion and the total
mass of the modeled sample. It is very possible that some
particle size values obtained by equation (2) are missing in
the available sizes of standard sieves. In this case, the sieves
having the closest sizes to those calculated by equation (2)
should be taken as an approximation. In addition, the
production of parallel curves requires addition of particles
finer than the minimum particle size of field material.
Obviously, it is impossible without a grinding operation on
the field material or without addition of needed fine particles
from another material. In both cases, the origin of the
modeled sample is different from that of the field material. In
practice, the particle size distribution curves of parallel
gradation samples can be nonparallel to that of field material
near the fine particle part.

Figure 4 shows a particle size distribution curve of
modeled sample by applying the parallel gradation method
along with that of field material. The d,,, value of the field
material is 305mm while the target d.. of the parallel
gradation sample is 38 mm. The ratio between the d,;,.x value
of the field material and modeled sample is 8. The shift
distance between the gradation curves of the field material
and modeled sample is log(8) along the logarithm axis of
particle size.

The parallel scaling-down method was proposed due to
the necessity of determining the shear characteristics of
several types of gravelly soils for the SPDL of USACE. Leslie
[80] compared the friction angles obtained by triaxial
compression tests on specimens prepared by parallel and
scalping methods without any conclusive results. No rec-
ommendation could be made on the reliability of the two
scaling-down methods.

Marachi et al. [86] applied the parallel scaling-down
method to investigate the influence of dy,,x on the friction
angle of three samples (Pyramid dam materials, crushed

100
80
Z
‘3 60
<
o
=
Q
2 40 4
3]
v
20
O T T T T
0.01 0.1 1 10 100 1000

Grain size (mm)

—— Field material
——- Modeled sample

FiGURE 4: Grain size distribution curves of the field material and
parallel sample (data taken from [88]).

basalt, and Oroville dam materials) through triaxial com-
pression tests. Two samples were made of well-graded and
angular particles. The third sample was prepared by a
mixture of subangular and rounded particles. The content of
subangular and rounded particles was not specified, and the
angularity or roundness degree of the mixture was quan-
titatively unknown. Samples were prepared with diameters
of 71, 305, and 914 mm for d,,, value, respectively, of 12, 50,
and 152mm. The minimum required ratio of 6 [45] of
specimen size to dp,, was thus respected in all the tests.
Triaxial compression tests were conducted under confining
pressures of 207, 965, 2896, and 4482 kPa, respectively. The
experimental results show a decreasing friction angle as d.x
value increases (Figure 5). However, this study does not
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FIGURE 5: Variations of friction angle with the maximum particle size for (a) Pyramid dam materials, (b) crushed basalt, and (c) Oroville
dam materials with different confining pressures (data taken from [86]).

confirm if the predicted friction angles through extrapola-
tion correspond to the friction angle of the field materials
since no tests were performed on the latter.

Charles [94] studied the friction angle of a rounded
rockfill with a dp,,x of 900 mm by triaxial compression tests.
The parallel method was used to scale down the field rockfill
to three samples with d,,,, of 40 mm, 100 mm, and 300 mm,
respectively. Samples were prepared at the same porosity as
the field sample. A ratio of sample diameter to d,,, of 5 was
used for all the tests. Figure 6 shows the variations of friction
angle with d,, for different confining pressures. The test
results show that an increase in the confining pressure leads
to a reduction in the friction angle for a given d,,,. Same
results were found by previous researchers (e.g., [44, 86]).
This tends to indicate that confining pressure should be
adequately chosen to mimic the stress condition of field
material during the application of the scaling-down tech-
nique. Figure 6 also shows that the friction angle slightly
increases as dp,, increases. This trend is opposite to that
found by Marachi et al. [86]. This may be attributed to the
rounded particles of the tested rockfill while those of
Marachi et al. [86] were angular or subangular.

Figure 7 further shows a collection of experimental
results on the variations of friction angle with d,, for
(alluvial) rounded (Figure 7(a)) and (quarried) angular
(Figure 7(b)) materials obtained by applying the parallel
scaling-down technique. The minimum ratio of specimen
size to dpay 0f 10 as required by ASTM D3080 [46] was taken
in all the tests. One sees that the friction angle of rounded
material increases as dy,,, increases while the friction angle
of angular material decreases with increasing d,,x values.

The parallel scaling-down technique was proposed in
order to reproduce the shape of the gradation of field
materials. In practice, particle shape can change during
sample preparation [31, 34, 99-103]. This can in turn result
in a change in the friction angle [84, 104]. Moreover, the
reproduction of modeled samples having gradation curves
strictly parallel to that of field material requires addition of
fine particles smaller than the minimum particle size of the
field sample. This in turn requires grinding of field material
or the addition of finer particle material of a different source.
The modeled samples thus contain a portion of material

52 -
48 - 0y = 103kPa
= 44 0y = 283kPa
S A—/A//A
=]
=
5 404 03 = 690kPa
-
- ><//></><
36
32 T T T T T T 1

0 50 100 150 200 250 300 350

Maximum particle size (mm)

FIGURE 6: Variation of friction angle with maximum particle size of
parallel modeled samples with different confining pressures (data
taken from [94]).

which has a source different from that of the field material.
In practice, the particle size distribution curves of parallel
gradation samples can be nonparallel to that of field ma-
terial, either due to the lack of required (nonstandard) sieve
sizes or due to the lack of required fine particles smaller than
the minimum particle size of the field material. All these
indicate that the parallel scaling-down technique also has
some drawbacks despite it is widely used in practice. At
present, it is still far from being able to conclude whether the
friction angle of field rockfill can be predicted by extrapo-
lating test results obtained with the parallel scaling-down
technique. More investigations are needed on this aspect.

2.2.3. Replacement Technique. When the portion of re-
moved oversize particles exceeds 10% during the application
of the scalping technique, USACE [89] suggested replacing
the removed weight by particles finer than the targeted dp.«
but greater than No. 4 sieve (4.75 mm). The percentage of
particles finer than the No. 4 sieve thus remains unchanged
[89, 90, 105].

The replacement technique was first used by Frost [105]
to conduct compaction tests of boulder-gravel fill for a large
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FIGURE 7: Variations of friction angle with maximum particle size for (a) rounded materials and (b) angular materials (data taken from

(31, 32, 34, 71, 73-75, 86, 96-98]).

dam. Later, a few studies were conducted to verify the re-
liability of the replacement technique [90, 106, 107].
Figure 8 shows the grain size distribution curve of a field
material having a d,,,,x of 80 mm and that of modeled sample
with a dp.c of 20mm [108]. The first one was obtained by
measuring the masses of particles retained on different sieves
and the total mass of the field material. The particles larger
than the targeted d,,., (i.e., 20 mm) were weighed and ex-
cluded. The same mass of particles having sizes between
4.75 mm (i.e., sieve No. 4) and d,,,, was added in the sample
by applying the following equation to obtain the gradation
curve of the modeled sample [108]:
p o T
g P Apax P No.4

max

x P, (3)

where Pj;, is the percentage by mass of added particles passing
sieve having size j (<d) and retained on the neighbor sieve
having size i (>4.75 mm); P;;fis the percentage by mass of field
material particles passing sieve size j (<d.x) and retained on the
sieve size i (>4.75 mm); P,y is the percentage of field material
particles passing the targeted d. Pnoa is the percentage of
field material particles passing the sieve of 4.75mm (ie., sieve
No. 4); and P, is the percentage by mass of field material
particles retained on the sieve having a size of the targeted d,;,.y.
The physical meaning of each symbol is shown in Figure 8 to
ease their understanding.

The application of this procedure results in a change in
the gradation curve shape of the modeled sample compared

100

‘ /
90 - e L b e S
80  ERET ERTE R FO EEPR B i
S

70 4 . R R T - }

P,]f

60 -

50

40

Percent passing

hd
P dmax

30 -

Y
PN04

20

10 +

0.01 0.1 1 10 100

Grain size (mm)

—— Field material
—--- Modeled sample

FiGure 8: Grain size distribution curves of field material and a
modeled sample (data taken from [108]).

to that of the field material for the particles greater than
4.75 mm. The replacement technique is thus considered as a
scaling-down method that modifies the gradation of field
material [108-110]. Only a few researchers have used this



technique [109, 111]. The validity or invalidity of this
method for determining shear strength of field materials has
not yet been demonstrated.

2.2.4. Quadratic Grain-Size Technique. Quadratic grain-size
technique was proposed by Fumagalli [112]. In this method,
particle size distribution is defined by the following equation

[112]:
P, = "di x 100%, (4)

where d is a particle size of the modeled sample, smaller than
the target d,.x and Pq is the percentage by mass of the
particles smaller than d of the modeled sample.

Fumagalli [112] applied this technique on a rockfill with
a diax 0f 260 mm to obtain samples having d.,., values of 10,
20, 30, 60, and 100 mm, respectively. Confined compression
tests were performed. A chamber 100 mm in diameter and
200 mm high was used for the specimens with d,.x of 10, 20,
and 30 mm, respectively, and another chamber 500 mm in
diameter and 1000 mm high on the specimens with d,,,, of
10, 60, and 100 mm, respectively, was used. The minimum
ratios of chamber diameter to maximum particle size were
3.3 and 5, respectively, for the small and large chamber tests.
The confined compression tests were conducted by filling the
chosen chamber with a tested specimen. The filled chamber
was then submitted to an axial pressure. The axial and hoop
strains were monitored. The reliability of the tests is un-
known because the obtained friction angles were in the range
of 23" to 25°, which are abnormally small for granular
materials.

According to Fumagalli [112], quadratic scaling-down
technique could be applied to well-graded materials. By
applying this method, one can note that a unique particle
size distribution curve will be obtained, independently of the
field material once the target value of d,,,x is chosen. Table 2
shows percentages by mass of different particle sizes nor-
malized by the target dy,.x by applying quadratic scaling-
down technique.

Figure 9 shows the grain size distribution curve of a
modeled sample by applying quadratic scaling down tech-
nique with a d,,,,, of 20 mm. At P, =20%, the target particle
size of the modeled sample is 0.8 mm (=0.04 x 20 mm).

Note that the particle size distribution curve of the scaled
down sample spreads on a wide range of sizes. This may
partly explain why Fumagalli [112] suggested that quadratic
scaling-down technique is applicable to well-graded mate-
rials. However, as the scaled down sample does not depend
on the field material once the allowed d,,, is chosen, two
situations can occur. First, if the particle size distribution
curve of the scalped down sample (i.e., after removal of
oversize particles) intercepts the target particle size distri-
bution curve on the fine particle side, one or several of the
following operations are needed:

(1) To add fine particles smaller than the minimum
particle size of the field material
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TABLE 2: Percentage by mass of different particle sizes by applying
quadratic scaling-down technique (equation (4)).

Al dpax P 4 (%)
1 100
0.81 90
0.64 80
0.49 70
0.36 60
0.25 50
0.16 40
0.09 30
0.04 20
0.01 10
0.0025 5
0 0

1]

g

g

2

=

2

&

0.01 0.1 1 10 100

Grain size (mm)

FIGURE 9: Grain size distribution curve of a modeled sample
produced by using quadratic technique.

(2) To remove a portion of particles larger than the
minimum particle size of the field material

(3) To add coarse particles smaller than the allowed d,,,
but larger than the particle size at which the target
and scalped particle size distribution curves
intercept.

Second, if the particle size distribution curve of a scalped
down sample does not intercept the target particle size
distribution curve, except at the chosen d,,,,, one has to add
a wide range of particles from particles smaller than the
minimum particle size of the field material to coarse particles
smaller than the allowed d,,,x. In both cases, the resulting
gradations highly differ from those of the original field
sample. This may be why this quadratic scaling-down
method has not been used by other researchers since 1969.

3. Validation of Scaling-Down Techniques

The four presented scaling-down techniques are not used at
the same frequency. Parallel scaling-down technique is
frequently used in practice. Use of the scalping technique is
less frequent than that of the parallel scaling-down method
but more than the replacement and quadratic scaling-down
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techniques. The replacement method was used in a few
researches while the quadratic scaling-down technique is
seldom used due to its complex preparation and the non-
representativeness of the modeled sample, as shown in
Section 2.2.4. None of the four scaling-down techniques was
shown to be able or unable to predict the shear strength of
field rockfill by extrapolation.

To evaluate the validity of scalping and replacement
techniques, Donaghe and Torrey [90] performed triaxial
compression tests on a mixture of subrounded sand and
subangular gravel having a d,.x of 76 mm. The degree of
roundness or angularity of the mixture is unknown. The
scalping and replacement techniques were used to obtain
samples with d,,,x of 4.75 and 19 mm, respectively. All the
tested specimens were prepared according to the minimum
requirement of the ASTM D4767 [45] in terms of the ratio
between specimen size and d,,,y. Instead of performing more
tests with specimens having different d,,., and applying the
extrapolation technique to predict the shear strength of field
rockfill, Donaghe and Torrey [90] directly compared the test
results of scalped and replaced samples with those of field
sample, as shown in Figure 10. They concluded that the
scalping and replacement methods are invalid because they
found that the shear strengths of the scaled down samples
differed from those of the field rockfill.

The methodology of Donaghe and Torrey [90] could be
adequate in the case where the shear strength of the scalped
and replaced materials is insensitive to the variation of the
maximum particle size. This is only possible when the an-
gularity or roundness of the sample particles reaches a
critical degree. In general, the friction angle of rounded or
subrounded particle samples increases as the d,.x increases
(Figure 7(a)) while the friction angle of angular or sub-
angular particle samples decreases as the d,.x increases
(Figure 7(b)). The methodology taken by Donaghe and
Torrey [90] to invalidate the scalping and replacement
methods is therefore inappropriate.

The same methodology of Donaghe and Torrey [90] was
followed by several other researchers [67, 113]. Linero et al.
[113] measured the shear strength of a coarse granular
material through triaxial compression tests. The field ma-
terial with a d,,,,x of 400 mm was scaled down by applying the
parallel and scalping techniques, respectively. The tested
specimens had a D/d,,, ratio of 5, which was smaller than
the minimum required ratio of ASTM D2850 [114]. Again,
the methodology is incorrect to evaluate the reliability of the
tested scaling-down techniques.

Hamidi et al. [67] performed a series of direct shear tests
according to ASTM D3080 [46] to investigate the validity of
the scalping and parallel techniques. A rounded sand and
gravel mixture with a d,,, of 25.4 mm was scaled down to
samples having a dyax of 12.5 mm by applying the parallel
and scalping techniques. Three normal stresses of 100, 200,
and 300kPa were used in the tests. Figure 11 shows the
variations of the shear strength in terms of maximum shear
stress under a normal stress of 100 kPa (Figure 11(a)) and
friction angle (Figure 11(b)) as a function of the maximum
particle size of the modeled and field samples for different
relative densities. One first notes that the friction angle
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FIGure 10: Comparison of friction angles of scalped and replaced
samples with that of the field sample, all having a gravel content of
60% (data taken from [90]).

increases as the d,,,, increases from 12.5 to 25.4 mm for the
rounded alluvium sand-gravel mixtures. This trend agrees
with that of rounded materials (Figure 7(a)). Results further
show that when the mixture is loose (D,=35%), the max-
imum shear stress (Figure 11(a)) and friction angle
(Figure 11(b)) remain constant when the d,,, of the scalped
specimens increases while there is an increasing trend for the
intermediate (D, =60%) or large (D,=85%) relative densi-
ties of both scalped and parallel samples. Once again, direct
comparison of the shear strengths of modeled and field
samples is not a good way to validate or invalidate the tested
scaling-down techniques. Consequently, one cannot con-
clude whether the scalping and parallel techniques are re-
liable to be used in an extrapolation to obtain the shear
strength of field materials.

To correctly evaluate the capacity of a scaling-down
technique, different shear tests on scaled down specimens
with different d,,,, values should be done. The shear
strength of field materials can then be obtained by ex-
trapolating the shear strengths of specimens with dif-
ferent d,,., values. Bagherzadeh and Mirghasemi [96]
followed this approach and conducted a series of direct
shear tests on coarse-grained material using
60 mm x 60 mm and 300 mm x 300 mm shear boxes to
investigate the influence of scalping and parallel tech-
niques on ellipsoidal gravel particles. The tested speci-
mens were prepared to obtain a ratio value of 12 between
specimen size and d,,,,. As shown in Figure 12(a), a field
sample with a d,,, of 50 mm was scaled down to samples
1 and 2 by applying the parallel scaling-down technique
and to samples 3 and 4 by following the scalping tech-
nique. The small shear box was used for samples 2 and 4,
and the larger shear box was used for samples 1 and 3. The
maximum particle sizes were 25.4 mm for samples 1 and 3
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FIGURE 11: Variations of (a) shear strength (normal stress =100 kPa) and (b) friction angle of field, parallel, and scalping samples as a

function of maximum particle size (data taken from [67]).
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FIGURE 12: (a) Distribution curves of four samples and a field sample; (b) variation of shear strength as a function of d,,,y of parallel,
scalping, and field samples under different normal stresses (data taken from [96]).

and 4.76 mm for samples 2 and 4,

respectively.

Figure 12(b) shows the shear stresses at failure versus the
dmax value under different normal stresses. The results
show that the shear strength of the field specimens having
a dpax of 38mm (number given in [96] but 50 mm
according to Figure 12) can be predicted by extrapolating
the test results of the parallel and scalped samples when
the normal stress is high (294 kPa). When the normal
stress is low (98 kPa) or intermediate (196 kPa), none of
the two scaling-down techniques can be used to predict

the shear strength of the field material.

Direct comparison between the shear strengths of

modeled and field samples is not an appropriate meth-
odology to validate or invalidate a scaling-down tech-
nique. The invalidity of replacement technique is not
correctly shown. The previous analyses seem to show that
both scalping and parallel techniques can be used to
predict the shear strength of field rockfill through ex-
trapolation on laboratory shear test results when normal
stress is high. Both the techniques fail when the normal
stress is intermediate or low. However, it is noted that
most of the previous experimental shear tests have been
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done by using the minimum (sometimes even smaller)
required ratio of specimen size over d,, specified in
ASTM D3080 [46] for direct shear tests or ASTM D4767
[45] for triaxial compression tests.

4. Specimen Size Effect

The variation of shear strength of granular materials with
specimen size is known as a phenomenon of specimen size
effect [115-118]. For the convenience of laboratory tests, one
tends to use specimens as small as possible. When the
specimen size is too small, the measured shear strength
cannot represent that of the tested material in field condi-
tions where the volume of the tested material can be very
large. Therefore, the tested specimen should be large enough
to avoid any specimen size effect, also known as a problem of
representative volume element size [119-121]. That is why
the diverse standards specify minimum required ratios
between specimen dimensions and d, .

To determine the shear strength of granular materials by
direct shear tests, ASTM D3080 [46] requires specimens to
be at least 50 mm wide and 13 mm thick (Table 1). In ad-
dition, the width and thickness should, respectively, be at
least 10 and 6 times the maximum particle size (d.y). The
standards AS 1289.6.2.2 [47] and Eurocode 7 [49] require,
respectively, a thickness of at least 6 and 10 times the d,,«
value (Table 1). For fine particle soils such as clay, silt, and
fine sand, the d,,. values are smaller than 2mm. The
minimum required specimen sizes that are 50 mm in width
and 13 mm in thickness give a ratio of 25 between specimen
width and d,, and a ratio of 6.5 between specimen
thickness and d., these satisty the minimum required
ratios. However, these requirements are not yet undoubtedly
validated by experimental results.

Rathee [110] studied the influence of specimen size on
the friction angle of mixtures of sand and gravel in four
proportions (10, 30, 50, and 100%) by using two shear boxes
of 60mmx60mm and 300mm x300mm. The tested
specimens with d,,. values of 50, 37.5, 25, 19, 12.5, and
6.3 mm were obtained by the parallel scaling-down tech-
nique on a field material with a d,,, of 450 mm. The test
results, not presented here, involved simultaneously the
effects of dy,.x and specimen size. The methodology followed
in this study is inappropriate to investigate the specimen size
effect.

Palmeira and Milligan [122] performed direct shear tests
on a sand with a dy. of 1.2mm by using small
(60 mm x 60 mm x 32 mm), medium
(252 mm x 152 mm x 152 mm), and large
(1000 mm x 1000 mm x 1000 mm) size shear boxes. The W/
dmax ratios corresponding to the three shear boxes were 50,
126.7, and 833, respectively, while the T/d,,,, ratios were
26.7,126.7, and 833, respectively. The results showed that the
friction angles remained almost constant when the W/d,,.«
ratio increased from 50 to 833. However, these ratios are
much larger than the minimum values required in ASTM
D3080 [46]. There were no shear test results on specimens
prepared with the W/d,,, ratios between 10 and 50. Thus,
these results cannot be considered as a validity of the
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minimum required specimen size ratio of ASTM D3080
[46].

Cerato and Lutenegger [123] studied the influence of
specimen size on the friction angles of five sands with
different d,,.x values considering compactness states of
loose, medium, and dense sands. Three shear boxes were
used. Table 3 shows the testing program and specimen sizes.
All the ratios of specimen width and thickness to d,,,, met
the requirements of AS 1289.6.2.2 [47], ASTM D3080 [46],
and Eurocode 7 [49] except for the GP3 and winter sands
with a dj,.x of 5mm when using the smallest shear box. The
ratio of 5 between specimen thickness and maximum par-
ticle size is slightly smaller than the minimum required value
(Table 1).

Figure 13 shows the friction angle versus the ratios of
specimen width and thickness over d,,, for materials with
different densities. For the Ottawa sand with a d.,,, of
0.9mm (Figure 13(a)), the friction angle remains almost
constant when the W/d,,,,, ratio increases from 67 to 339 and
the T/d,.« ratio increases from 29 to 198. There was no
specimen size effect for these ratios. However, there were no
test results on specimens with the W/d .« ratio from 10 to
67. It is impossible to know whether a specimen size effect is
removed for specimens with a W/d,,, ratio of 10. Thus, the
minimum ratio of specimen size to d,, as required in
ASTM D3080 [46] is not validated.

For the material with a d,,,,, of 1.7 mm (Figure 13(b)), the
friction angle increases by more than 3 degrees when the W/
d,.x ratio increases from 36 to 179 and the T/d,,,, ratio from
16 to 105. For the material with a d.,, of 2mm
(Figure 13(c)), the friction angle decreases by more than 2
degrees when the W/d,,. ratio increases from 30 to 152 and
the T/d,,., ratio from 13 to 89. These results indicate that the
specimen size effect on the friction angle of these materials is
not eliminated in these ratio ranges, which invalidated the
minimum requirements of ASTM D3080 [46] for these
ratios.

For coarse grain materials with a dy,, of 5mm
(Figures 13(d) and 13(e)), the friction angle decreases by
more than 5 degrees as the W/d,,,.x ratio increases from 12 to
20 and the T/d,,,, ratio from 5 to 8. The friction angle further
decreases of 2 degrees when the W/d,,,x ratio increases from
20 to 61 and the T/d,, .. ratio from 8 to 36. These results
further illustrate that the specimen size effect on the friction
angle of the coarse grain materials is not eliminated for a W/
dimax ratio between 12 and 61, which again invalidates the
minimum requirements of ASTM D3080 [46].

Ziaie Moayed et al. [124] also performed direct
shear tests by following ASTM D3080 [46] on a sand
with a d,, 0f 0.8 mm mixed with different silt contents
(0, 10%, 20%, and 30%). Three shear boxes
60mm x60mm x24.5mm, 100 mm x 100 mm x 35 mm,
and 300 mm x300 mm x 154 mm were used. The W/
dmax ratios were 75, 125, and 375, respectively, and the
T/dmax ratios were 31, 44, and 192, respectively. For
sand mixed with 30% silt, the friction angle only de-
creased by 1.3 degrees when the W/d,,, ratio increased
from 75 to 125 and remained almost constant when the
W/d .y ratio further increased from 125 to 375. For
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TaBLE 3: Materials and specimen sizes used in direct shear tests by Cerato and Lutenegger [123].

60 mm X 60 mm 101.6 mm X 101.6 mm 304.8 mm x 304.8 mm
Materials d max (mm) X 26.4 mm X 40.64 mm X 177.8 mm
T/dmax W/d max T/dmax W/dmax T/dmax W/d ax
Ottawa 0.9 29 67 45 113 198 339
FHWA 1.7 16 36 24 60 105 179
Morie 2.0 13 30 20 51 89 152
GP3 5.0 5 12 8 20 36 61
Winter 5.0 5 12 8 20 36 61
T /dmax T/dmax T/dln(\x
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FiGure 13: Variation of the friction angle in terms of specimen width and thickness to d, ratios for specimens with different relative
densities (data taken from [123]): (a) Ottawa sand, (b) FHWA (brown mortar), (c) Morie, (d) winter, and (e) gravel pack #3.

these tests, one cannot validate the minimum re-
quirement of ASTM D3080 [46] because no specimen
was tested with a W/d,,,, ratio between 10 and 75. For
the pure sand specimens, the friction angle decreased
by more than 3 degrees when the W/d,,., ratio in-
creased from 75 to 125 and then by 2 degrees when the
W/dmayx ratio further increased from 125 to 375. These
results tend to indicate that a W/d . ratio of 75 is not
large enough to remove the specimen size effect. This
invalidates the minimum requirements of ASTM
D3080 [46].

Table 4 summarizes the previous studies regarding the
specimen size effect on the friction angle of granular

materials. All specimen sizes met the minimum requirement
ratios of the studied standards [46, 47, 49] except those
highlighted by an asterisk. For the fine particle materials
with dp.x less than approximately 1.2 mm, the minimum
specimen size ratio required by the studied standards is
either invalidated or not validated. For the materials with
dmax €qual to or larger than 1.7 mm, the minimum required
ratios of specimen sizes (width and/or thickness) to maxi-
mum particle sizes dictated by the studied standards (ASTM,
AS, and Eurocode) are invalidated. More experimental
works are needed to find the minimum required ratios that
remove specimen size effect on friction angle of granular
materials. The minimum required ratios in the diverse
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TaBLE 4: Summary of the previous studies on the specimen size effects of friction angle of granular materials.

Respect the standards

Material d max Validity of
ype (mm) W/dpax T/d max w/ Tid > 10 standards Reference
dmax > 6 max
Silty sand 0.8 75, 125, 375 30.6, 43.7, Yes Yes Not validated
192.5 ..
30.6. 43.7 Ziaie Moayed et al. [124]
0.8 75, 125, 375 '19’2 5' ’ Yes Yes Invalidated
09 72,119,352 31,452,209  Yes Yes Cerato and Lutenegger
Sand Not validated [123]
12 50, 126.7, 26.7, 126.7, Yes Yes Palmeira and Milligan
’ 833 833 [122]
1.7 36, 60, 179 16, 24, 105 Yes Yes
2 30, 51, 152 13, 20.5, 89 Yes Yes . Cerato and Lutenegger
Yes for the largest Invalidated [123]
Gravel 5 12, 20, 61 5%, 8%, 36 Yes box

*Specimens not meeting the minimum requirement ratio of ASTM D3080 [46]. Standard BS 1377-7 [48] defines specific dy,.x for specified specimen sizes. The

BS is not thus examined in this paper.

norms between specimen size and maximum particle size
need to be revised upward.

5. Discussions

In this paper, the influence of d,,x on shear strength of
granular materials has been presented by considering
scaling-down techniques and specimen size. Once the shear
strengths of modeled samples with different d,,.x are ob-
tained, graphical or equation relationship can be established
between the shear strengths and d,,.x. The shear strength of
field rockfill can then be obtained by extrapolation on the
shear strength and d,,,, curve or equation.

However, one keeps in mind that the shear strength of
granular materials can also be influenced by other
influencing factors such as particle shape, fine particle
content, gravel content, initial gradation (coeflicient of
uniformity and curvature), compactness (relative den-
sity), confining stress, strength of solid grain, and
breakage of particles. In order to see the influence of d,.x
on shear strengths of granular materials, one has to keep
other influencing parameters constant. More works are
necessary to analyze the influence of d,,,, on the shear
strength of granular material by considering different
values of other influencing parameters. More works are
also necessary to see the influences of other influencing
parameters. Obviously, full and comprehensive analyses
of the shear strength of granular materials still require
considerable heavy work both in experimental and an-
alyzing work. It is interesting and promising to see the
application of machine learning models and approaches
such as artificial neural network (ANN) model, random
and cubist forest models, and genetic algorithm on this
aspect [125-127]. The influences of different influencing
parameters can be simultaneously considered. Of course,
the application of these powerful models and approaches
requires the input of big and reliable experimental data.

This is again closely related to the specimen size effect in
the shear strength tests.

Finally, it is noted that a number of empirical equations
have been proposed to relate the shear strength of granular
materials and d,,,, based on experimental results obtained by
applying parallel scaling-down technique [31, 34, 71, 74, 97, 98].
The review analyses presented in this paper indicate that it
should be careful to use these models to predict shear strength of
in situ field materials because the reliability of the parallel
scaling-down technique has not yet been shown.

6. Conclusions

The review and analysis on experimental data of shear
strengths obtained by performing direct shear tests and
triaxial compression tests on samples prepared by ap-
plying different scaling-down techniques lead to the
following conclusions:

(i) Applying any one of the four scaling-down techniques
results in a modified gradation compared to that of the
original field material. Unlike a common belief, the
application of parallel scaling-down technique also
results in a modification of the physical composition.
In terms of complexity to obtain a target gradation
curve, the scalping technique is the simplest to achieve,
followed by the replacement method and the parallel
scaling-down technique. The quadric scaling-down
technique is the most complicated to achieve, and the
target gradation curve is only a function of the targeted
dimax> With no consideration to other gradation char-
acteristics of the field material. Its physical justification
and applicability are unclear.

(ii) Parallel scaling down is the most used technique in
practice, followed in decreasing order by scalping and
replacement methods. Quadratic scaling-down tech-
nique has never been used since its publication.
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(iii) In previous studies, the validity or invalidity of a
scaling-down technique was conducted by directly
comparing shear strengths of modeled and field
samples. This methodology is inappropriate and
unreliable. The invalidity of the replacement tech-
nique by this methodology is uncertain.

(iv) The minimum ratios of specimen size to dy.,, as
suggested by well-established standards for direct shear
tests, are too small to eliminate specimen size effect.
The minimum size ratios given in the studied norms
are thus not reliable. More specifically,

(a) For fine particle materials, the minimum size ratios
of well-established standards (ASTM, AS, and
Eurocode) for direct shear tests are either invali-
dated or not validated.

(b) For coarse granular materials, the minimum
size ratios of well-established standards (ASTM,
AS, and Eurocode) are invalidated.

(v) Almost all available shear test results on granular
materials were obtained by following minimum
required ratios specified in well-established
norms. Conclusions based on these experimental
results are thus uncertain. Shear strengths of field
granular material were overestimated. Structure
design based on such results is thus on the
nonconservative side.

(vi) The primary analyses seem to show that both
scalping and parallel techniques can be used to
predict shear strength of field rockfill through ex-
trapolation of laboratory shear test results when
normal stress is high, but both techniques failed for
low to intermediate normal stress. These conclu-
sions are however uncertain since the experimental
results were obtained by using the minimum ratio of
specimen size to d,,,, specified by ASTM D3080
[46]

7. Recommendations

The review and analyses presented in this paper indicate
that none of the four scaling-down techniques can be
used in a reliable way to obtain the shear strength of field
rockfill despite that the parallel scaling-down technique is
the most used one. In addition, the minimum ratios of
specimen size to dp.x suggested by well-established
standards for direct shear tests are too small to eliminate
the specimen size effect. The shear strengths obtained by
following these minimum ratios values are unreliable.
More works are necessary, as indicated by the following
recommendations:

(i) More direct shear tests using different shear box sizes
are needed to determine the minimum required ratios
of specimen size to dy,,.x by which specimen size effect
can be entirely eliminated or considered as negligible.
The minimum specimen size to dy,,x ratios required in
the well-established standards (ASTM, AS, and
Eurocode) can thus be updated.
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(ii) More experimental work is necessary to identify a
reliable scaling-down technique that can be used to
predict the shear strength of field materials by ex-
trapolating the laboratory shear test results. Of
course, this work can only be performed after the
previous task to make sure that all shear tests are
realized by using specimens large enough to elim-
inate any specimen size effect. The shear strength
measurement of field rockfill using large enough
specimens to avoid any specimen size effect is
necessary to verify if the shear strength of field
rockfill can be correctly predicted through extrap-
olation on the variation of shear strength as a
function of d,,y.

(iii) More experimental works are necessary to ana-
lyze the influences of other influencing param-
eters such as particle shape, fine particle content,
gravel content, initial gradation (coefficient of
uniformity, curvature, and d,,,), compact (rel-
ative density), confining stress, strength of solid
grain, and breakage of particles. Once again, this
work can only be done when the minimum re-
quired ratios of specimen size to dy,, are known
to avoid any specimen size effect.

Notations

d: Particle size of modeled sample

dp..:  Particle size of modeled sample having a percentage
passing p

dps Particle size of field material having a percentage
passing p

dmax:  Maximum particle size

Amax  Maximum particle size of field material

dmaxm: Maximum particle size of modeled (parallel) sample

D: Diameter of cylinder sample for direct shear tests or
triaxial compression tests

D,: Relative density

N: Ratio of dyax.f t0 dmax.m

Pimax:  Percentage of field material particles passing the

targeted dpax

Pii.z Percentage by mass of field material particles
passing sieve size j (Sdyay) and retained on the sieve
size i (=4.75 mm)

Pno4: Percentage of field material particles passing the
sieve of 4.75 mm

P, Percentage by mass of field material particles
retained on the sieve having a size of the targeted
dmax

Py Percentage by mass of the modeled particle size

Pji.:  Percentage by mass of added particles passing sieve
having size j (<dy.x) and retained on the neighbor
sieve having size i (>4.75 mm)

T: Thickness of specimen for direct shear tests

W: Width of specimen for direct shear tests

a: Tilt angle

o3 Confining pressure for triaxial compression tests

0, Normal stress for direct shear tests
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¢: Friction angle.

Data Availability

No data were used to support this study.

Conflicts of Interest

The authors declare that there are no conflicts of interest
regarding the publication of this paper.

Acknowledgments

The authors acknowledge the financial support from the
Natural Sciences and Engineering Research Council of
Canada (NSERC RGPIN-2018-06902), Fonds de Recherche
du Québec—Nature et Technologies (FRQNT 2017-MI-
202860), industrial partners of the Research Institute on
Mines and the Environment (RIME UQAT-Polytechnique;
http://rime-irme.ca/), and Mitacs Elevate Postdoctoral Fel-
lowship (IT12569). Prof. Michel Aubertin and Mr. Ali
Mahdavi are acknowledged for their involvement and dis-
cussions at the beginning of the project.

References

[1] J. B. Cooke, “Progress in rockfill dams,” Journal of Geo-
technical Engineering, vol. 110, no. 10, pp. 1381-1414, 1984.

[2] T. M. Leps, “Review of shearing strength of rockfill,” Journal
of the Soil Mechanics and Foundations Division, vol. 96, no. 4,
pp. 1159-1170, 1970.

[3] N. Marachi, H. Seed, and C. Chan, “Strength characteristics
of rockfill materials,” in Proceedings of the 7th International
Conference on Soil Mechanics and Foundation Engineering,
Mexico City, Mexico, 1969.

[4] D. Cambio and L. Ge, “Effects of parallel gradation on
strength properties of ballast materials,” in Advances in
Measurement and Modeling of Soil BehaviorASCE, Reston,
VA, USA, 2007.

[5] H.-F.Lam, S. A. Alabi, and J.-H. Yang, “Identification of rail-
sleeper-ballast system through time-domain Markov chain
Monte Carlo-based Bayesian approach,” Engineering Struc-
tures, vol. 140, pp. 421-436, 2017.

[6] A. F. Sevi, “Physical modeling of railroad ballast using the
parallel gradation scaling technique within the cyclical tri-
axial framework,” Doctoral dissertation, Missouri University
of Science and Technology, Rolla, MO, USA, 2008.

[7] H. M. Blijenberg, “In-situ strength tests of coarse, cohe-
sionless debris on scree slopes,” Engineering Geology, vol. 39,
no. 3-4, pp. 137146, 1995.

[8] W.-J. Chang and T. Phantachang, “Effects of gravel content
on shear resistance of gravelly soils,” Engineering Geology,
vol. 207, pp. 78-90, 2016.

[9] E. G. Zahl, F. Biggs, C. M. K. Boldt, R. E. Connolly,
L. Gertsch, and R. H. Lambeth, “Waste disposal and con-
taminant control,” SME Mining Engineering Handbook,
pp. 1170-1180, Society for Mining, Metallurgy and Explo-
ration Inc, Littleton, CO, USA, 1992.

[10] M. Tardif-Drolet, L. Li, T. Pabst, G. J. Zagury, R. Mermillod-
Blondin, and T. Genty, “Revue de la réglementation sur la

15

valorisation des résidus miniers hors site au Québec,” En-
vironmental Reviews, vol. 28, no. 1, pp. 32-44, 2020.

[11] S. Azam and Q. Li, “Tailings dam failures: a review of the last
one hundred years,” Geotechnical News, vol. 28, no. 4,
pp. 50-54, 2010.

[12] D. Kossoff, W. E. Dubbin, M. Alfredsson, S. J. Edwards,
M. G. Macklin, and K. A. Hudson-Edwards, “Mine tailings
dams: characteristics, failure, environmental impacts, and
remediation,” Applied Geochemistry, vol. 51, pp. 229-245,
2014.

[13] J. R. Owen, D. Kemp, Ee Lebre, K. Svobodova, and G. Pérez
Murillo, “Catastrophic tailings dam failures and disaster risk
disclosure,” International Journal of Disaster Risk Reduction,
vol. 42, Article ID 101361, 2020.

[14] M. Aubertin, B. Bussiere, and B. Bernier, Environnement et
Gestion des rEjets Miniers, Manuel sur Cédérom, Presses
Internationales Polytechnique, Paris, France, 2002.

[15] M. Aubertin, M. Mbonimpa, D. Jolette et al., “Stabilité
géotechnique des ouvrages de retenue pour les résidus
miniers: problémes persistants et méthodes de contrdle,” in
Proceedings of the Symposium 2002 sur L’Environnement et
Les Mines, Rouyn-Noranda, Canada, 2002.

[16] G. Boudrias, “Evaluation numérique et expérimentale du
drainage et de la consolidation de résidus miniers a
proximité d’une inclusion de roches stériles,” M.Sc. thesis,
Polytechnique de Montréal, Montréal, Canada, 2018.

[17] M.James, M. Aubertin, D. Wijewickreme, and G. W. Wilson,
“A laboratory investigation of the dynamic properties of
tailings,” Canadian Geotechnical Journal, vol. 48, no. 11,
pp. 1587-1600, 2011.

[18] M. James and M. Aubertin, “The use of waste rock inclusions
to improve the seismic stability of tailings impoundments,”
in Proceedings of the GeoCongress 2012: State of the Art and
Practice in Geotechnical Engineering, Oakland, CA, USA,
2012.

[19] F. Saleh-Mbemba, Analyse et optimisation de la performance
des inclusions rigides durant la consolidation, le drainage et la
dessiccation des résidus miniers, Ph.D. thesis, Polytechnique
de Montréal, Montréal, Canada, 2016.

[20] F. Saleh-Mbemba, M. Aubertin, and G. Boudrias, “Drainage
and consolidation of mine tailings near waste rock inclu-
sions,” in Proceedings of the 2019 ICOLD-CIGB, Ottawa,
Canada, 2019.

[21] F. Hassani and J. H. Archibald, Mine Backfill, CIM, CD-
ROM, London, UK, 1998.

[22] Y. Potvin, E. Thomas, and A. Fourie, Handbook on Mine Fill,
Australian Centre for Geomechanics, University of Western
Australia, Nedlands, Australia, 2005.

[23] L.Li, S. Ouellet, and M. Aubertin, “A method to evaluate the
size of backfilled stope barricades made of waste rock,” in
Proceedings of the 62nd Canadian Geotechnical Conference
and 10th Joint CGS/IAH-CNC Groundwater Specialty
Conference, Halifax, Canada, 2009.

[24] L. Li and M. Aubertin, “Limit equilibrium analysis for the
design of backfilled stope barricades made of waste rock,”
Canadian Geotechnical Journal, vol. 48, no. 11, pp. 1713-
1728, 2011.

[25] P.Y. Yang, L. Li, M. Aubertin, M. Brochu-Baekelmans, and
S. Ouellet, “Stability analyses of waste rock barricades
designed to retain paste backfill,” International Journal of
Geomechanics, vol. 17, no. 3, Article ID 04016079, 2017.

[26] International Commission on Large Dams (ICOLD), Tailings
Dams—Risk of Dangerous Occurrences—Lessons Learnt From


http://rime-irme.ca/

16

Past Experiences, Commission Internationale des Grands
Barrages, Paris, France, 2001.

[27] V. T. McLemore, D. Sweeney, N. Dunbar, L. Heizler, and
E. P. Writer, Determining Quantitative Mineralogy Using a
Modified Modan Approach on the Questa Rock Pile Materials,
New MexicoSociety of Mining, Metallurgy and Exploration
Annual Convention, Denver, CO, USA, 2009.

[28] N. L. D.S. Pinto, L. M. Pedro Filho, and E. Maurer, “Foz do
areia dam—design, construction, and behavior,” in Concrete
Face Rockfill Dams—Design, Construction, and Perform-
anceAmerican Society of Civil Engineering, Reston, VA,
USA, 1985.

[29] B. Singh and R. S. Varshney, Engineering for Embankment
Dams, A.A. Balkema, Rotterdam, Netherlands, 1995.

[30] H. Van Steijn, “Frequency of hillslope debris flows in a part
of the French Alps,” Geomorphology, vol. 19, pp. 83-90, 1991.

[31] A. Varadarajan, K. G. Sharma, S. M. Abbas, and
A. K. Dhawan, “The role of nature of particles on the be-
haviour of rockfill materials,” Soils and Foundations, vol. 46,
no. 5, pp. 569-584, 2006.

[32] S. V. Rao, S. Bajaj, and S. Dhanote, “Evaluations of strength
parameters of rockfill material for Pakaldul hydroelectric
project, Jammu and Kashmir—a case study,” in Proceedings
of the 2011 Indian Geotechnical Conference, Kochi, India,
2011.

[33] T. Lambe and R. Whitman, Soil Mechanics, John Wiley &
Sons, New York, NY, USA, 1969.

[34] N.P. Honkanadavar, S. Dhanote, and S. Bajaj, “Prediction of
shear strength parameter for prototype alluvial rockfill
material,” in Proceedings of the 2016 Indian Geotechnical
Conference, Chennai, India, 2016.

[35] H. Bazazzadeh, F. Kalantary, and A. Asakereh, “An inves-
tigation on the effect of particle breakage on rockfill con-
stitutive parameters,” Electronic Journal of Geotechnical
Engineering, vol. 15, pp. 847-864, 2011.

[36] K. Douglas, “The shear strength of rock masses,” Doctoral

dissertation, University of New South Wales, Kensington,

Australia, 2002.

R. Marsal and A. Fuentes de la Rosa, “Mechanical properties

of rockfill soil mixtures,” in Proceedings of the 12th Inter-

national Congress on Large Dams, vol. 1, Mexico City,

Mexico, 1976.

[38] W. Houston, Course Notes, Soil Mechanics and Foundation
Engineering Course, U.C. Berkeley, Berkeley, CA, USA, 1981.

[39] K. L. Lee and I. Farhoomand, “Compressibility and crushing
of granular soil in anisotropic triaxial compression,” Ca-
nadian Geotechnical Journal, vol. 4, no. 1, pp. 68-86, 1967.

[40] X. Yu, S. Ji, and K. D. Janoyan, “Direct shear testing of
rockfill material,” in Soil and Rock Behavior and Mod-
elingGeotechnical Special Publication, ASCE, Reston, VA,
USA, 2006.

[41] B. H. Brady and E. T. Brown, Rock Mechanics: For Under-
ground Mining, Springer Science & Business Media, Berlin,
Germany, 1993.

[42] B. Ladanyi and G. Archambault, “Simulation of shear be-
havior of a jointed rock mass,” in Proceedings of the 11th US
Symposium on Rock Mechanics (USRMS), Berkeley, CA,
USA, 1969.

[43] V. Andjelkovic, N. Pavlovic, Z. Lazarevic, and
S. Radovanovic, “Modelling of shear strength of rockfills
used for the construction of rockfill dams,” Soils and
Foundations, vol. 58, no. 4, pp. 881-893, 2018.

p—
o
il

Advances in Civil Engineering

[44] R. D. Holtz and W. D. Kovacs, An Introduction to Geo-
technical Engineering, Prentice-Hall, Upper Saddle River, NJ,
USA, 1981.

[45] ASTM D4767, Standard Test Method for Consolidated Un-
drained Triaxial Compression Test for Cohesive Soils, ASTM
International, West Conshohocken, PA, USA, 2011.

[46] ASTM D3080, Direct Shear Test of Soils under Consolidated
Drained Conditions, ASTM International, West Con-
shohocken, PA, USA, 2011.

[47] AS 1289.6.2.2, Soil Strength and Consolidation Tests-Deter-
mination of the Shear Strength of a Soil-Direct Shear Test
Using a Shear Box, Standards Australia, Sydney, Australia,
1998.

[48] BS 1377, Methods of Test for Soils for Civil Engineering
Purposes. Shear Strength Tests (Total Stress), British Standard
Institution, London, UK, 1990.

[49] Eurocode 7, Geotechnical Design—Part 1: General Rules: EN
1997-1, European Union, Brussels, Belgium, 2007.

[50] D. J. Williams and L. K. Walker, “Laboratory and field
strength of mine waste rock,” Research report CE 48,
University of Queensland, Brisbane, Australia, 1983.

[51] N. Barton and B. Kjaernsli, “Shear strength of rockfill,”
Journal of the Geotechnical Engineering Division, vol. 107,
no. 7, pp. 873-891, 1981.

[52] A. Ghanbari, A. H. Sadeghpour, H. Mohamadzadeh, and
M. Mohamadzadeh, “An experimental study on the behavior
of rockfill materials using large scale tests,” Electronic Journal
of Geotechnical Engineering, vol. 13, pp. 1-16, 2008.

[53] R. Haselsteiner, R. Pamuk, and B. Ersoy, “Aspects con-
cerning the shear strength of rockfill material in rockfill dam
engineering,” Geotechnik, vol. 40, no. 3, pp. 193-203, 2017.

[54] S. H. Liu, “Application of in situ direct shear device to shear
strength measurement of rockfill materials,” Water Science
and Engineering, vol. 2, no. 3, pp. 48-57, 2009.

[55] A.Marsland, “The use of in situ tests in a study of the effects
of fissures on the properties of stiff clays,” in Proceedings of
the Ist Australian-New Zealand Conference on Geo-
mechanics, vol. 1, Melbourne, Australia, 1971.

[56] H. Matsuoka, S. H. Liu, D. Sun, and U. Nishikata, “Devel-
opment of a new in situ direct shear test,” Geotechnical
Testing Journal, vol. 24, pp. 92-102, 2001.

[57] P. R. Oyanguren, C. G. Nicieza, M. L A. Fernéndez, and
C. G. Palacio, “Stability analysis of Llerin Rockfill dam: an in
situ direct shear test,” Engineering Geology, vol. 100, no. 3-4,
pp. 120-130, 2008.

[58] J.-J. Wang, Y. Yang, and H.-J. Chai, “Strength of a roller
compacted rockfill sandstone from in-situ direct shear test,”
Soil Mechanics and Foundation Engineering, vol. 53, no. 1,
pp. 30-34, 2016.

[59] H. Wei, W. Xu, C. Wei, and Q. Meng, “Influence of water
content and shear rate on the mechanical behavior of soil-
rock mixtures,” Science China Technological Sciences, vol. 61,
no. 8, pp. 1127-1136, 2018.

[60] E. P. Goodrich, “Lateral earth pressure and related phe-
nomena,” Transactions of the American Society of Civil
Engineers, vol. 53, no. 2, pp. 272-304, 1904.

[61] A. W. Skempton, “Arthur Langtry Bell (1874-1956) and his
contribution to soil mechanics,” Géotechnique, vol. 8, no. 4,
pp. 143-157, 1958.

[62] J. N. Hutchinson and E. N. Rolfsen, “Large scale field shear
box test and quick clay,” Geologie and Bauwesen, Vienna,
vol. 28, no. 1, pp. 31-42, 1962.

[63] B. M. Das, Advanced Soil Mechanics, McGraw-Hill Book
Company, New York, NY, USA, 1983.



Advances in Civil Engineering

[64] K.Boakye, “Large in situ direct shear tests on rock piles at the

Questa Min, Taos county, New Mexico,” Doctoral disser-

tation, Institute of Mining and Technology, Socorro, NM,

USA, 2008.

A. Fakhimi, K. Boakye, D. J. Sperling, and V. T. McLemore,

“Development of a modified in situ direct shear test tech-

nique to determine shear strength parameters of mine rock

piles,” Geotechnical Testing Journal, vol. 31, pp. 269-273,

2007.

[66] Z.-L.Zhang, W.-]J. Xu, W. Xia, and H.-Y. Zhang, “Large-scale
in-situ test for mechanical characterization of soil-rock
mixture used in an embankment dam,” International Journal
of Rock Mechanics and Mining Sciences, vol. 86, pp. 317-322,
2016.

[67] A. Hamidi, E. Azini, and B. Masoudi, “Impact of gradation
on the shear strength-dilation behavior of well graded sand-
gravel mixtures,” Scientia Iranica, vol. 19, no. 3, pp. 393-402,
2012.

[68] W. Holtz and H. J. Gibbs, “Triaxial shear tests on pervious
gravelly soils,” Journal of Soil Mechanics and Foundations
Division, vol. 82, no. 1, pp. 1-22, 1956.

[69] C. Ovalle, S. Linero, C. Dano, E. Bard, P. Y. Hicher, and
R. Osses, “Data compilation from large drained compression
triaxial tests on coarse crushable rockfill materials,” Journal
of Geotechnical and Geoenvironmental Engineering, vol. 146,
no. 9, Article ID 06020013, 2020.

[70] G.Yang, Y.Jiang, S. Nimbalkar, Y. Sun, and N. Li, “Influence
of particle size distribution on the critical state of rockfill,”
Advances in Civil Engineering, vol. 2019, Article ID 8963971,
7 pages, 2019.

[71] S. M. Abbas, Behavior of Rockfill Materials (Based on Nature
of Particles), Lambert Academic Publishing, Saarbriicken,
Germany, 2011.

[72] E. Frossard, W. Hu, C. Dano, and P.-Y. Hicher, “Rockfill
shear strength evaluation: a rational method based on size
effects,” Géotechnique, vol. 62, no. 5, pp. 415-427, 2012.

[73] A. K. Gupta, “Triaxial behavior of rockfill materials,” Elec-
tronic Journal of Geotechnical Engineering, vol. 14, 2009.

[74] S. Pankaj, N. Mahure, S. Gupta, D. Sandeep, and
S. Devender, “Estimation of shear strength of prototype
rockfill materials,” International Journal of Engineering
Science, vol. 2, no. 8, pp. 421-426, 2013.

[75] Y. Vasistha, A. K. Gupta, and V. Kanwar, “Medium triaxial
testing of some rockfill materials,” Electronic Journal of
Geotechnical Engineering, vol. 18, pp. 923-964, 2013.

[76] H. Wei, E. Frossard, P. Y. Hicher, and C. Dano, “Method to
evaluate the shear strength of granular material with large
particles,” in Proceedings of the GeoShanghai 2010 Interna-
tional Conference, Shanghai, China, 2010.

[77] Y. Xu, “Shear strength of granular materials based on fractal
fragmentation of particles,” Powder Technology, vol. 333,
pp. 1-8, 2018.

[78] Z.Zhang, Q. Sheng, X. Fu, Y. Zhou, J. Huang, and Y. Du, “An
approach to predicting the shear strength of soil-rock
mixture based on rock block proportion,” Bulletin of Engi-
neering Geology and the Environment, vol. 79, pp. 2423-2437,
2019.

[79] E. B. Hall, “A triaxial apparatus for testing large soil spec-
imens,” in Triaxial Testing of Soils and Bitminous Mixtur-
esVol. 106, ASTM, West Conshohocken, PA, USA, 1951.

[80] D. Leslie, “Large scale triaxial tests on gravelly soils,” in
Proceedings of the 2nd Panamerican Conference on Soil
Mechanics and Foundation Engineering, vol. 1, Sao Paulo,
Brazil, 1963.

[65

17

[81] E.Hall and B. Gordon, “Triaxial testing with large scale high
pressure equipment,” in Laboratory Shear Testing of Soil-
sASTM, West Conshohocken, PA, USA, 1964.

[82] H. Matsuoka and S. Liu, “Simplified direct box shear test on
granular materials and its application to rockfill materials,”
Soils and Foundations, vol. 38, no. 4, pp. 275-284, 1998.

[83] C. Ovalle, E. Frossard, C. Dano, W. Hu, S. Maiolino, and
P.-Y. Hicher, “The effect of size on the strength of coarse rock
aggregates and large rockfill samples through experimental
data,” Acta Mechanica, vol. 225, no. 8, pp. 2199-2216, 2014.

[84] Y. Wang, S. Shao, and Z. Wang, “Effect of particle breakage
and shape on the mechanical behaviors of granular mate-
rials,” Advances in Civil Engineering, vol. 2019, Article ID
7248427, 15 pages, 2019.

[85] C. Kutzner, Grouting of Rock and Soil, A.A. Balkema, Rot-
terdam, Netherlands, 1996.

[86] N. D. Marachi, C. K. Chan, and H. B. Seed, “Evaluation of
properties of rockfill materials,” Journal of the Soil Mechanics
and Foundations Division, vol. 98, no. 1, pp. 95-114, 1972.

[87] R. G. Hennes, “The strength of gravel in direct shear,” Direct
Shear Testing of Soils, Vol. 131, ASTM, West Conshohocken,
PA, USA, 1953.

[88] J. Lowe, “Shear strength of coarse embankment dam ma-
terials,” in Proceedings of the 8th International Congress on
Large Dams, vol. 3, Edinburgh, UK, 1964.

[89] US Army Corps Engineers, “Laboratory soil testing,”
Technical report, US Army Corps Engineers, Washington,
DC, USA, 1965.

[90] R. T. Donaghe and V. H. Torrey, Strength and Deformation
Properties of Earth-Rock Mixtures, Army Engineer Water-
ways Experiment Station, Vicksburg, MS, USA, 1985.

[91] E.B. Hall and T. Smith, Special Tests for Design of High Earth
Embankments on US-101, Highway Research Board,
Washington, DC, USA, 1971.

[92] G. C. Morgan and M. C. Harris, “Portage mountain dam: IL.
Materials,” Canadian Geotechnical Journal, vol. 4, no. 2,
pp. 142-166, 1967.

[93] J. Zeller and R. Wullimann, The Shear Strength of the Shell
Materials for the Goschenenalp Dam, Butterworths Scientific
Publication, Zurich, Switzerland, 1957.

[94] J. A. Charles, “Correlation between laboratory behaviour of
rockfill and field performance with particular preference to
Scammonden dam,” Doctoral thesis, Imperial College,
London, UK, 1973.

[95] S. G. Tombs, “Strength and deformation characteristics of
rockfill,” Doctoral thesis, Imperial College, London, UK,
1969.

[96] A. Bagherzadeh and A. A. Mirghasemi, “Numerical and
experimental direct shear tests for coarse grained soils,”
Particuology, vol. 7, pp. 83-91, 2009.

[97] N. P. Honkanadavar, N. Kumar, and M. Ratnam, “Modeling
the behaviour of alluvial and blasted quarried rockfill ma-
terials,” Geotechnical and Geological Engineering, vol. 32,
no. 4, pp. 1001-1015, 2014.

[98] A. Varadarajan, K. G. Sharma, K. Venkatachalam, and
A. K. Gupta, “Testing and modeling two rockfill materials,”
Journal of Geotechnical and Geoenvironmental Engineering,
vol. 129, no. 3, pp. 206-218, 2003.

[99] J. A. Charles and K. S. Watts, “The influence of confining
pressure on the shear strength of compacted rockfill,”
Géotechnique, vol. 30, no. 4, pp. 353-367, 1980.

[100] K.L.Leeand H. B. Seed, “Drained strength characteristics of
sands,” Journal of the Soil Mechanics and Foundations Di-
vision, vol. 93, no. 6, pp. 117-141, 1967.



18

[101]

[102]

[103]

[104

[105]

[106]

[107]

[108]

[109]

[110]

[111]

[112]

[113]

(114]

[115]

[116]

(117)

T. Ramamurthy, “A geo-engineering classification for rocks
and rock masses,” International Journal of Rock Mechanics
and Mining Sciences, vol. 41, no. 1, pp. 89-101, 2004.

V. M. Sharma, K. Venkatachalam, and A. Roy, “Strength and
deformation characteristics of rockfill materials,” in Pro-
ceedings of the 1994 International Conference on Soil Me-
chanics and Foundation Engineering, New Delhi, India, 1994.
J. N. Stober, “Effects of maximum particle size and sample
scaling on the mechanical behavior of mine waste rock; a
critical state approach,” Master thesis, Colorado State
University, Fort Collins, CO, USA, 2012.

C. Ovalle and C. Dano, “Effects of particle size-strength and
size-shape correlations on parallel grading scaling,” Geo-
technique Letters, vol. 10, pp. 1-7, 2020.

R. J. Frost, “Some testing experiences and characteristics of
boulder-gravel fills in earth dams,” in Evaluation of Relative
Density and Its Role in Geotechnical Projects Involving Co-
hesion-Less SoilsASTM International, West Conshohocken,
PA, USA, 1973.

R. T. Donaghe and F. C. Townsend, “Compaction charac-
teristics of earth-rock mixtures,” Report, Army Engineer
Waterways Experiment Station, Vicksburg, MS, USA, 1973.
W.N. Houston, S. L. Houston, and K. D. Walsh, “Compacted
high gravel content subgrade materials,” Journal of Trans-

portation Engineering, vol. 120, no. 2, pp. 193-205, 1994.

R. T. Donaghe and F. C. Townsend, “Scalping and re-
placement effects on the compaction characteristics of earth-
rock mixtures,” Soil Specimen Preparation for Laboratory
Testing, ASTM, West Conshohocken, PA, USA, 1976.

G. Feng and S. J. Vitton, “Laboratory determination of
compaction criteria for rockfill material embankments,” in
Proceedings of the 1997 International Conference on Soil
Mechanics and Foundation Engineering, Hamburg, Ger-
many, 1997.

R. K. Rathee, “Shear strength of granular soils and its pre-
diction by modeling techniques,” Journal of the Institution of
Engineers, vol. 62, pp. 64-70, 1981.

V. H. Torrey and R. T. Donaghe, Compaction Characteristics
of Earth-Rock Mixtures, Army Engineer Waterways Exper-
iment Station, Vicksburg, MS, USA, 1991.

E. Fumagalli, “Tests on cohesion less materials for rockfill
dams,” Journal of Soil Mechanics and Foundation Engi-
neering, vol. 95, no. 1, pp- 313-330, 1969.

S. Linero, C. Palma, and R. Apablaza, “Geotechnical char-
acterization of waste material in very high dumps with large
scale triaxial testing,” in Proceedings of 2007 International
Symposium on Rock Slope Stability in Open Pit Mining and
Civil Engineering, Perth, Australia, 2007.

ASTM D2850, Standard Test Method for Unconsolidated-
Undrained Triaxial Compression Test on Cohesive Soils,
ASTM International, West Conshohocken, PA, USA, 2015.
E. E. Alonso, M. Tapias, and J. Gili, “Scale effects in rockfill
behaviour,” Géotechnique Letters, vol. 2, no. 3, pp. 155-160,
2012.

S. Amirpour Harehdasht, M. Karray, M. N. Hussien,
V. Roubtsova, and M. Chekired, “Influence of particle size
and gradation on the stress-dilatancy behavior of granular
materials during drained triaxial compression,” Interna-
tional Journal of Geomechanics, vol. 17, no. 9, pp. 1-20, 2017.
S. Amirpour Harehdasht, M. N. Hussien, M. Karray,
V. Roubtsova, and M. Chekired, “Influence of particle size
and gradation on shear strength-dilation relation of granular
materials,” Canadian Geotechnical Journal, vol. 56, no. 2,
pp. 208-227, 2018.

Advances in Civil Engineering

[118] M. Kermani, “Prediction of post-construction settlements of
rockfill dams based on construction field data,” Doctoral
dissertation, Laval University, Quebec City, Canada, 2016.

[119] W. J. Drugan and J. R. Willis, “A micromechanics-based
nonlocal constitutive equation and estimates of represen-
tative volume element size for elastic composites,” Journal of
the Mechanics and Physics of Solids, vol. 44, no. 4,
pp. 497-524, 1996.

[120] T. Kanit, S. Forest, I. Galliet, V. Mounoury, and D. Jeulin,
“Determination of the size of the representative volume
element for random composites: statistical and numerical
approach,” International Journal of Solids and Structures,
vol. 40, no. 13-14, pp. 3647-3679, 2003.

[121] R. Wen, C. Tan, Y. Wu, and C. Wang, “Grain size effect on
the mechanical behavior of cohesionless coarse-grained soils
with the discrete element method,” Advances in Civil En-
gineering, vol. 2018, Article ID 4608930, 6 pages, 2018.

[122] E. M. Palmeira and G. W. E. Milligan, “Scale effects in direct
shear tests on sand,” in Proceedings of the 12th International
Conference on Soil Mechanics and Foundation Engineering,
vol. 1, no. 1, Rio de Janeiro, Brazil, 1989.

[123] A. B. Cerato and A. J. Lutenegger, “Specimen size and scale
effects of direct shear box tests of sands,” Geotechnical Testing
Journal, vol. 29, pp. 1-10, 2006.

[124] R. Ziaie Moayed, M. Alibolandi, and A. Alizadeh, “Specimen
size effects on direct shear test of silty sands,” International
Journal of Geotechnical Engineering, vol. 11, pp. 198-205,
2017.

[125] D.J. Armaghani, M. Hajihassani, B. Y. Bejarbaneh, A. Marto,
and E. T. Mohamad, “Indirect measure of shale shear
strength parameters by means of rock index tests through an
optimized artificial neural network,” Measurement, vol. 55,
pp. 487-498, 2014.

[126] R. Kaunda, “Predicting shear strengths of mine waste rock

dumps and rock fill dams using artificial neural networks,”

International Journal of Mining and Mineral Engineering,

vol. 6, no. 2, pp. 139-171, 2015.

J. Zhou, E. Li, H. Wei, C. Li, Q. Qiao, and D. J. Armaghani,

“Random forests and cubist algorithms for predicting shear

strengths of rockfill materials,” Applied Sciences, vol. 9, no. 8,

p. 1621, 2019.

[127



