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The concrete-faced rockfill dam (CFRD) has been widely constructed worldwide, and the reliability of the concrete panels, the most
important containment structure, is critical to the safety of the CFRDs and downstream communities. Several practical projects
show that concrete slab cracking usually occurs during the water storage period, which can be attributed to the rapid increase of
hydrostatic pressure and uneven settlement of the dam body. In this paper, a time-dependent reliability analysis method consid-
ering the fuzziness of the failure criterion is presented to assess the slab cracking risk of the Houziyan CFRD during the water
storage period. Based on the observed deformation, the material parameters are calibrated to ensure the fidelity of the numerical
simulation. Based on the Drucker–Prager yield criterion and tensile strength criterion, the response surface method is utilized to
construct the performance functions at different moments, and then the time-dependent reliability analysis considering the fuzzy
failure criteria is implemented for the concrete slab. The case study of the Houziyan CFRD shows that, during the initial period of
water storage, the reliability index of the concrete slab decreases with the rise of the water level. With a stable water level, the
probability of cracking of the concrete slab slowly decreases as the deformation of the dam body and slab tend to be coordinated.
Especially, considering the fuzziness of the failure criteria, the reliability index decreased by about 2%, indicating that the proposed
evaluation method is biased toward safety. The method proposed in this paper can reflect the evolution law of concrete slab
reliability with the operating environment and provides a new approach to evaluate the performance of the concrete slab during the
water storage period.

1. Introduction

For the development of hydropower resources, many dams
have been built, among which the concrete-faced rockfill dam
(CFRD) is one of the most important types; the CFRD is a
local material dam with low cost and good adaptability to the
terrain [1, 2]. China has built a large number of CFRDs, such
as Shuibuya, Houziyan, and Tianshengqiao-I. With the con-
tinued construction and operation of large numbers of
CFRDs, the issue of ensuring the safety of these dams has
gained widespread concern. One of the most important con-
cerns of dam safety is the reliability of the concrete slab [3].

Different from concrete dams and core rockfill dams, the con-
crete slab is the most important impermeable structure of
CFRDs. The lower structural strength and higher stress levels
cause concrete slabs to be highly susceptible to cracking, which
is a critical challenge for the safety of CFRDs. The damage to
the concrete slab will directly lead to a decrease in seepage
control performance and seepage damage or even dam break-
age [4, 5], resulting in a series of associated geo-hazards, such
as floods and landslides, which will cause devastating disasters
to downstream buildings and residents [4–10].

The evaluation of the performance of the concrete slab is
important for the operation control of CFRDs. The reliability
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analysis, different from the factor of safety, demonstrates
superiority by providing complete information regarding
the risk levels revealed by a specific structure and has been
widely applied to evaluate the safety performance of struc-
tures [3, 11], such as slope [12], tunnel [13], and bridge [14].
Research on the reliability analysis of CFRDs mainly focuses
on the dam slope stability [15, 16], the concrete slab cracking
[3, 17, 18], and the seismic response [19, 20]. For example,
Kartal et al. [3, 17] considered the effects of hydrostatic and
seismic loads on the safety performance of concrete slabs and
obtained the reliability index of the concrete slab in the above
cases using the FERUM reliability analysis program. Lu et al.
[21] combined the idea of equivalent extreme events with the
direct probability integral method and evaluated the seismic
reliability of the CFRD based on the vertical deformation of
the dam crest and the cumulative slippage of the dam slope.
Liu et al. [22] established the limited state function of slab
cracking based on the tensile stress criterion and analyzed the
slab cracking probability of a CFRD in the operation period.
Yang et al. [23] proposed a dynamic evaluation method of
reliability in CFRDs and applied it to assess the risk of crack-
ing in concrete slabs. The above research mainly focuses on
the structural reliability of CFRD under a specific operating
environment or operation period. The results show that the
reliability of the slab varies with the operational loads and the
mechanical response (e.g., deformation and stress) of CFRDs,
i.e., the reliability of the concrete slab is time-dependent.
However, changes in the operating environment and behavior
of CFRDs are most dramatic during the initial water storage
period, and slab cracking events also tend to occur during this
stage [24, 25], which can be attributed to the increased
hydraulic load and the incompatibility of the deformation
between the concrete slab and the rockfill area. Therefore, it
is more significant to study the slab safety performance of
CFRD during the initial water storage period.

In addition, in the traditional reliability analysis, a per-
formance function less than 0 indicates a panel cracking
event, but in actual engineering, there is no strict threshold
for determining whether the concrete structure is cracked or
not [26], i.e., there is objective fuzziness in the damage crite-
rion of the concrete slab. In our previous study [27], a
method to estimate the time-dependent reliability of the
slab using the health monitoring data was proposed, but
without considering the fuzziness of the failure criterion,
which has important implications for the safety of concrete
slabs. The actual conditions of the normal use and durability
of practical engineering structures should consider the fuzzy
failure criterion, and so far, some fuzzy reliability analysis
methods have been proposed. Ji [28] added a fuzzy stochastic
variable to the performance function to reflect the fuzzy
feature of the failure criterion and analyzed the fuzzy reliability
by the stochastic response surface method (RSM). Chen et al.
[29] improved the Latin hypercube sampling function to ana-
lyze the fuzzy damage probability of LDL dams for the case
where the fuzzy failure criterion cannot be described. Ren et al.
[30] introduced different membership functions to describe
the fuzzy failure criteria, and the results show that the potential
seismic vulnerability of bridges may be understated in the

absence of consideration of structural fuzzy failure criteria.
Therefore, in the time-dependent reliability analysis of the
concrete slab, the consideration of the fuzzy feature of fail-
ure criteria is necessary.

Given the above issues, this paper proposes a time-dependent
fuzzy reliability analysis method to assess the failure proba-
bility and safety state of concrete slabs in CFRDs. The pro-
posed methods consist of two main components, the first of
which is similar to our previous study [27], i.e., the mechani-
cal parameters are calibrated using deformation back analysis
techniques, and the time-dependent performance function of
slab cracking is constructed by the Drucker–Prager (DP) yield
criterion and tensile strength criterion. The second compo-
nent is novel; the membership function is introduced to
describe the fuzziness of the failure criterion of concrete slabs,
and the Monte-Carlo simulation (MCS) method for time-
dependent fuzzy reliability analysis is proposed. It should be
declared that, to compare with the reliability analysis without
considering the fuzziness, in the case study, the same CFRD
named Houziyan as in the study of Li et al. [27] is chosen. The
main contributions can be summarized as follows:

(1) Based on a comprehensive literature review, to the best
of our knowledge, this paper is the first to consider the
fuzziness of the failure criterion in the reliability anal-
ysis of CFRDs.

(2) The mean values of the stochastic parameters are deter-
mined from an inverse analysis based on the observed
deformations rather than assumptions, which is more
reasonable for studying the safety of the concrete slab
during the operation of an actual CFRD.

(3) The fuzzy failure probabilities of the concrete slab at
different moments during the water storage period
are investigated, which can provide a basis for the
operational scheduling of CFRDs.

The rest of the paper is organized as follows: Section 2
presents an engineering overview and numerical model of the
study area, i.e., the Houziyan CFRD. Section 3 describes the
proposed method and provides the implementation process.
The results are shown in Section 4, and the time-dependent
fuzzy reliability of the concrete slab is also discussed. In Section 5,
some conclusions are drawn.

2. Study Area

2.1. Project Overview. The studied CFRD named Houziyan is
located in western China, and the typical section of the dam,
which has a height of 223.5m, is shown in Figure 1. From
upstream to downstream, the dam can be roughly divided
into the concrete slab, cushion layer, transition layer, upstream
rockfill area, and downstream rockfill area, and the construc-
tion process of the dam body can also be found in Figure 1.
Due to the high height of the dam, the concrete slab was not
poured and formed at once, but in three phases, the elevation
of slab construction seams are 1,695 and 1,797m, respectively.

The Houziyan Hydropower Station is located in South-
west China’s typical mountainous region [31]. The dam site
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area is a narrow, V-shaped valley with bedrock primarily
consisting of medium-thick to thick Lower Devonian dolo-
mitic limestone and metamorphic limestone. The maximum
thickness of the riverbed cover layer at the dam site is 75.2m,
which is a multilayer structure, with sand and gravel layers in
the upper and lower parts and a clayey silt layer in the mid-
dle, which can be up to 29.5m thick. To avoid problems of
uneven deformation, permeability stability, and seismic liq-
uefaction, the riverbed cover along the axis of the dam was
completely excavated before the dam construction. In addi-
tion, the bedrock was reinforced by consolidation grouting to
a depth of 10–35m and no regional faults passed through the
dam site area.

Figure 2 shows the water storage process of the Houziyan
dam; it can be found that fromNovember 15, 2016, to December
15, 2016, the reservoir rapidly stored water to the dead level
(EL 1,802m), and after a stable period of half a year, the water

level slowly rose and reached the normal storage level (EL
1,842m) on November 20, 2017.

2.2. Finite Element Model. Based on the typical cross-section
of the dam, a numerical model was established, as shown in
Figure 3. The elements are first meshed in a 2D plane, then
stretched into a 3D model with a width of 12m, which is
consistent with the actual width of a single concrete slab, and
the number of nodes and elements are 4,984 and 2,379,
respectively. In addition, since the geological conditions of
the Houziyan CFRD are relatively favorable, the dam foun-
dation can be considered an intact rock body in the numeri-
cal simulation.

Following the actual construction and reservoir storage
process, the simulation of the dam body filling and slab-
pouring process of the Houziyan CFRD is divided into 68
load steps. The hydrostatic load is applied directly on the
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FIGURE 1: Typical cross-section and the construction process of the Houziyan dam.
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FIGURE 2: Water storage process of the studied project.
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slab, and 11 loading steps are used to simulate the reservoir
water storage process, as shown in Figure 2. It should be noted
that the coupled effects of seepage and deformation are not
considered in this study, since the concrete slab of CFRDs can
be considered completely impermeable structures, and the
seepage through the dam body is neglected.

3. Methodology

3.1. Numerical Simulation and Parameter Calibration

3.1.1. The Constitutive Model. To investigate the operating
characteristics of the CFRD and calculate the time-dependent
reliability of the concrete slab, the numerical simulation of the
CFRD at different periods is needed, including dam filling,
slab construction, water storage, and subsequent operation.
During the periods mentioned earlier, the dam will produce
instantaneous deformation due to deadweight load and water
load and time-dependent deformation due to the creep effect.

Duncan and Chang’s E–B model, which is a nonlinear
elastic model, is used to simulate the instantaneous deforma-
tion of the dam body under gravity and water loads. In this
model, the tangent elastic modulus E and bulk modulus B are
related to the stress state of the soil, which can be expressed
as follows [32]:

E ¼ KePa
σ3
Pa

� �
n

1 − Rf ⋅
σ1 − σ3ð Þ 1 − sin φð Þ
2c cos φþ 2σ3 sin φ

� �
2
; ð1Þ

B¼ KbPa
σ3
Pa

� �
m
; ð2Þ

where Pa is atmospheric pressure (Pa= 101.4 kPa); Ke, n, Kb,
m, and Rf are parameters that can be determined from labo-
ratory tests; c is the cohesion, and φ is the friction angle

considering the modification of the confinement pressure,
given by Wei et al. [33]:

φ¼ φ0 − Δφ lg σ3=Pað Þ: ð3Þ

The creep deformation is simulated with a seven-parameter
creep, which considers that the creep deformation of rockfill
material exhibits an exponential relationship with time as
follows:

ε tð Þ ¼ εf 1 − e−αtð Þ; ð4Þ

where ε (t) is the creep deformation at time t; εf is the final
creep deformation when t→∞; α is the ratio between the
first day’s creep and εf. The creep deformation for earth dams
includes two parts, the volume creep deformation εvf and the
shear creep deformation εsf, given by the following:

εvf ¼ bf
σ3
Pa

� �
m1 þ cf

σ1 − σ3
Pa

� �
m2

; ð5Þ

εsf ¼ df
SL

1 − SL

� �
m3

; ð6Þ

where bf, cf, df, m1, m2, and m3 are parameters of the creep
model.

3.1.2. Calibration of Parameters. For reliability analysis, the
random parameters must be determined first. The distribu-
tion type and standard deviation of random parameters can
be confirmed according to references. However, the mean
value of random parameters needs to be calibrated for an
actual project. The material mechanical parameters of the
dam rockfill are mainly determined by indoor experiments
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FIGURE 3: Numerical simulation model of the Houziyan dam.
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and the engineering analogy method. Due to the limitation of
experiments and analogy, the obtained material parameters
are difficult to accurately characterize the mechanical char-
acteristics of the dam after completion [34, 35]. To make the
numerical simulation more accurate and credible, the defor-
mation back analysis of unknown parameters should be per-
formed first.

The back analysis based on in-situ monitoring data is an
effective method for calibrating the parameters of rockfill
dams [36]. In this study, the RSM is used as a surrogate model
for numerical analysis, and the objective functions for defor-
mation back analysis can be expressed as follows:

Fobj θð Þ ¼ ∑
q

i
∑
w

j

1
qw

δi tj
À Á

δ∗i θ; tj
À Á !

; ð7Þ

where Fobj (θ) is the objective function with parameter com-
bination θ; q is the number of measuring points, and w is the
number of time points chosen for the analysis; δi (tj) and δi ∗

(θ, tj) are the measured deformations and the calculated
deformation of measuring point i at time j, respectively.

Parameter back analysis can be transformed into a math-
ematical optimization problem and the calibrated parame-
ters X̃ are the combinations of parameters that minimize the
objective function, i.e., X̃ ¼ argmin FobjðXÞ :. Different from
the abovementioned research, the whale optimization algo-
rithm (WOA) is used to get the optimal parameters in this
study. WOA is an advanced optimization algorithm proposed
by Mirjalili and Lewis [37]; compared with traditional opti-
mization algorithms, such as genetic algorithm and particle
swarm optimization algorithm,WOA has higher optimization
accuracy and faster convergence speed [38]. The MATLAB

codes of the WOA algorithm can be found in Mirjalili’s paper
[37].

3.2. Time-Dependent Fuzzy Reliability Analysis

3.2.1. Formulation of Time-Dependent Fuzzy Reliability Analysis.
Reliability represents the ability of a structure to resist external
loadings under the influence of uncertainties and is usually
defined by the performance function g (X), where X= {x1, x2,
…, xn} is a vector containing an n-dimensional random variable.
During the CFRD water storage process, the safety performance
of the concrete slab varies with the evolution of load (e.g., the
hydrostatic pressure) and the development of dam body defor-
mation, and in contrast to deterministic reliability analysis, the
performance function of the concrete slab in this situation exhi-
bits time-dependent characteristics that can be expressed as g
(X, t), and g (X, t)≤ 0 denotes the instantaneous failure at time t.
Assuming that f (X)= f (x1, x2,…, xn) represents the joint prob-
ability density function (PDF) of X, then the expression of the
time-dependent failure probability is as follows:

Pf tð Þ ¼
Z

ΩF;t

f Xð ÞdX ¼
Z 1

−1
I g X; tð Þ½ �f Xð ÞdX; ð8Þ

where ΩF,t= {x|g (X, t)≤ 0} indicates the failure domain;
I[g (X, t)] is an indicator function, under the deterministic
failure criteria, I[g (X, t)]= 1, if X2ΩF,t, and I[g (X, t)]= 0
otherwise. However, in practical engineering, there is no
strict and precise threshold limit for slab cracking, i.e., the
failure criteria have certain fuzzy features. In this study, the
small form of the Semiridged membership function is intro-
duced to describe the fuzzy failure criteria of concrete slab
cracking as follows [30, 39]:

I g X; tð Þ½ � ¼ u g X; tð Þ½ � ¼

1 g X; tð Þ ≤ a

1
2
−
1
2
sin

π

b − a
g X; tð Þ − aþ b

2

� �
a<g X; tð Þ<b

0 g X; tð Þ ≥ b

8>>><>>>: ; ð9Þ

where u[g (X, t)] is the membership function of the perfor-
mance function, and a and b are the lower and upper limits
of fuzzy intervals. The general formulation of time-dependent
fuzzy reliability analysis can be established by introducing
Equation (9) into Equation (8).

3.2.2. Time-Dependent Performance Functions. The operat-
ing environment of a CFRD is very complex; under the effect
of the reservoir water, the hydrostatic load is transferred to
the dam body through the concrete slab, and the stresses
in the slab are influenced by the hydrostatic load, gravity,
and the contact action with the rockfill area. At higher stress
states, tensile damage and plastic-yielding damage may easily
lead to slab cracking [4]. As we know, the deformation and
stress of the concrete slab evolve with the operation of the

CFRD, resulting in the time-dependent characteristics of its
reliability.

Assuming that the tensile stress of the concrete slab at
time t is σten (t), Under the tensile strength criterion, the
performance function based on the tensile strength criterion
at time t can be expressed as the difference between the
tensile strength of the concrete Rc and the tensile stress of
the slab σten (X, t).

gten X; tð Þ ¼ Rc − σten X; tð Þ: ð10Þ

The time-dependent performance functions based on the
DP yield criterion can be expressed as follows:
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gDP X; tð Þ ¼ αI1 X; tð Þ þ k −
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
J2 X; tð Þp

; ð11Þ

with,

I1 X; tð Þ ¼ σ1 X; tð Þ þ σ2 X; tð Þ þ σ3 X; tð Þ; ð12Þ

J2 X; tð Þ ¼ 1
6
∑
i< j

σi X; tð Þ − σj X; tð ÞÂ Ã
2 i;  j¼ 1; 2; 3; ð13Þ

where σi (X, t), i= 1,2,3 are the principal stresses at time t; α
and k are constants parameters that reflect the strength of the
material, which have the following conversion relation with
the cohesion c and internal friction φ of Mohr–Coulomb
yield criterion:

α¼ sin φffiffiffi
3

p ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
3þ sin2φ

p ; ð14Þ

k¼ 3c cos φffiffiffi
3

p ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
3þ sin2φ

p : ð15Þ

During the operation of CFRDs, the loads acting on
the concrete slab mainly include the hydrostatic pressure, the
restraining action of the upper and lower sections, and the
reaction and friction forces of the overlying soil, see Figure 4(a).
For a microelement located in the concrete slab subjected to
three-directional principal stresses (Figure 4(b)), the magni-
tude and ratio of the principal stresses will inevitably change as
the load on the slab increases, and if it exceeds the yield surface
of the DP criterion (see Figures 4(c) and 4(d)), thematerial will
be yielded to damage, thereby the cracking of the concrete slab.

As shown in Equations (10) and (11), the performance
functions are related to the strength and the stress state of
the concrete slab, while the latter depends on the random
mechanical parameters of the dam body and slab. Given
the complexity of the CFRD structure and the constitutive
model, it is impractical to apply time-consuming numerical
simulations directly to the reliability analysis process. The
surrogate model (also known as the meta-model) is an effec-
tive tool to solve this problem, which is applied to infer the
inputs/outputs mapping relationships [3, 40]. In this study,
the RSM is used as the surrogate model to reconstruct

performance functions with the following expressions:

gten X; tð Þ ¼ Rc − ∑
n

i¼1
atixi þ ∑

n

i¼1
btix

2
i þ ct1

� �
; ð16Þ

gDP X; tð Þ ¼ ∑
n

i¼1
dti xi þ ∑

n

i¼1
etix

2
i þ ct2; ð17Þ

where fati ; bti ; dti ; etig : (i= 1, 2,…, n), and ct1; c
t
2 are coefficients,

which can be determined by multivariate statistical regression.

3.2.3. MCS for Fuzzy Reliability Analysis. Compared to ana-
lytical algorithms such as the FOSM method, the MCS,
which estimates the failure probability of structures through
random sampling, is considered to be a more effective and
accurate method [40, 41]. Under the deterministic failure
criteria, according to the joint PDF f (X), each basic random
variable xi is randomly sampled and substituted into the RSM
function. The number of times that g (X, t)< 0 is recorded as nf,
assuming that the total sampling number is N, the estimated
failure probability can be calculated as follows [42]:

bPf tð Þ ¼ nf
N
: ð18Þ

With considering the fuzzy feature of the failure crite-
rion, whether g (X, t)< 0 or not, the membership function
value calculated by Equation (9) is recorded, and the fuzzy
failure probability is as follows:

bPf tð Þ ¼ 1
N

∑
N

n¼1
u g X nð Þ; t
À ÁÂ Ã

: ð19Þ

Given that the cracking accident is indicated by any part
of the slab exceeding the strength limit state, the safety assess-
ment of the concrete slab can be considered as a tandem
system reliability issue, which can be calculated with the fol-
lowing formulation:
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bPs
f tð Þ ¼ 1

N
∑
N

n¼1
max u gk X nð Þ; t

À ÁÂ ÃÈ É
  1 ≤ k ≤M; ð20Þ

whereM is the number of failure paths of the tandem system,
which in this study is the product of the number of failure
points and the failure modes. gk (X(n), t) is the performance
function corresponding to the kth failure path in the nth
sampling of X at time t. To reduce the sampling error, the
required sampling times should generally meet the require-
ments of N ≥ 100=bPs

f ðtÞ :. Then, the corresponding time-
dependent fuzzy reliability index can be defined by the
inverse of the standard normal cumulative distribution func-
tion of the time-dependent failure probability:

β tð Þ ¼ Φ−1 1 − bPs
f tð Þ

� �
; ð21Þ

where Φ−1(·) is the inverse standard normal cumulative dis-
tribution function.

3.3. Implementation Procedures of the Proposed Method. The
main objective of this paper is to investigate the fuzzy reli-
ability of the concrete slab during the water storage period of
the Houziyan CFRD. Figure 5 shows the basic framework
and implementation process of the proposed method, and
details of each step are given below:

Step 1: Collect engineering information, mainly includ-
ing dam design information, engineering geological con-
ditions, health monitoring data, etc.
Step 2: Establish the finite element model of the dam and
foundation; it should be emphasized that corresponding

nodes should be set at the location of the monitoring
points for subsequent parameter calibration.
Step 3: Select appropriate constitutive models to simulate
the stress-deformation state of the CFRD (Duncan and
Chang’s E–B model, the seven-parameter creep model,
and the DP model are selected in this study), and cali-
brate the parameters based on the deformation monitor-
ing data.
Step 4: Simulation of the filling and water storage process
of the CFRD based on the established finite element
model and calibrated parameters.
Step 5: According to the tensile strength criterion and the
DP yield criterion, the time-dependent performance
functions can be constructed with Equations (10) and
(11), then transformed into the explicit form shown in
Equations (16) and (17) using the RSM-based surrogate
models.
Step 6: The SMF is utilized to describe the fuzzy failure
criteria of concrete slab cracking, and then the MCS is
performed according to the statistical characteristics of
the random variables.
Step 7: Based on Equation (20), the time-dependent fuzzy
failure probability of the concrete slab can be calculated,
and the corresponding time-dependent fuzzy reliability
index can also be obtained through Equation (21).

4. Results and Discussion

4.1. Parameters Calibration Based on Monitoring Data. To
improve the fidelity and credibility of the numerical simula-
tion of CFRDs during construction and the water storage

Deformation
monitoring data

RSM-WOA
algorithm

Failure criterion
RSM-based

surrogate models

1. Collection of engineering information

2. Establishment of finite element model

3. Parameter calibration

4. Simulation of CFRD filling and water
    storage process

5. Construction of time-dependent
    performance functions

6. Monte-Carlo simulation considering
    the fuzzy feature of the failure criterion

7. The time-dependent fuzzy failure
    probability/reliability index

FIGURE 5: Implementation process of the proposed methodology.
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period, the calibration of the material parameters is per-
formed based on the monitoring sequence at four measuring
points, including SG1-2, SG2-3, SG3-4, and SG4-5, which
monitor the settlement of dam body during dam filling
and operation. These measuring points are all located on
the dam axis, and the specific positions are also shown in
Figure 1. RSM was utilized as the surrogate model to generate
the objective function for parameter calibration according to
Equation (7). Then, the parameter calibration problem is
converted into an objective function optimization problem,
and the WOA is applied to this process. Due to the multi-
dimension of the parameters, the instantaneous deformation
and creep deformation are decoupled in this study, and the
creep parameters are calibrated first. As mentioned earlier,
there is a 6-month water level stabilization period during the
Houziyan dam impoundment, i.e., from December 15, 2016,
to June 15, 2017. The observed monitoring data during this
period can be considered to reflect the deformation caused
by creep effects, which can be used as the data source for
calibrating creep parameters. Then, the determined creep
parameters are fixed, and the Duncan–Chang parameters
are calibrated in the same way based on the full sequence
of deformation data. The calibrated parameters are listed in
Tables 1 and 2, and it should be noticed that the DP model
parameters of concrete slabs adopt the test values which are
listed in Table 3.

The calibrated parameters are adopted to simulate the
deformation and stress of the Houziyan CFRD, and the con-
tours of the displacement, when the dam filling process is
completed, are shown in Figure 6, which includes the settle-
ment and horizontal directions. It can be seen that the maxi-
mum settlement of the dam is 1.56m, less than 1% of the
dam height, and the maximum horizontal displacement is
also in the normal range, which is 0.26 and 0.1m in the
upstream and downstream directions, respectively. The
numerical simulation results show that the deformation of

the Houziyan dam is relatively normal and consistent with
the deformation law of earth dams.

The measured and computed settlement sequence of the
monitoring points SG1-2, SG2-3, SG3-4, and SG4-5 are com-
pared in Figure 7. It can be seen that the calculated settle-
ment and the measured settlement are in good agreement. In
this study, three prediction performance indicators, root
mean square error (RMSE), mean absolute error (MAE),
and mean absolute percentage error (MAPE), are adopted
to evaluate the simulation error of calibrated parameters, and
the calculation formulas can be expressed as follows:

MAE¼ 1
w

∑
w

j¼1
δ tj
À Á

− δ∗ θ; tj
À Á�� ��; ð22Þ

RMSE¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1
w

∑
w

j¼1
δ tj
À Á

− δ∗ θ; tj
À ÁÂ Ã

2

s
; ð23Þ

MAPE¼ 100%
w

∑
w

j¼1

δ tj
À Á

− δ∗ θ; tj
À Á

δ tj
À Á�����

�����; ð24Þ

where w is the number of time points chosen for the analysis;
δ(tj) and δ ∗ (θ, tj) are the measured deformation and the
calculated deformation at time j, respectively.

The results of the error evaluation are listed in Table 4, it
can be seen that the numerical simulation using calibrated
parameters has a higher accuracy, with the MAPE less than
6%. To sum up, the numerical simulation can well predict the
deformation characteristics during dam filling and water
storage, and the calibrated parameters can be regarded as
the mean value of random parameters.

4.2. Time-Dependent Fuzzy Reliability Analysis of the Concrete
Slab. In the reliability analysis of dam structures, the random
factors that are easier to control and measure (e.g., density,

TABLE 1: Parameters calibration results of Duncan and Chang’s E–B model.

Material Ke Kur m Rf Kb φ0 (°) Δφ (°) n

Cushion and transition 1,312 1,283 0.35 0.62 559.2 49.3 2.7 0.36
Upstream rockfill 1,486 1,623 0.26 0.71 419.8 46.7 3 0.31
Downstream rockfill 1,055 1,489 0.32 0.68 530.3 44.2 3.2 0.28

TABLE 2: Parameters calibration results of seven-parameters creep model.

Material α bf cf df m1 m2 m3

Cushion and transition 5.7× 10−3 8.1× 10−5 1.52× 10−4 5.14× 10−4 0.68 0.41 0.55
Upstream rockfill 8.1× 10−3 5.5× 10−5 1.24× 10−4 4.92× 10−4 0.51 0.42 0.43
Downstream rockfill 7.2× 10−3 7.6× 10−5 1.39× 10−4 6.06× 10−4 0.41 0.37 0.48

TABLE 3: Adopted parameters of the Drucker–Prager model.

Material E (GPa) Poisson ratio c (MPa) φ (°) Rc (MPa) Density (kg/m3)

Concrete slab 30 0.167 3.18 54.9 2 2,500
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structural size, etc. [18, 27]) or have less impact on structural
safety (e.g., Poisson ratio, etc. [43]), are generally not consid-
ered. In addition, the reservoir water level is also an impor-
tant factor that affects the reliability of the concrete slab.
However, in time-dependent reliability analysis, the hydro-
static pressure applied to the numerical model is determined
based on the observed water level sequence, which does not
have a random character, and its influence will be reflected in
the evolution of reliability. The random variables and their
distribution characteristics are determined based on existing
studies [18, 27], as listed in Table 5.

The cracking of the slab at any position implies damage
to the overall structure. To estimate the system reliability
index of the concrete slab, several feature points are chosen

by different elevations, as shown in Figure 8. It should be
noted that Hu et al. [25] pointed out that the construction
seams of concrete slabs are more prone to cracking, so the
locations of feature point 3 and feature point 8 were set at the
construction seam of phases I and II slab (EL 1,695m) and
that of phases II and III slab (EL 1,797m), respectively.

The positive and negative stresses in the numerical sim-
ulation represent the compressive and tensile stresses,
respectively. Therefore, the third principal stress represents
the maximum tensile stress state that occurs in the concrete
slab, and its contour is shown in Figure 9(a). We can find
that a larger tensile stress state of about 1.5MPa appears in
the upper part of the slab, close to the elevation of character-
istic point 8, which indicates that the cracking caused by

YDISP (mm): –1,500 –1,400 –1,300 –1,200 –1,100 –1,000 –900 –800 –700 –600 –500 –400 –300 –200 –100

ðaÞ

XDISP (mm): –260 –240 –220 –200 –180 –160 –140 –120 –100 –80 –60 –40 –20 0 20 40 60 80

ðbÞ
FIGURE 6: The deformation contour of the Houziyan dam at the moment of completion: (a) settlement deformation and (b) horizontal deformation.
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FIGURE 7: Comparison of observed deformation and simulation results: (a) SG1-2 and SG2-3, (b) SG3-4 and SG4-5.

TABLE 4: Numerical simulation error assessment of calibrated parameters.

Performance indicator SG1-2 SG2-3 SG3-4 SG4-5

RMSE (m) 42.45 24.85 34.45 66.69
MAE (m) 32.46 21.23 28.69 53.89
MAPE (m) 3.36% 1.81% 2.87% 5.51%

TABLE 5: Distribution characteristics of random factors.

Material Random factors Mean Coefficient of variation Distribution type

Upstream rockfill tanφ1 (°) 1.06 0.1 Normal

Downstream rockfill tanφ2 (°) 0.97 0.1 Normal

Concrete slab
c (MPa) 3.18 0.1 Normal
tanφ3 (°) 1.42 0.1 Normal
E (GPa) 30 0.1 Normal

Feature points

Feature point-1

Feature point-2

Feature point-3

Feature point-4

Feature point-5

Feature point-6

Feature point-7

Feature point-8

Feature point-9

Feature point-10

Construction seam for phases I and II
1,695.00

Construction seam for phases II and III
1,797.00

FIGURE 8: Location of the selected feature points in the numerical model.
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tension is more likely to occur at the construction seam of
the second and third phase slabs. Figure 9(b) is the contour
of shear stress, and it can be seen that relatively large shear
stresses with values of 1.1 and −0.9MPa appear near the two
construction seams, respectively. The reason for the high-

stress state at the construction seams may be that the slabs
are not poured at one time. When the lower slabs are poured,
the dam body continues to deform, and the uneven defor-
mation of the slabs and the rockfill part at the construction
seams is generated when the new slabs are poured.

Construction seam for phases II and III
1,797.00

Feature point-8

1.5
1.2
0.9
0.6
0.3
0
–0.3
–0.6
–0.9
–1.2
–1.5

σ3 (MPa)

ðaÞ

Construction seam for phases II and III
1,797.00

Construction seam for phases I and II
1,695.00

1.1
0.9
0.7
0.5
0.3
0.1
–0.1
–0.3
–0.5
–0.7
–0.9

σxy (MPa)

ðbÞ
FIGURE 9: The stress contour of the Houziyan dam at normal water level: (a) tensile stress (third principal stress) and (b) shear stress.
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For each feature point in the concrete slab, two failure
types are considered, and a series system containing 20 fail-
ure paths can be constructed. The initial water storage period
of the Houziyan CFRD lasted from April 23, 2016, to Febru-
ary 5, 2018, and 34 moments were selected for reliability
analysis. Based on the statistical characteristics (mean and
coefficient of variation) listed in Table 4, the random vari-
ables are divided into three levels with a fluctuation range of
3σ. Fifteen sets of variable combinations are generated using
the orthogonal design method, and the corresponding numer-
ical simulations are performed to extract the stress states of
each feature point at each moment point. The coefficients of
Equations (16) and (17) (i.e., the RSM of gten (X, t) and gDP
(X, t)) are fitted using statistical regression. The complex cor-
relation coefficients R2 are adopted to evaluate the accuracy of
the RSM model, and the fitting results showed that the R2 of
the RSM equation at each moment for each feature point is
higher than 0.85, meeting the accuracy requirements of the
surrogate model in the reliability analysis. Combining the
established RSM model and MCS, the fuzzy system failure
probability at each time during the water storage period
can be estimated according to Equation (20) and the cor-
responding time-dependent fuzzy reliability index is calcu-
lated by Equation (21).

Figure 10 shows the reliability index sequence of the
concrete slab during the initial reservoir storage period. Gen-
erally, with the increasing reservoir water level, the fuzzy
reliability index of the concrete slab tends to decrease, rang-
ing from 4.22 to 5.0. When the reservoir water level is below
the dead level (1,802m), the fuzzy reliability index remains at
5, implying that there is no risk of slab cracking during this
time. The cracking risk of the panels is also relatively low
when the reservoir level is stabilized at the dead level, and the
fuzzy reliability index is between 4.85 and 4.90. After that,
the fuzzy reliability index decreases significantly with the
rapid rise of the reservoir level and drops to the lowest level
of 4.22 after the reservoir level reaches the normal water level

(1,842m). It is worth noting that as the reservoir level stabi-
lizes, the reliability index tends to rise slowly, although the
magnitude is not significant; it also reflects that the deforma-
tion between the slab and the dam body is gradually coordi-
nated, and the stress level is gradually reduced under a
stable load.

In contrast, the system reliability index without consid-
ering fuzzy failure criteria is also shown in Figure 10, with
data from the study of Li et al. [27]. Compared with the fuzzy
reliability index, the reliability index is improved when the
fuzziness of the failure criterion is not considered, with a
maximum amplitude of 2.34% and an average amplitude of
1.23%. This is because when Monte-Carlo sampling is car-
ried out, the sampling points located in the fuzzy interval are
more located on the side where the performance function is
greater than 0, and these sampling points are regarded as safe
points when the fuzzy failure criterion is not considered. In
the unified standard for the reliability design of hydraulic
engineering structures (GB50199-2013) of China, it is stipu-
lated that the reliability index of the dam structure should be
higher than 4.2. In general, the safety performance of the
concrete slab of the Houziyan CFRD satisfies this standard,
but the operational state of the slab should be monitored
carefully in the long-term operation.

5. Conclusions

In this paper, a time-dependent reliability analysis method
considering the fuzziness of the failure criterion is proposed,
and the safety state of the concrete slab of the Houziyan
CFRD during the initial water storage period is investigated.
The results show the following:

(1) The instantaneous and creep parameters of Houzi-
yan CFRD are calibrated by the RSM-WOA method,
and the MAPE between the measured and the defor-
mation calculated using the calibrated parameters is
less than 6%. It shows that the adopted numerical
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FIGURE 10: The time-dependent fuzzy reliability index and the time-dependent reliability index without considering fuzzy failure criteria.
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model and parameters have high accuracy, which pro-
vides the basis for the subsequent reliability analysis.

(2) The fuzzy reliability index of concrete slabs decreases
with the rise of reservoir water level, representing
that higher hydrostatic loads are more likely to lead
to slab cracking and vice versa. When the reservoir
water level is relatively stable, the deformation of the
slab and the dam body tend to be coordinated, and
the safety performance of the concrete slab will be
slightly improved. When the reservoir first reaches its
normal storage level, the fuzzy reliability indicator is
the lowest at 4.22.

(3) The reliability analysis results considering and with-
out considering the fuzziness of the failure criterion
are compared. Without considering the fuzzy failure
criterion, the time-dependent reliability trend remains
unchanged, but the reliability index increases slightly.
From a conservative point of view, in the reliability-
based design of concrete slabs, it is more beneficial to
structural safety to consider the fuzziness of the failure
criterion.

This study can help researchers and engineers evaluate
the safety performance of the concrete slab of CFRDs during
the initial water storage period. The fuzzy reliability-based
optimizationmethods for CFRD construction and water stor-
age scheduling may be a future research direction.

Abbreviations

B: Bulk modulus
CFRD: Concrete-faced rockfill dam
c: Cohesion
DP: Drucker–Prager
E: Tangent elastic modulus
εf: Final creep deformation
εvf: Final volume creep deformation
εsf: Final shear creep deformation
f (·): Joint probability density function
Fobj (·): Objective function for parameter calibration
g (·): Performance function
I(·): Indicator function
I1: First stress invariable
J2: Second deviatoric stress tensor invariable
MAE: Mean absolute error
MAPE: Mean absolute percentage error
n: Number of random variables
Pa: Atmospheric pressure
PDF: Probability density function
Pf (·): Failure probabilitybPf ð⋅Þ :: Fuzzy failure probabilitybPs
f ð⋅Þ :: Fuzzy failure probability of tandem system

q: Number of measuring points
Rc: Tensile strength of the concrete
RMSE: Root mean square error
RSM: Response surface method
u(·): Membership function
w: Number of time points

WOA: Whale optimization algorithm
X: An n-dimensional vector of random variables
X̃ : Parameter combination that minimizes the objec-

tive function
β(·): Fuzzy reliability index
δi (·): Measured deformation
δi ∗ (·): Calculated deformation
θ: Parameter combination
σ1: Maximum principal stress
σ2: Medium principal stress
σ3: Minimum principal stress
σten (·): Tensile stress
φ: Internal friction angle
Φ−1(·): Inverse standard normal cumulative distribution

function
ΩF,t: Failure domain at time t.
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