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Copyright © 2019 Robert Bucki and Petr Suchánek. This is an open access article distributed under the Creative Commons
Attribution License, which permits unrestricted use, distribution, and reproduction in any medium, provided the original work is
properly cited.

The article focuses on one of the current problems of manufacturing systems which consist of individual machines equipped with
dedicated tools that are replaced when they are worn out. It is assumed that themachines are locatedwithin the reach of the robotic
arm which carries out transport operations of semifinished products to designated production machines and storage containers
in accordance with the production time period. The aim is to find such an arrangement of production activities, respectively,
production paths for a given set of orders that will be effective from the time and cost point of view. Moreover, the whole issue
is solved with regard to possible failures of individual stands, overfilling of some tanks, etc. The theory and practice of creating
and using simulators as tools for the definition and verification of production plans are used to solve this issue. The starting point
is the creation of a mathematical simulation model with the necessary but acceptable degree of simplification. The mathematical
simulation model is tested on sample data in a feasibility study to perform a detailed usability analysis of the model. The output of
the article is a simulation model for which, based on the analysis of simulation results, patterns of possible use in specific types of
enterprises are given.

1. Introduction

A key trend in the area of business activities is the effort to
optimise and thus increase the efficiency of individual pro-
cesses. The reason for this is a long-established relationship
between the efficiency of internal and external processes,
their management and the competitiveness of the business
[1]. The current rapid development of the business envi-
ronment requires that process efficiency measurements and
evaluations are carried out at increasingly shorter intervals
and that the result of their optimisation meets the principles
of a lean company concept [2] to comply with standard
business process management approaches [3].

Analyses are performed using data and information that
are the outputs of enterprise information systems. Not all
of these systems are capable of providing the necessary
information in sufficient quality and within a short time,
and, in particular, knowledge of interrelationships and rela-
tionships about the current status of each business process,

the enterprise as a whole, and enterprise behavior in the
corporate environment. Companies are aware of this fact and
therefore are willing to invest considerable funds in modern
information systems and their modules [4]. As it can be
seen from a wide range of sources and from real practice
an adequate information system allowing a sufficient number
of modern management support functionalities is one of the
key conditions for promoting competitiveness [5] and after
its introduction or implementation, its positive benefits can
be observed in the first weeks after its introduction [6]. One
of the conditions of a sufficiently strong competitiveness is
meeting the needs of all business activities of the company in
accordance with the principles of the so-called lean company
concept [7] and constantly monitoring compliance with all its
principles [8].

To sum up, we can say that choosing an appropriate
information system has long been an important factor for
businesses of all types. Due to the usually high investment
in acquisition or expansion of the information system, it is
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necessary to pay close attention to the input analysis so that
the resulting functionality meets all expectations [9]. Com-
pletely new requirements are emerging with the development
of Industry 4.0. Automation, robotics, implementation of
cobots, etc. require completely new approaches in the field of
digitisation and management of enterprise informatics [10].
Also, business information systems must be tailored to this
[11] as they are expected to have the highest possible degree
of automation which is dependent on fast data processing
[12]. This technological development necessitates a focus
on human resources which must be sufficiently competent
to be able to integrate into the company’s comprehensive
information system and respond in the right way at the
right time [13]. The synergy of people and technology is
the key prerequisite for the smooth running of the business.
Therefore, an important aspect is the training of human
resources, so that workers at all levels of the company (from
employees to top management) are able to control, manage,
and use new technologies [14]. A corporate information
system as a comprehensive integrated business system can be
described as optimal when the management system outputs
show a high degree of efficiency, for example, through
the appropriate sorting and ordering of orders, continuous
production lines, correct production rerouting in the event
of a machine failure, etc. This happens either automatically
or depends on ahumandecision. Increasing decision-making
efficiency can be achieved by implementing softwaremodules
to simulate systembehavior after regulatory intervention [15].
Simulators, as we call these software modules, are a very
powerful tool to reduce the failure of managerial decisions
and thus reduce the costs that make bad decisions generally.
Ideally, simulators are separate modules integrated into infor-
mation systems so that they can easily define mathematical
simulation models using current databases. Of course, it
is also possible to implement the simulation approach in
control systems with artificial intelligence support and fully
automatic control systems [16] with which we will meet more
and more often within Industry 4.0.

Based on the above, one of the key areas of informatics
is the problem of creation of simulators. The main idea
and goal is to create simulators that can be used to create
plans and to validate these proposed plans before starting
their subactivities. The basic starting point for creating a
simulator is amathematical model that represents, with a cor-
responding degree of simplification, the structural, functional
and data architecture of the system [17]. In particular, in a
manufacturing company, a simulation model can represent
the flow of resources and products during the manufac-
turing process. It is advisable to implement the creation of
a mathematical model of complex manufacturing system
within a project whose starting point is a detailed feasibility
study containing precise assumptions and specifications. The
examples that can be found in professional and scientific
sources include development of the mathematical model for
the scheduling of production process and the allocation of
the automatic guided vehicle in the flexible manufacturing
system [18] or creating a mathematical programming model
for a Kanban-controlled cellular manufacturing system with
configuration capability [19]. The next step while creating a

simulator is its programming followed by testing. Testing and
functional verification of the simulator are important at every
stage of the simulator’s development. The above-mentioned
feedback activities require adequate data, the source of which
is the information systems of particular companies. The
specific simulator procedure used in this article is presented
in Section 3. A variety of methods, methodologies, and
approaches can be used to create mathematical simulation
models. The use of the process-oriented approach is pre-
sented by, e.g., [20, 21], whereas examples of value-oriented
approach specifically for the supply chain modelling area are
presented by, e.g., [22, 23]. Furthermore, there is a growing
interest in the use of multiagent systems. The background
to this topic is, inter alia, described in [24], the example in
the form of negotiation model and tactics of manufacturing
enterprise supply chain based on multiagent is presented
in [25], and the example presenting agent-based modelling
and simulation of decision-making behavior of e-retailers is
shown in [26]. Another useful theme for modelling is using
discrete or continuous Petri nets, for example, to model and
simulate a logistics production system [27], discrete manu-
facturing systems [28], and flexible manufacturing systems
[29]. Modelling and simulation are implemented in many
cases to optimise the logistics system. A fuzzy approach
can be used for the purposes of optimisation in relation
to the problem of simulation presented, e.g., in [30], for
a production system, e.g., in [31]. The heuristic approach
appears to be effective in case of the so-called hard systems
and can be applied, for example, in conjunction with time
series characterising selected systems [32], for e-commerce
processes [33], for resource planning and management needs
in flexible manufacturing systems [34], or, for example, to
optimisemanufacturing and distributed systems [35]. Hybrid
approaches for modelling and optimising manufacturing and
other systems can be found, e.g., in [36–38], the use of neural
networks, e.g., in [39]. It is possible to find the whole series
of specific examples of theoretical background and examples
of the so-called good practice. The essence is always to
create corresponding models with simulation outputs usable
for decision-making processes, preferably with the widest
possible elements of intelligence [40].

The optimisation of production logistics as a complex
of all direct and indirect activities of the company plays
an increasingly important role in relation to the production
of goods, production costs, used technologies, production
organisation, etc. [41]. The diversity and complexity of
production processes can be better modelled by providing
an integrated view of different modelling approaches [42].
Logistics systems in manufacturing plants are often very
extensive and their optimisation is conditioned by the evalua-
tion of a number of parameters and their context. Specifically,
when we focus on production logistics, which is the main
subject of this article, we conclude that logistics financial costs
are a budget cost item for all types of businesses. Therefore,
the goal of every business is to minimise these costs. The
aim of the article is to present a computer science approach
to solving the problem of modelling a model company that
works with random logistic costs, which alternate according
to the current set of requirements flowing from individual



Complexity 3

orders. A heuristic approach is used for the solution of
this model example which can be easily implemented to
optimise the production logistics system. It is based on the
experience of the authors who present examples of theoretical
and practical bases, for example, in [43], [44], [45], or [46]
who provides satisfactory decision support.

Logistics systems may be similar in nature; however,
even a small difference in assumptions can lead to the need
for preparing a new information solution to the problem
of meeting customers’ needs. Moreover, logistics systems
are characterised by various limitations and their criteria
are not often the same. These factors require autonomous
solutions leading to forming new specification assumptions
and a project resulting in offering the adequate simulator for
solving specific logistics tasks.

Due to the fact that there are a number of different
influencing factors in production and logistics systems the
heuristic approach allows a number of experiments to be
carried out on a continuous basis in order to achieve a sat-
isfactory solution at the operation level which will ultimately
result in a reduction in financial costs. The study presented in
the article concerns the problem of manufacturing logistics
which is important from the point of view of minimising
manufacturing costs. This kind of approach is omnipresent
in the contemporary world which is becoming increasingly
globalised. Companies which either wish to continue to exist
or become competitive need to implement more and more
sophisticated solutions.

Themain goal of the article is to introduce the production
model of a production company usable for production strat-
egy simulations. Heuristic algorithms that always determine
a given production strategy are defined as part of the model.
Thegoals of the paper also include preparing the specification
assumptions and the model for creating a simulator of the
complex manufacturing system. Subsequently, this model
is to be implemented to carry out a series of simulation
experiments which are then subject to the evaluation process
in the case study section.

The article is divided into the main sections, i.e., Intro-
duction, Methodology, Analysis, Results and Discussion, and
Conclusion. The Introduction section presents the state-of-
the-art modelling and simulation of logistics systems. The
Methodology section is devoted to presenting the way in
which the paper was prepared in order to meet the research
objectives. The Analysis section shows the mathematical
model step by step as well as the control of the system.
Finally, Results and Discussion section includes the study
case where the way of simulating manufacturing processes is
shown in detail which is followed by adequate discussion.The
Conclusion section explains the research novelty, research
limitations, contributions of the study for academics and
practices, and recommendation for future studies.

2. Methodology

The article focuses on modelling the manufacturing sys-
tem. The input of the model is the so-called order matrix
in which orders from individual customers are stored.
Each element of this matrix represents the customer and

their specific requirement. Each order has predetermined
resources. Resources are passed by a specified route in a
production system assembled from a set of workstations
performing specific operations on semifinished products
and the final product is progressively made by individual
machines wherein the manufacturing route is determined
by a heuristic algorithm. There are storage capacities and
storage facilities for intermediates, called buffers, along the
production line. Buffer capacity is predefined and there is a
possibility of temporary limitation of the site’s operation in
case of insufficient storage space. Although we consider series
production, specifications, project, and subsequent software
assume the possibility of extending the system to parallel-
arranged production lines. To satisfy the lean approach
requirements, heuristic algorithms select a product to meet
that criterion. The principle of operation forms the basis for
creating a simulator of a modelled manufacturing system.
However, there are manufacturing strategies that determine
the starting point of creating an order matrix. In addition,
costs are taken into account for demonstration needs. The
costs are divided into those that can be strictly determined
before the start of the production process and those that can
be at least predicted before the manufacturing process.

To analyse the problem of minimising logistics costs it
is necessary to follow the iterative model for creating the
simulation tool. First of all, analysis of the real environment
is the basis for the specification assumptions which lets the
project of the simulator be prepared. Testing and subsequent
validation of the simulator precede its implementation into
the case study procedures. Figure 1 illustrates the research
process of the study in detail.

The simulator of the logistics manufacturing system was
designed in the form of three integrated modules: the data
entrymodule, the simulationmodule, and the resultsmodule.
In addition, each of the modules includes different working
modes.Thedata entrymodulemodes differwith the source of
data; they can be input with a keyboard, generated randomly
with or without the seed value or loaded directly from a file.
The simulation module allows the operator of the system to
perform a single simulation and experiments at random or
with a set of heuristics as well as step-by-step simulations. The
results module allows the operator to analyse and compare
results depending on the number of performed simulations
as well as their type. The simulator was written in the
C# programming language, using .NET Framework 4 and
Microsoft Visual C# 2012 Express programming environ-
ment. A DataGridFunctions library was created for the needs
of the system.The library consists of two classes including the
set of static methods working on arrays and DataGridView
objects. It implements exception handling allowing an easier
detection of incorrect input data. During the system testing
the administrator and user manuals were created, including
instructions for the installation process and the typical work
with the system, showing its protection mechanisms against
incorrect input data. Results of practical examples were
analysed thoroughly. Moreover, they were confronted with
the simulation resultswhich allowed verifying the correctness
of the system calculations. Testing the simulator required
creating the set of initial data from the range of reasonable
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Figure 1: The iterative model for creating the simulator of the logistics system.

values based on thorough observations carried out in a
few manufacturing plants. However, for the purpose of the
simulation process there was a need for the initial data
simplification. The verification result was positive so all the
values returned by the system may now be considered to be
correct. The data for the subsequent simulation process were
generated within the assumed ranges. The data generation
process can be replicated without any limitations. Once the
data is generated it can be optionally modified in order to test
alternative possibilities of making order matrix elements.

3. Analysis

3.1. Mathematical Model. Symbols used for logistic system
modelling presented in this section are explained in detail
in the symbol list at the end of this paper. They remain in
accordance with the standards of mathematical models used
for the description and simulation of logistics, production,
trade and other systems.

It is assumed that the manufacturing system consists of
the defined number of logistics manufacturing subsystems
which are placed at various locations. Each 𝜋-th subsystem,
𝜋 = 1, . . . , Π is equipped with the same number of machines
which use the same type of tools. Each 𝜋-th subsystem is also
arranged in an identical way consisting of the charge zone,

manufacturing hall, storing place for tools, storing place for
semiproducts, and dispatching zone fromwhich products are
passed to the ordermatrix. It is also assumed that any element
of the order matrix can be made on certain conditions in any
manufacturing 𝜋-th subsystem if it is available at a required
moment.

It is necessary to assume that customers set orders which
are gathered together mathematically in the following matrix
of orders (1):

𝑍𝑘 = [𝑧𝑘𝑚,𝑛] ,
𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝑘 = 0, 1, . . . , 𝐾

(1)

where 𝑧𝑘𝑚,𝑛 is the state of the 𝑛-th order set by the 𝑚-th
customer at the 𝑘-th stage whereas 𝐾 is the total number
of system decisions necessary to produce all order matrix
elements approved for manufacturing at the stage 𝑘 = 0.

However, in a real manufacturing subsystem machines
are placed at different locationswithin the range of the robotic
arm in accordance with the predefined location arrangement.
Each machine performs only one type of operation with the
use of a predefined tool.

Charges of a certain type which are necessary for the
manufacturing process are supplied on the demand basiswith
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no delay. Each 𝑛-th product type, 𝑛 = 1, . . . , 𝑁, is associated
with a certain type of charge.

It is further assumed that there is the dedicated robotic
arm in each 𝜋-th subsystem, 𝜋 = 1, ..., Π which is responsible
for the following operations:

(i) taking the charge material from the entrance gate of
the logistics subsystem to the determined available
machine;

(ii) transporting semiproducts from the preceding
machine to the determined subsequent one;

(iii) transporting ready products to the dispatching gate
respectively to the store for ready products;

(iv) transporting semiproducts to their dedicated storing
zone and back to the manufacturing zone;

(v) manipulating with semiproducts in their storing
zone;

(vi) replacing a used tool with a new one.

The information point of view makes us present the sample
manufacturing system in its simplified form in which each
existing machine is to be associated with a certain defined
point. This leads to creating the general matrix of structure
of the manufacturing system which takes the following form:

𝐸 = [𝑒𝜋(𝑚,𝑛)/(𝑖,𝑗)] , 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . ,𝑁, 𝜋 = 1, . . . , Π (2)

where 𝑒𝜋(𝑚,𝑛)/(𝑖,𝑗) is a machine located in the 𝑖-th row of the
𝑗-th column in the 𝜋-th subsystem dedicated to performing
a manufacturing operation on the 𝑛-th order for the 𝑚-th
customer with the use of a certain type of tool.

At the same time, 𝑒𝜋(𝑚,𝑛)/(𝑖,𝑗) = 1 if the 𝑛-th order for the
𝑚-th customer can bemade in the machine placed in the 𝑖-th
row of the 𝑗-th column in the 𝜋-th subsystem; 𝑒𝜋(𝑚,𝑛)/(𝑖,𝑗) = 0
otherwise.

Let us present the matrix of adjustment of tools to
operations in the following form:

Y = [𝜐𝛼,𝛽] , 𝛼 = 1, . . . , 𝐴, 𝛽 = 1, . . . , 𝐵 (3)

where 𝜐𝛼,𝛽 represents the 𝛼-th tool able to perform the 𝛽-th
operation.

At the same time 𝜐𝛼,𝛽 = 1 if the 𝛼-th tool can perform the
𝛽-th operation; 𝜐𝛼,𝛽 = −1 otherwise.

It is assumed that a robotic arm is equipped with the
required function enabling it to carry out the adequate
operation. When a tool needs to be replaced, the machine
is excluded from the manufacturing process for the time of
replacement.

It is assumed that a certain machine is equipped with
a dedicated tool only which is shown by means of the
adjustment matrix (4):

Η = [ℎ𝛼𝑖,𝑗] , 𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽 (4)

where ℎ𝛼𝑖,𝑗 is the adjustment of the 𝛼-th tool to the machine
placed in the 𝑖-th row of the 𝑗-th column.

At the same time, ℎ𝛼𝑖,𝑗 = 1 if the adjustment is possible;
ℎ𝛼𝑖,𝑗 = −1 otherwise.

Let us introduce the vector of buffer zones in the 𝜋-th
manufacturing subsystem (5):

Ξ𝜋 = [𝜉𝜋𝑗 ] , j = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π (5)

where 𝜉𝜋𝑗 is the buffer zone behind the machine placed in the
𝑗-th column in the 𝜋-thmanufacturing subsystem.

At the same time, 𝜉𝜋𝑗 = 1 if the buffer zone behind
the machine in the 𝑖-th row of the 𝑗-th column which
exists in the 𝜋-th manufacturing subsystem exists; 𝜉𝜋𝑗 = −1
otherwise. Moreover, for calculation reasons it is assumed
that the flow capacity of each buffer store is sufficient to
ensure uninterrupted progress of the manufacturing process.

The matrix of production times in the 𝜋-th manufactur-
ing system is introduced in

𝑇𝑝𝑟(𝜋) = [𝜏𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗)] , 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π (6)

where 𝜏𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗) is the production time of the 𝑛-th type
of product for the 𝑚-th customer in the machine placed
in the 𝑖-th row of the 𝑗-th column in the 𝜋-th sub-
system.

The matrix of assembling times of tools in the 𝜋-th
subsystem is introduced in

𝑇𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋) = [𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)(𝑖,𝑗) ] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(7)

where 𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)(𝑖,𝑗) is the assembling time of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th column in the 𝜋-th
subsystem.
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The matrix of disassembling times of tools in the 𝜋-th
subsystem is introduced in

𝑇𝑑𝑖𝑠𝑎𝑠(𝜋) = [𝜏𝑑𝑖𝑠𝑎𝑠(𝜋)(𝑖,𝑗) ] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π
(8)

where 𝜏𝑑𝑖𝑠𝑎𝑠(𝜋)(𝑖,𝑗) is the disassembling time of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th column in the 𝜋-th
subsystem.

The matrix of transportation times for semiproducts
from machines to the key manipulation point in the 𝜋-th
subsystem is introduced in

𝑇𝑡𝑟(𝜋)󳨀→∙ = [𝜏𝑡𝑟𝑙(𝜋)(𝑖,𝑗)/󳨀→∙] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π
(9)

where 𝜏𝑡𝑟𝑙(𝜋)(𝑖,𝑗)/󳨀→∙ is the transportation time of products from
the machine placed in the 𝑖-th row of the 𝑗-th column to the
key point in the 𝜋-th manufacturing system.

At the same time, 𝜏𝑡𝑟𝑙(𝜋)(𝑖,𝑗)/󳨀→∙ > 0 if there is a transport
operation in the 𝜋-th manufacturing system; 𝜏𝑡𝑟𝑙(𝜋)(𝑖,𝑗)/󳨀→∙ = 0
otherwise.

Thematrix of transportation times for semiproducts from
the key point tomachines in the𝜋-th subsystem is introduced
in

𝑇𝑡𝑟(𝜋)∙󳨀→ = [𝜏𝑡𝑟(𝜋)
∙󳨀→/(𝑖,𝑗󸀠)

] ,

𝑖󸀠 = 1, . . . , 𝐼, 𝑗󸀠 = 2, . . . , 𝐽, 𝜋 = 1, . . . , Π
(10)

where 𝜏𝑡𝑟(𝜋)
∙󳨀→/(𝑖,𝑗󸀠)

is the transportation time of products from
the key point to the machine placed in to the machine placed
in the row 𝑖 of the column 𝑗󸀠 in the 𝜋-th manufacturing
system, 𝑗󸀠 ̸= 𝑗. Moreover, in case of the product leaving
column 𝑗 = 5 it is assumed it is directed to the key transport
point before sending it to the store for ready products
𝜏𝑡𝑟𝑙(𝜋)
∙󳨀→/(𝑖,𝑧𝑠𝑡)

.

Thematrix of transportation times for semiproducts from
machines to their buffer stores in the 𝜋-th subsystem is
introduced in

𝑇𝑡𝑟(𝜋)󳨀→buffer = [𝜏𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑏𝑗
] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π
(11)

where 𝜏𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑏𝑗
is the transportation time of a product from

the machine placed in the 𝑖-th row of the 𝑗-th column to the
𝑗-th buffer store in the 𝜋-th manufacturing system.

If there is no transport operation carried out to the 𝑗-th
buffer store due to its nonexistence then 𝜏𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑏𝑗

= 0.
Thematrix of transportation times for semiproducts from

buffer stores to machines in the 𝜋-th subsystem is introduced
in
𝑇𝑡𝑟(𝜋)buffer󳨀→ = [𝜏𝑡𝑟(𝜋)

𝑏𝑗󳨀→(𝑖,𝑗
󸀠)
] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑗󸀠 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π
(12)

where 𝜏𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
is the transportation time of a product from

the 𝑗-th buffer store to machine placed in the 𝑖-th row of the
column 𝑗󸀠 in the 𝜋-th manufacturing system.

If there is no transport operation carried out from the 𝑗-th
buffer store due to its nonexistence then 𝜏𝑡𝑟(𝜋)

𝑏𝑗󳨀→(𝑖,𝑗
󸀠)
= 0.

The matrix of unit transportation times for charge mate-
rial from the store of charges to machines in the 𝜋-th
subsystem is introduced in

𝑇𝑡𝑟(𝜋)𝑐ℎ󳨀→ = [𝜏𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) ] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π
(13)

where 𝜏𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) is the unit transportation time of the charge
material to the machine placed in the 𝑖-th row of the 𝑗-
th column in case of making the 𝑛-th order for the 𝑚-th
customer in the 𝜋-th manufacturing system.

If the charge material is not transported to the machine
placed in the 𝑖-th rowof the 𝑗-th column in case ofmaking the
𝑛-th order for the 𝑚-th customer in the 𝜋-th manufacturing
system then 𝜏𝑡𝑟(𝜋) (𝑚,𝑛)

𝑐ℎ󳨀→(𝑖,𝑗) = 0.
The matrix of unit transportation times for ready prod-

ucts to the product store in the 𝜋-th subsystem is introduced
in

𝑇𝑡𝑟(𝜋)󳨀→𝑧𝑠𝑡
= [𝜏𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡

] , 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π (14)

where 𝜏𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡
is the unit transportation time of the ready

product from the machine placed in the 𝑖-th row of the 𝑗-th
column to the product store in case of making the 𝑛-th order
for the 𝑚-th customer in the 𝜋-th manufacturing system.

If the ready product is not transported to the product
store from the machine placed in the 𝑖-th row of the 𝑗-
th column in case of making the 𝑛-th order for the 𝑚-th
customer in the 𝜋-th subsystem then 𝜏𝑡𝑟(𝜋) (𝑚,𝑛)

(𝑖,𝑗)󳨀→𝑧𝑠𝑡
= 0.
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Thematrix of times of storing chargematerials in the 𝜋-th
subsystem takes the following form:

𝑇(𝜋)𝑠𝑡𝑤 = [𝜏(𝜋)𝑠𝑡𝑤/(𝑚,𝑛)] ,
𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝑤 = 1, . . . ,𝑊, 𝜋 = 1, . . . , Π

(15)

where 𝜏(𝜋)𝑠𝑡𝑤/(𝑚,𝑛) is the time of storing the 𝑤-th charge material
for making the 𝑛-th product for the 𝑚-th customer in the
charge store for the 𝜋-th plant.

The matrix of times of storing semiproducts in buffer
stores in the 𝜋-th subsystem takes the following form:

𝑇(𝜋)𝑏𝑢𝑓 𝑠𝑡 = [𝜏(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 ] (16)

where 𝜏(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 is the average storing time of the 𝑛-th
semiproduct made for the 𝑚-th customer in the available
buffer store in the 𝜋-th manufacturing subsystem.

The matrix of times of storing ready products in the 𝜋-th
subsystem takes the following form:

𝑇(𝜋)𝑠𝑡 𝑧 = [𝜏(𝜋)𝑠𝑡 𝑧𝑚,𝑛 ] (17)

where 𝜏(𝜋)𝑠𝑡 𝑧𝑚,𝑛 is the storing time of the 𝑛-th ready product
made for the𝑚-th customer in the ready product store of the
𝜋-th manufacturing system.

The matrix of parallel manufacturing times is introduced
in

𝑇𝑝𝑎𝑟(𝜋)𝑄 𝛿 = [𝜏𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

] = [𝜏𝑝𝑎𝑟(𝜋) 𝑒𝑛𝑑𝑄 𝛿 (𝑚,𝑛) − 𝜏𝑝𝑎𝑟(𝜋) 𝑠𝑡𝑎𝑟𝑡
𝑄 𝛿 (𝑚󸀠 ,𝑛󸀠)

] ,
𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝑚󸀠 = 1, . . . ,𝑀, 𝑛󸀠 = 1, . . . ,𝑁 𝜋 = 1, . . . , Π

(18)

where

𝜏𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

is the parallel manufacturing time of
making the 𝑛-th order for the 𝑚-th customer and
the 𝑛󸀠-th order for the 𝑚󸀠-th customer in the 𝜋-th
subsystem with the use of the 𝛿-th criterion;

𝜏𝑝𝑎𝑟(𝜋) 𝑠𝑡𝑎𝑟𝑡𝑄 𝛿 (𝑚,𝑛) is the moment of beginning making the 𝑛-
th order for the𝑚-th customer and the 𝑛󸀠-th order for
the𝑚󸀠-th customer in the𝜋-th subsystemwith the use
of the 𝛿-th criterion;
𝜏𝑝𝑎𝑟(𝜋) 𝑒𝑛𝑑𝑄 𝛿 (𝑚,𝑛) is the moment of finishing making the 𝑛-th
order for the 𝑚-th customer and the 𝑛󸀠-th order for
the𝑚󸀠-th customer in the𝜋-th subsystemwith the use
of the 𝛿-th criterion.

At the same time if 𝑛 = 𝑛󸀠 then 𝑚 ̸= 𝑚󸀠 and if 𝑚 = 𝑚󸀠

then 𝑛 ̸= 𝑛󸀠. The matrix of times of replacement operations is
introduced in

𝑇𝛼/𝜋 = [𝜏𝛼/𝜋𝑖,𝑗 ] ,
𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(19)

where 𝜏𝛼/𝜋𝑖,𝑗 is the replacement operation time of the 𝛼-th tool
in the machine placed in the 𝑖-th row of the 𝑗-th column in
the 𝜋-th subsystem.

At the same time, 𝜏𝛼/𝜋𝑖,𝑗 > 0 if the replacement operation of
the 𝛼-th tool in the machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem takes place; 𝜏𝛼𝑖,𝑗 = 0 otherwise.

Moreover, there is a need to introduce the matrix of
transportation times of new tools which are stored in the
storing place for tools in the 𝜋-th subsystem (20):

𝑇𝛼𝑖𝑛 = [𝜏𝛼𝑖𝑛/𝜋𝑖,𝑗 ] ,
𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(20)

where 𝜏𝛼𝑖𝑛/𝜋𝑖,𝑗 is the transportation time of the new 𝛼-th type
tool from the storing place to the machine placed in the 𝑖-
th row of the 𝑗-th column in the 𝜋-th subsystem. At the same
time, 𝜏𝛼𝑖𝑛/𝜋𝑖,𝑗 > 0 if the transportation to the discussedmachine
takes place; 𝜏𝛼𝑖𝑛/𝜋𝑖,𝑗 = 0 otherwise.

Additionally, there is a need to introduce the matrix of
transportation times for worn out tools to the storing place
for used tools in the 𝜋-th subsystem (21):

𝑇𝛼𝑜𝑢𝑡/𝜋 = [𝜏𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 ] ,
𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(21)

where 𝜏𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 is the transportation time of the worn out 𝛼-th
type tool from the machine placed in the 𝑖-th row of the 𝑗-
th column to the storing place for worn out tools in the 𝜋-th
subsystem. At the same time, 𝜏𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 > 0 if the transportation
from the discussed machine to the storing place for worn out
tools takes place; 𝜏𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 = 0 otherwise.

The base life matrix of tools used in the manufacturing
system of a new brand set of tools used to manufacture
elements of the order matrix is given in

𝐺 = [𝑔𝛼𝑛/(𝑖,𝑗)] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑛 = 1, . . . , 𝑁, 𝛼 = 1, . . . , 𝐴

(22)

where 𝑔𝛼𝑛/(𝑖,𝑗) is the base number of units of the 𝑛-th product
which can be manufactured in the machine in the 𝑖-th
row of the 𝑗-th column before the 𝛼-th dedicated tool is
completely worn out and requires an immediate replacement.
It is assumed that the life of a new tool is the same in each𝜋-th
subsystem.

Let us introduce the matrix of state of the 𝜋-th manufac-
turing subsystem (23):
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𝑆(𝛼/𝜋) 𝑘𝑛 = [𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) ] , 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π, 𝑘 = 0, 1, . . . , 𝐾 (23)

where 𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) is the number of units of the 𝑛-th product
already made in the machine in the 𝑖-th row of the 𝑗-th
column with the use of the 𝛼-th tool in the 𝜋-th subsystem
at the 𝑘-th state; if 𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) = 0 the tool is regarded as brand
new.

Let us introduce the capacity matrix of the 𝜋-th manufac-
turing subsystem (24):

𝑃(𝛼/𝜋) 𝑘𝑛 = [𝑝(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) ] , 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π, 𝑘 = 0, 1, . . . , 𝐾 (24)

where 𝑝(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) is the number of the 𝑛-th product units which
still can be made in the machine in the 𝑖-th row of the 𝑗-th
column with the use of the 𝛼-th tool in the 𝜋-th subsystem
at the 𝑘-th state. If the flow capacity of the machine does not
allow tomake the whole 𝑛-th unit, then 𝑝(𝛼/𝜋) 𝑘

𝑛/(𝑖,𝑗) = −1. If there
is any remaining flow capacity in the machine in the 𝑖-th row
of the 𝑗-th columnbut the subsequent unit of the 𝑛-th product
cannot be made fully in this machine in the 𝜋-th subsystem,
then the replacement process is carried out automatically.

On the basis of the above assumptions we can determine
the flow capacity of the machine in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem for the 𝑛-th element of the
order matrix 𝑍𝑘 (25):

𝑝(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) = 𝑔(𝛼/𝜋)𝑛/(𝑖,𝑗) − 𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) (25)

Let us introduce the matrix of routes (for the case when the
order of manufacturing operations is obligatory) (26):

𝐷 = [𝑑(𝑚,𝑛),𝑗] ,
𝑗 = 1, . . . , 𝐽, 𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁

(26)

where𝑑(𝑚,𝑛),𝑗 is the number of the 𝑖-th row throughwhich the
𝑛-th semiproduct for the𝑚-th customer is passed throughout
the manufacturing process.

Throughout the course ofmanufacturing process the state
of the system changes.Therefore, there is a need to analyse the
state of the order matrix, tools in machines, charge materials,
storing zones, etc. Equations of state illustrate changes in
the manufacturing system after each decision made by the
operator of the system.

The state of the order matrix changes after each produc-
tion decision (27):

𝑍0 󳨀→ 𝑍1 󳨀→ . . . 󳨀→ 𝑍𝑘 󳨀→ . . . 󳨀→ 𝑍𝐾 (27)

The order matrix is modified at each k-th stage as follows:

𝑧𝑘𝑚,𝑛 =
{{{{
{{{{
{

𝑧𝑘−1𝑚,𝑛 − 𝑥𝑘𝑚,𝑛 if a certain number of units 𝑥𝑘𝑚,𝑛 of the 𝑛-th order for

the 𝑚-th customer is made at the 𝑘-th stage,
𝑧𝑘−1𝑚,𝑛 otherwise.

(28)

The state of the 𝜋-th manufacturing system is subject to
change if a production decision is made (29):

𝑆0𝜋 󳨀→ 𝑆1𝜋 󳨀→ . . . 󳨀→ 𝑆𝑘𝜋 󳨀→ . . . 󳨀→ 𝑆𝐾𝜋 (29)

The state of the 𝛼-th tool in the 𝑖-th machine in the 𝑗-th
column changes in case of manufacturing the 𝑛-th product
in the 𝜋-th subsystem:

𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) =

{{{{{{{{{{
{{{{{{{{{{
{

𝑠(𝛼/𝜋) 𝑘
𝑛/(𝑖,𝑗) − 𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) if a certain number of units 𝑥(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) of the 𝑛-th

order is made in the 𝑖-th machine in the𝑗-th
column with the use of the 𝛼-th tool in the 𝜋-th
subsystem at the 𝑘-th state,

𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) otherwise.

(30)
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The state of the machine in the 𝑖-th row in the 𝑗-th column
changes in case of replacement as follows:

𝑠(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) =
{{{{
{{{{
{

𝑠(𝛼/𝜋) 𝑘
𝑛/(𝑖,𝑗) if there was no replacement activity in the 𝑖-th machine

in the 𝑗-th column at the 𝑘-th state,
0 otherwise.

(31)

Let us introduce the matrix of unit manufacturing costs in
the 𝜋-th manufacturing subsystem (32):

𝐶𝑝𝑟(𝜋)𝑚,𝑛 = [𝑐𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗)] , 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . ,𝑁, 𝜋 = 1, . . . , Π (32)

where 𝑐𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗) is the unit cost of manufacturing the 𝑛-th
order for the 𝑚-th customer in the 𝑗-th machine in the 𝑖-th
row in the 𝜋-thmanufacturing subsystem.

The cost of manufacturing the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem is calculated as follows:

𝐶∑𝑝𝑟(𝜋) 0𝑚,𝑛 = 𝑧0𝑚,𝑛 ⋅
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

(𝑐𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗) ⋅ 𝜏𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗)) (33)

Let us introduce the matrix of probability coefficients of
failure of tools in the 𝜋-thmanufacturing subsystem (34):

Γ𝑓𝑎𝑖𝑙(𝜋) = [𝛾𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 ] ,
𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π

(34)

where 𝛾𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 is the probability coefficient of failure of tools
in case of making the 𝑛-th order for the𝑚-th customer in the
𝜋-th manufacturing subsystem.

Let us introduce the matrix of possible maintenance costs
due to failure of the 𝜋-th manufacturing subsystem (35):

𝐶𝑓𝑎𝑖𝑙(𝜋) = [𝑐𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 ] ,
𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π

(35)

where 𝑐𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 is the unit cost of possible maintenance proce-
dures due to failure of a tool while making the 𝑛-th order for
the𝑚-th customer in the 𝜋-th manufacturing subsystem.

The costs of possible failure maintenance in case of
making the order 𝑧0𝑚,𝑛 in the 𝜋-th manufacturing subsystem
are calculated as follows (36):

𝐶fail(𝜋) 0
𝑚,𝑛 = 𝑧0𝑚,𝑛 ⋅ 𝛾fail(𝜋)𝑚,𝑛 ⋅ 𝑐fail(𝜋)𝑚,𝑛 (36)

The matrix of unit assembling costs of tools in the 𝜋-th
manufacturing subsystem is introduced in

𝐶𝑎𝑠𝑠𝑒𝑏𝑙(𝜋) = [𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)𝑖,𝑗 ] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(37)

where 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)𝑖,𝑗 is the unit assembling cost of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th column in the 𝜋-th
subsystem.

The assembling costs of tools in case of making the order
𝑧0𝑚,𝑛 in the 𝜋-th manufacturing subsystem are calculated as
follows:

𝐶𝑎𝑠𝑠𝑎𝑚𝑏𝑙(𝜋) 0𝑚,𝑛 =
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)𝑖,𝑗 ⋅ 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)𝑖,𝑗 (38)

The matrix of unit disassembling costs of tools in the 𝜋-th
manufacturing subsystem is introduced (39):

𝐶𝑑𝑖𝑠𝑎(𝜋) = [𝑐𝑑𝑖𝑠𝑎𝑠𝑙(𝜋)𝑖,𝑗 ] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(39)

where 𝑐𝑑𝑖𝑠𝑎𝑠𝑙(𝜋)𝑖,𝑗 is the unit disassembling cost of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th column in the 𝜋-th
subsystem.

The disassembling costs of tools in case of making
the order 𝑧0𝑚,𝑛 in the 𝜋-th manufacturing subsystem are
calculated as follows:

𝐶𝑑𝑖𝑠𝑎𝑠(𝜋) 0𝑚,𝑛 =
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑑𝑖𝑠𝑎𝑠(𝜋)𝑖,𝑗 ⋅ 𝑐𝑑𝑖𝑠𝑎𝑠(𝜋)𝑖,𝑗 (40)

The matrix of unit transportation costs for semiproducts
from machines to the key point in the 𝜋-th manufacturing
subsystem is introduced in

𝐶𝑡𝑟(𝜋)󳨀→∙ = [𝑐𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(41)

where 𝑐𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙ is the unit transportation time of products
from the machine placed in the 𝑖-th row of the 𝑗-th column
to the key point in the 𝜋-th subsystem.
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The transportation costs for semiproducts frommachines
to the key point in case of making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem are calculated as follows:

𝐶𝑡𝑟(𝜋) 0(𝑚,𝑛)/󳨀→∙ =
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙ ⋅ 𝑐𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙ (42)

The matrix of unit transportation costs for semiproducts
from the key point in the 𝜋-th manufacturing subsystem is
introduced in

𝐶𝑡𝑟(𝜋)∙󳨀→ = [𝑐𝑡𝑟(𝜋)
∙󳨀→(𝑖,𝑗󸀠)

] ,

𝑖󸀠 = 1, . . . , 𝐼, 𝑗󸀠 = 2, . . . , 𝐽, 𝜋 = 1, . . . , Π
(43)

where 𝑐𝑡𝑟(𝜋)
∙󳨀→(𝑖,𝑗󸀠)

is the unit transportation cost of products from
the key point to the machine placed in placed in the row i of
the column 𝑗󸀠 in the 𝜋-th subsystem, 𝑗󸀠 ̸= 𝑗.

The transportation costs for semiproducts from the key
point to machines in case of making the order 𝑧0𝑚,𝑛 in the 𝜋-
th manufacturing subsystem are calculated as follows:

𝐶𝑡𝑟(𝜋) 0(𝑚,𝑛)/∙󳨀→ =
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑡𝑟𝑙(𝜋)(𝑖,𝑗)/∙󳨀→ ⋅ 𝑐𝑡𝑟(𝜋)(𝑖,𝑗)/∙󳨀→ (44)

The matrix of unit transportation costs for semiproducts
transported from machines to buffer stores in the 𝜋-th
manufacturing subsystem is introduced in

𝐶𝑡𝑟(𝜋)󳨀→buffer = [𝑐𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑏𝑗
] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π
(45)

where 𝑐𝑡𝑟(𝜋)
(𝑖,𝑗)󳨀→𝑏𝑗

is the unit transportation cost of a product
transported from the machine placed in the 𝑖-th row of the
𝑗-th column to the 𝑗-th buffer store in the 𝜋-th subsystem.

The transportation costs for semiproducts transported
to buffer stores from machines in case of making the order
𝑧0𝑚,𝑛 in the 𝜋-th manufacturing subsystem are calculated as
follows:

𝐶𝑡𝑟(𝜋) 0󳨀→buffer =
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑏𝑗
⋅ 𝑐𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑏𝑗

(46)

Thematrix of unit costs of storing chargematerials in the𝜋-th
manufacturing subsystem takes the following form:

𝐶(𝜋)𝑤𝑠𝑡 = [𝑐(𝜋)𝑠𝑡𝑤/(𝑚,𝑛)] (47)

where 𝑐(𝜋)𝑠𝑡𝑤/(𝑚,𝑛) is the storing cost of the 𝑤-th charge material
for making the 𝑛-th product for the 𝑚-th customer in the
machine placed in the 𝜋-th manufacturing subsystem.

The matrix of unit costs of storing semiproducts in the
buffer stores in the 𝜋-th manufacturing subsystem takes the
following form:

𝐶(𝜋)𝑏𝑢𝑓 𝑠𝑡 = [𝑐(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 ] (48)

where 𝑐(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 is the storing cost of the 𝑛-th semiproduct
made for the 𝑚-th customer in the available buffer stores in
the 𝜋-th manufacturing subsystem.

Costs of storing semiproducts in the buffer stores in the
𝜋-th manufacturing subsystem can be presented as follows:

𝐶(𝜋)𝑏𝑢𝑓 𝑠𝑡max =
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝑧0𝑚,𝑛 ⋅ 𝑐(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 ⋅ 𝜏(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 (49)

Thematrix of unit costs of storing ready products in the 𝜋-th
manufacturing subsystem takes the following form:

𝐶(𝜋)𝑠𝑡 𝑧 = [𝑐(𝜋)𝑠𝑡 𝑧𝑚,𝑛 ] (50)

where 𝑐(𝜋)𝑠𝑡 𝑧𝑚,𝑛 is the unit storing cost of the 𝑛-th ready product
made for the𝑚-th customer in the ready product store in the
𝜋-th manufacturing subsystem.

The total storing costs in the ready product store in the
𝜋-th manufacturing subsystem are presented as follows:

𝐶(𝜋)𝑠𝑡𝑜𝑟𝑎𝑔𝑒 =
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

(𝜏(𝜋)𝑠𝑡 𝑧𝑚,𝑛 ⋅ 𝑐(𝜋)𝑠𝑡 𝑧𝑚,𝑛 ) (51)

The matrix of maintenance costs in the 𝜋-th manufacturing
subsystem takes the following form:

𝐶(𝜋)𝑚𝑎𝑖𝑛 = [𝑐(𝜋)𝑚𝑎𝑖𝑛𝑖,𝑗 ] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(52)

where 𝑐(𝜋)𝑚𝑎𝑖𝑛𝑖,𝑗 is the maintenance cost of the machine placed
in the 𝑖-th row of the 𝑗-th column in the 𝜋-th manufacturing
subsystem (per one unit of the order made in this machine).

The matrix of standstill costs in the 𝜋-th manufacturing
subsystem takes the following form:

𝐶(𝜋)still = [𝑐(𝜋)still(i,j)/(m,n)] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(53)

where 𝑐(𝜋)still(i,j)/(m,n) is the unit standstill costs in case of making
the 𝑛-th product for them-th customer in themachine placed
in the 𝑖-th row of the 𝑗-th column in the 𝜋-th manufacturing
subsystem (per one unit of the order matrix).

The matrix of costs of implementing heuristic algorithms
in the 𝜋-th manufacturing subsystem takes the following
form:

𝐶(𝜋) ℎ𝑒𝑢𝑟 = [𝑐(𝜋) ℎ𝑒𝑢𝑟(𝑖,𝑗)/(𝑚,𝑛)] (54)

where 𝑐(𝜋) ℎ𝑒𝑢𝑟(𝑖,𝑗)/(𝑚,𝑛) is the cost of implementing heuristic algo-
rithms in case of making the 𝑛-th product made for the 𝑚-
th customer in the machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th manufacturing subsystem (per one unit
of the order matrix).

The matrix of hidden operating costs in the 𝜋-th manu-
facturing subsystem takes the following form:

𝐶(𝜋) hc = [𝑐(𝜋) hc(i,j)/(m,n)] (55)
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where 𝑐(𝜋) hc(i,j)/(m,n) is the hidden unit cost in case of making the
𝑛-th product for the𝑚-th customer in the machine placed in
the 𝑖-th row of the 𝑗-th column of the 𝜋-th manufacturing
subsystem (per one unit of the order matrix).

The matrix of unit transportation costs for semiproducts
transported from buffer stores to machines in the 𝜋-th
manufacturing subsystem is introduced in

𝐶𝑡𝑟(𝜋)buffer󳨀→ = [𝑐𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
] ,

𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝑗󸀠 = 1, . . . , 𝐽 − 1, 𝜋 = 1, . . . , Π
(56)

where 𝑐𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
is the transportation cost of a product from

the 𝑗-th buffer store to machine placed in the 𝑖-th row of the
column 𝑗󸀠 in the 𝜋-th subsystem.

The unit transportation costs for semiproducts trans-
ported from buffer stores to machines in case of making the
order in the 𝜋-th manufacturing subsystem are calculated as
follows:

𝐶𝑡𝑟(𝜋) 0buffer󳨀→ =
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
⋅ 𝑐𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠) (57)

Thematrix of unit transportation costs for the chargematerial
from the store of charges to machines in the 𝜋-th manufac-
turing subsystem is introduced in

𝐶𝑡𝑟(𝜋)𝑐ℎ󳨀→ = [𝑐𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) ] ,
𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(58)

where 𝑐𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) is the unit transportation cost of the charge
material to the machine placed in the 𝑖-th row of the 𝑗-
th column in case of making the 𝑛-th order for the 𝑚-th
customer in the 𝜋-th subsystem.

The total transportation costs of charge material trans-
ported from the charge store to machines in case of making
the order 𝑧0𝑚,𝑛 in the 𝜋-th manufacturing subsystem are
calculated as follows:

𝐶𝑡𝑟(𝜋) (𝑚,𝑛) 0𝑐ℎ󳨀→ = 𝑧0𝑚,𝑛 ⋅
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

(𝜏𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) ⋅ 𝑐𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) ) (59)

The matrix of unit transportation costs of ready products to
the product store in the 𝜋-th manufacturing subsystem is
introduced in

𝐶𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑧𝑠𝑡
= [𝑐𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡

] ,

𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝜋 = 1, . . . , Π
(60)

where 𝑐𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡
is the unit transportation cost of the

ready product transported the product store in case of
making the 𝑛-th order for the 𝑚-th customer in the 𝜋-th
subsystem.

The transportation cost of a ready product transported
to the product store in case of making the order 𝑧0𝑚,𝑛
in the 𝜋-th manufacturing subsystem are calculated as
follows:

𝐶𝑡𝑟(𝜋) (𝑚,𝑛) 0(𝑖,𝑗)󳨀→𝑧𝑠𝑡
= 𝑧0𝑚,𝑛 ⋅

𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

(𝜏𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡
⋅ 𝑐𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡

) (61)

The matrix of parallel manufacturing costs in the 𝜋-th
manufacturing subsystem is introduced in

𝐶𝑝𝑎𝑟(𝜋)𝑄 𝛿 = [𝑐𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

] , 𝑚 = 1, . . . ,𝑀, 𝑛 = 1, . . . , 𝑁, 𝑚󸀠 = 1, . . . ,𝑀, 𝑛󸀠 = 1, . . . , 𝑁 𝜋 = 1, . . . , Π (62)

where 𝑐𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

is the manufacturing cost of making the
𝑛-th order for the 𝑚-th customer and the 𝑛󸀠-th order for the
𝑚󸀠-th customer in a parallel way in the 𝜋-th subsystem with
the use of the 𝛿-th criterion.

At the same time if 𝑛 = 𝑛󸀠 then 𝑚 ̸= 𝑚󸀠 and if 𝑚 = 𝑚󸀠

then 𝑛 ̸= 𝑛󸀠.
Thematrix of costs of replacement operations in the 𝜋-th

manufacturing subsystem is introduced in

𝐶𝛼/𝜋 = [𝑐𝛼/𝜋𝑖,𝑗 ] ,
𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(63)

where 𝑐𝛼/𝜋𝑖,𝑗 is the replacement operation cost of the 𝛼-th tool
in the machine placed in the 𝑖-th row of the j-th column in
the 𝜋-th subsystem.

At the same time, 𝑐𝛼/𝜋𝑖,𝑗 > 0 if the replacement operation of
the 𝛼-th tool in the machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem takes place; 𝑐𝛼𝑖,𝑗 = 0 otherwise.

Thematrix of transportation costs for new tools which are
stored in the storing place for tools in the 𝜋-th manufacturing
subsystem takes the following form:

𝐶𝛼𝑖𝑛 = [𝑐𝛼𝑖𝑛/𝜋𝑖,𝑗 ] ,
𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(64)

where 𝑐𝛼𝑖𝑛/𝜋𝑖,𝑗 is the transportation cost of the new 𝛼-th type
tool from the storing place to the machine placed in the 𝑖-th
row of the 𝑗-th column in the 𝜋-th subsystem.
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At the same time, 𝑐𝛼𝑖𝑛/𝜋𝑖,𝑗 > 0 if the transportation to the
discussed machine takes place; 𝑐𝛼𝑖𝑛/𝜋𝑖,𝑗 = 0 otherwise.

The matrix of transportation costs for worn out tools to
the storing place for used tools in the 𝜋-th manufacturing
subsystem takes the following form:

𝐶𝛼𝑜𝑢𝑡/𝜋 = [𝑐𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 ] ,
𝛼 = 1, . . . , 𝐴, 𝑖 = 1, . . . , 𝐼, 𝑗 = 1, . . . , 𝐽, 𝜋 = 1, . . . , Π

(65)

where 𝑐𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 is the transportation cost of the worn out 𝛼-th
type tool from the machine placed in the 𝑖-th row of the 𝑗-
th column to the storing place for worn out tools in the 𝜋-th
subsystem. At the same time, 𝑐𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 > 0 if the transportation
from the discussed machine to the storing place for worn out
tools takes place; 𝑐𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 = 0 otherwise.

Let us introduce the cost of the replacement process in the
𝜋-th manufacturing subsystem (66):

𝐶𝜋𝑟𝑒𝑝𝑙 = 𝜏𝜋𝑟𝑒𝑝𝑙 ⋅ 𝑐𝜋𝑟𝑒𝑝𝑙 (66)

where

𝑐𝜋𝑟𝑒𝑝𝑙 is the unit cost of the replacement process in the
𝜋-th manufacturing subsystem,
𝜏𝜋𝑟𝑒𝑝𝑙 is the total replacement time in the 𝜋-th manu-
facturing subsystem.

Let us introduce the cost of the lost flow capacity in the 𝜋-th
manufacturing subsystem (67):

𝐶𝜋𝑙𝑓𝑐 = 𝜍𝜋𝑙𝑓𝑐 ⋅ 𝑐𝜋𝑙𝑓𝑐 (67)

where

𝑐𝜋𝑙𝑓𝑐 is the unit cost of the lost flow capacity after
completing the manufacturing process in the 𝜋-th
manufacturing subsystem,
𝜍𝜋𝑙𝑓𝑐 is the number of lost flow capacity units after
completing the manufacturing process in the 𝜋-th
manufacturing subsystem.

Let us introduce the fixed manufacturing cost in the 𝜋-th
manufacturing subsystem (68):

𝐶𝜋𝑓𝑖𝑥 = 1
𝜍𝜋𝑓𝑖𝑥

⋅
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

(𝑐𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗) ⋅ 𝜏𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗)) (68)

where ∑𝐽𝑗=1∑𝐼𝑖=1(𝑐𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗) ⋅ 𝜏𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗)) is the unit cost of
making the 𝑛-th order for the 𝑚-th customer in the 𝜋-th
manufacturing subsystem; 𝜍𝜋𝑓𝑖𝑥 is the coefficient of stable costs
in the 𝜋-th manufacturing subsystem.

For the purpose of the paper costs are divided into two
sample groups:

(a) direct costs consisting of costs which can be calcu-
lated straight away as they depend on the amount of
the order, i.e., costs of manufacturing, charge storing,
charge transportation, ready product transportation,
ready product storing, and parallel manufacturing,

(b) indirect costs consisting including costs of failures,
semiproduct storing in buffer stores, assembling of
tools, replacement operations, semiproduct trans-
portation into and out of buffer stores, replacement
operations, transportation of a new tool in and out,
maintenance, standstill, heuristic implementing, and
hidden operations.
The approach cost of the 𝜋-th manufacturing subsys-
tem is calculated as follows:

𝐶𝜋𝑄 𝛿

=
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗) ⋅ 𝑐𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗)

+
𝑊

∑
𝑤=1

𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝜏(𝜋)𝑠𝑡𝑤/(𝑚,𝑛) ⋅ 𝑐(𝜋)𝑠𝑡𝑤/(𝑚,𝑛)

+
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗) ⋅ 𝑐𝑡𝑟(𝜋) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑗)

+
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡
⋅ 𝑐𝑡𝑟(𝜋) (𝑚,𝑛)(𝑖,𝑗)󳨀→𝑧𝑠𝑡

+
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝜏(𝜋)𝑠𝑡 𝑧𝑚,𝑛 ⋅ 𝑐(𝜋)𝑠𝑡 𝑧𝑚,𝑛

+
𝑁

∑
𝑛󸀠=1

𝑀

∑
𝑚󸀠=1

𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝜏𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

⋅ 𝑐𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

+ 𝐶𝜋𝑟𝑒𝑝𝑙 + 𝐶𝜋𝑙𝑓𝑐 + 𝐶𝜋𝑓𝑖𝑥

(69)

The company cost of the 𝜋-th manufacturing subsystem is
calculated as follows:

𝐶𝜋𝑓𝑐 =
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

(𝛾𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 ⋅ 𝑐𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 + 𝜏(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 ⋅ 𝑐(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 )

+
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

(𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)(𝑖,𝑗)

⋅ 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)(𝑖,𝑗) + 𝜏𝑑𝑖𝑠𝑎𝑠(𝜋)(𝑖,𝑗) ⋅ 𝑐𝑑𝑖𝑠𝑎𝑠(𝜋)(𝑖,𝑗) + 𝜏𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙ ⋅ 𝑐𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙

+ 𝜏𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→𝑏𝑗
⋅ 𝑐𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→𝑏𝑗

)

+
𝐽

∑
𝑗󸀠=1

𝐼

∑
𝑖=1

(𝜏𝑡𝑟(𝜋)
∙󳨀→(𝑖,𝑗󸀠)

⋅ 𝑐𝑡𝑟(𝜋)
∙󳨀→(𝑖,𝑗󸀠)

+ 𝜏𝑡𝑟(𝜋)𝑏𝑗󳨀→(𝑖,𝑗)
⋅ 𝜏𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
)

+
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝐴

∑
𝛼=1

(𝜏𝛼/𝜋𝑖,𝑗

⋅ 𝑐𝛼/𝜋𝑖,𝑗 + 𝜏𝛼𝑖𝑛/𝜋𝑖,𝑗 ⋅ 𝑐𝛼𝑖𝑛/𝜋𝑖,𝑗 + 𝜏𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 ⋅ 𝑐𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 )
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+
𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

𝜏(𝜋)𝑚𝑎𝑖𝑛𝑖,𝑗

+
𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝐽

∑
𝑗=1

𝐼

∑
𝑖=1

(𝑐(𝜋)still(i,j)/(m,n) + 𝑐(𝜋) ℎ𝑒𝑢𝑟(𝑖,𝑗)/(𝑚,𝑛) + 𝑐(𝜋) ℎ𝑐(i,j)/(m,n))

(70)

The logistics costs of the 𝜋-th manufacturing subsystem are
calculated as follows:

𝐶𝜋𝑜𝑝 (𝑄 𝛿) = 𝐶𝜋𝑄 𝛿 + 𝐶𝜋𝑓𝑐 (71)

It can also be assumed that the longer the manufacturing
process lasts the higher the costs can be generated increasing
the base manufacturing costs 𝐶𝑏𝑎𝑠𝑒 𝛿 for the given 𝛿-th
approach. These costs are the sum of manufacturing, parallel
manufacturing, replacement and lost flow capacity costs for
each 𝛿-th approach. The minimal manufacturing costs are
sought for in accordance with the given criterion from the set
of criteria also including approaches involving the use of one
heuristic only. However, another manufacturing approach
can generate lower costs but at the same time it does not meet
other requirements such as the minimal manufacturing time,
minimal replacement time and minimal lost flow capacity.

It is also assumed that prolonged manufacturing gener-
ates costs which can be presented by means of the matrix of
prolonged manufacturing in the 𝜋-th subsystem (72):

𝐶𝜋𝑝𝑟𝑜𝑙 𝛿 = Δ𝜏𝜋𝑝𝑟𝑜𝑙 𝛿 ⋅ 𝑐𝜋𝑝𝑟𝑜𝑙 (72)

where
𝑐𝜋𝑝𝑟𝑜𝑙 is the unit cost of prolongedmanufacturing in the
𝜋-th subsystem.
Δ𝜏𝜋𝑝𝑟𝑜𝑙 𝛿 is the time of prolonged manufacturing
according for the 𝛿-th approach in the 𝜋-th subsys-
tem.

At the same time,

Δ𝜏𝜋𝑝𝑟𝑜𝑙 𝛿 = 𝜏𝜋 𝑒𝑛𝑑𝛿 −min 𝜏𝜋 𝑒𝑛𝑑𝛿 (73)

where
min 𝜏𝜋 𝑒𝑛𝑑𝛿 is the time of completing making the
order by the manufacturing approach minimising the
manufacturing time in the 𝜋-th subsystem;
𝜏𝜋 𝑒𝑛𝑑𝛿 is the time of completing making the order by
the 𝛿-th approach in the 𝜋-th subsystem.

Each 𝜋-th manufacturing subsystem can be evaluated on the
basis of many factors. For the purpose of the article flexibility
of the 𝜋-th manufacturing subsystem is subject to analysis
(74):

𝜄𝜋𝑓𝑙𝑒𝑥 = √𝜄𝜋𝑠𝑡𝑎𝑡𝑒 ⋅ 𝜄𝜋𝑢𝑠𝑎𝑔𝑒 (74)

where
𝜄𝑓𝑙𝑒𝑥 is flexibility of the 𝜋-th manufacturing subsys-
tem,
𝜄𝑠𝑡𝑎𝑡𝑒 is state of the 𝜋-th manufacturing subsystem,
𝜄𝑢𝑠𝑎𝑔𝑒 is usage of the 𝜋-th manufacturing subsystem.

3.2. Control. To control the simulation process there is a need
to take the following elements into account and combine
them subsequently:

(1) heuristic algorithms;

(2) manufacturing strategies;

(3) control approaches.

3.2.1. Heuristic Algorithms. In order to choose an element of
the matrix 𝑍 and subsequently direct it to the manufacturing
zone there is a need to choose one from a wide range of
available heuristic algorithms. Sample heuristic algorithms
are considered for demonstration purposes; however, their
number may be much bigger.

Let 𝑧𝑘𝜇,𝜂 be the element to be made in the manufacturing
zone at the 𝑘-th stage, where 𝑘 = 1, ..., 𝐾, 1 ≤ 𝜇 ≤ 𝑀, 1 ≤
𝜂 ≤ 𝑁. On this basis the following heuristic algorithms are
put forward:

𝑧𝑘𝜇,𝜂 =

{{{{{{{{{{{{{{{{{{{{{{{{{{{{{{{{
{{{{{{{{{{{{{{{{{{{{{{{{{{{{{{{{
{

max 𝑧𝑘𝑚,𝑛 . . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 1)
min 𝑧𝑘𝑚,𝑛 . . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 2)

max
𝑧𝑘𝑚,𝑛

∑𝑀𝑚=1∑𝑁𝑛=1 𝑧𝑘𝑚,𝑛
. . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 3)

min
𝑧𝑘𝑚,𝑛

∑𝑀𝑚=1∑𝑁𝑛=1 𝑧𝑘𝑚,𝑛
. . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 4)

max
𝑧𝑘𝑚,𝑛

∑𝑀𝑚=1 𝑧𝑘𝑚,𝑛
. . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 5)

min
𝑧𝑘𝑚,𝑛

∑𝑀𝑚=1 𝑧𝑘𝑚,𝑛
. . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 6)

min
𝑧𝑘𝑚,𝑛

∑𝑁𝑛=1 𝑧𝑘𝑚,𝑛
. . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 7)

min
𝑧𝑘𝑚,𝑛

∑𝑁𝑛=1 𝑧𝑘𝑚,𝑛
. . . (ℎ𝑒𝑢𝑟𝑖𝑠𝑡𝑖𝑐 8)

(75)

3.2.2. Manufacturing Strategies. It is assumed that there are
the following manufacturing strategies:

(i) The manufacturing process continues according to
the chosen heuristic algorithm until each element 𝑧𝑘𝜇,𝜂
chosen for production is made and only then the next
determined element is subject to manufacturing; i.e.,
it is allowed to enter the manufacturing zone.

(ii) The continuity of the manufacturing process is guar-
anteed by using every possible machine so a decision
about manufacturing is made immediately. The pri-
ority is to put charge material into the machine first.
The robotic arm can make all other transportation
tasks after delivering the charge material to all deter-
mined machines. Only then can semiproducts be
transported to the subsequent determined machines.
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Let us introduce the matrix of order priority (76):

Θ0 = [𝜃0𝑚,𝑛] (76)

where

𝜃0𝑚,𝑛 is the priority of the manufacturing task for the
𝑚-th customer who ordered the 𝑛-th product the
stage 𝑘 = 0.

The priority element takes the following values: 𝜃0𝑚,𝑛 = 1
for the high priority and 𝜃0𝑚,𝑛 = 0 otherwise.

3.2.3. Control Approaches. It is assumed that there are the
following control approaches to be discussed:

(i) The first method assumes that the sequence of man-
ufactured orders remains unchanged throughout the
whole manufacturing process, i.e., the manufacturing
sequence is determined. An element of the order
matrix to be made is chosen with the use of heuristic
algorithms. In this case the system is treated as the
serial manufacturing system and a need to implement
the matrix of routes arises.

(ii) The second method is based on the principle that any
element of the order matrix can be made without the
need to follow any sequence restriction of manufac-
turing operations (the sequence is optional), i.e., a
machine is chosen according to a specified heuristic
algorithm in order to meet defined criteria.

(iii) The third method mixes two previous methods as
some order matrix elements require a defined man-
ufacturing sequence whereas others do not.

In case of the first approach the sequence of operations on the
n-th product is predefined and the order of making products
cannot be alternated. Searching for solutions minimising the
total order making time consists in minimising the standstill
time of the manufacturing system as a whole or its individual
elements (machines). Moreover, the manufacturing time
cannot be increased so there is a need to search for other
solutions such as, e.g., minimising the total manufacturing
time, minimising the replacement time of tools, minimising
lost flow capacity of tools. It is assumed that exactly at the
moment when a certain n-th order frees the manufacturing
space another order element enters the manufacturing zone.

The modelled system requires introducing manufactur-
ing criteria according towhich themanufacturing procedures
are controlled as follows:

(1) In order tominimise the total manufacturing time the
time criterion of the production process is formulated
(77):

𝑄𝑝𝑟 󳨀→ min (77)

(2) In order to minimise the total replacement time the
criterion of the replacement process is formulated
(78):

𝑄𝑟𝑒𝑝𝑙 󳨀→ min (78)

(3) In order to minimise the total replacement time the
criterion of lost flow capacity of tools is formulated
(79):

𝑄𝑙𝑓𝑐 󳨀→ min (79)

The losses during the manufacturing process influ-
ence the costs which increase then.

4. Results and Discussion

To validate the above iteration approach to creating the
dedicated software and the subsequent simulation process
certain sample data and assumption are taken into account
for the purpose of the calculation procedure. The main goals
of the case study include

(i) comparing the results of simulations for strategies and
available heuristics;

(ii) analysing timescales of making order for chosen
strategies: Q pr ii at random,Q repl ii at random, Q
lfc ii at random, Q pr ii heuristic 2, Q pr i heuristic
1;

(iii) analysing the problemof the system elasticity depend-
ing on the system state and the system usage;

(iv) analysing results of the manufacturing process simu-
lation for 5000 simulations;

(v) presenting and analysing the histogram of the mul-
tisimulation process for 5000 repetitions for the
initial order for the strategy generating the minimal
manufacturing time;

(vi) analysing the parallel and subsequent simulation
results;

(vii) searching for the best solution of manufacturing and
prolonged manufacturing costs;

(viii) the comparative cost analysis of the five discussed
approaches.
The case study analysis requires assuming the follow-
ing data:

𝑑𝑚,𝑛1 󳨀→ 𝑑𝑚,𝑛2 󳨀→ 𝑑𝑚,𝑛3 󳨀→ 𝑑𝑚,𝑛4 󳨀→ 𝑑𝑚,𝑛5 ;
𝐾

∑
𝑘=1

𝑁

∑
𝑛=1

𝑀

∑
𝑚=1

𝜃𝑘𝑚,𝑛 = 0;

Ξ = [1 1 1 −1 −1] ;
𝐴 = 𝐵;
𝛼 = 1

(80)

The sample data necessary to carry out the simulation of the
manufacturing are given as follows:

(i) manufacturing routes (Table 1);
(ii) manufacturing times (Table 2);
(iii) unit manufacturing costs (Table 3);
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Table 1: The flow of products, manufacturing routes.

1,n 𝑑(1,𝑛),𝑗 2,n 𝑑(2,𝑛),𝑗 3,n 𝑑(3,𝑛),𝑗 4,n 𝑑(4,𝑛),𝑗 5,n 𝑑(5,𝑛),𝑗
1,1 1 3 2 1 4 2,1 1 2 2 2 4 3,1 3 3 4 4 1 4,1 3 3 4 3 1 5,1 4 1 2 1 1
1,2 3 1 1 1 3 2,2 1 4 2 1 4 3,2 3 4 4 4 4 4,2 3 1 2 2 3 5,2 3 4 1 3 4
1,3 3 1 4 1 2 2,3 2 1 4 1 1 3,3 2 4 3 1 2 4,3 2 1 2 2 2 5,3 4 4 4 4 4
1,4 1 2 1 3 1 2,4 2 4 3 4 2 3,4 1 2 4 1 4 4,4 2 3 4 2 3 5,4 1 4 1 4 3
1,5 4 1 4 1 3 2,5 4 2 2 2 1 3,5 1 3 4 2 1 4,5 2 1 3 4 2 5,5 4 3 1 3 2

Table 2: Manufacturing times.

1,n 𝜏𝑝𝑟(1)(1,𝑛)/(𝑖,𝑗) 2,n 𝜏𝑝𝑟(1)(2,𝑛)/(𝑖,𝑗) 3,n 𝜏𝑝𝑟(1)(3,𝑛)/(𝑖,𝑗) 4,n 𝜏𝑝𝑟(1)(4,𝑛)/(𝑖,𝑗) 5,n 𝜏𝑝𝑟(1)(5,𝑛)/(𝑖,𝑗)

1,1 9 6 9 8 9 2,1 8 7 8 9 7 3,1 6 6 6 9 9 4,1 8 6 9 7 6 5,1 7 8 9 8 8
1,2 7 7 6 7 9 2,2 7 9 8 8 7 3,2 6 7 8 8 9 4,2 7 9 9 8 7 5,2 9 7 6 8 7
1,3 9 9 9 7 9 2,3 8 8 9 6 7 3,3 8 8 9 9 7 4,3 6 6 8 7 6 5,3 8 6 7 8 8
1,4 8 9 6 6 6 2,4 8 7 8 8 7 3,4 8 8 9 8 9 4,4 8 9 9 6 7 5,4 9 8 9 8 9
1,5 9 8 6 9 6 2,5 6 8 8 9 7 3,5 8 6 8 9 8 4,5 8 9 8 7 8 5,5 9 6 7 9 8

Table 3: Unit manufacturing costs.

1,n 𝑐𝑝𝑟(1)(1,𝑛)/(𝑖,𝑗) 2,n 𝑐𝑝𝑟(1)(2,𝑛)/(𝑖,𝑗) 3,n 𝑐𝑝𝑟(1)(3,𝑛)/(𝑖,𝑗) 4,n 𝑐𝑝𝑟(1)(4,𝑛)/(𝑖,𝑗) 5,n 𝑐𝑝𝑟(1)(5,𝑛)/(𝑖,𝑗)

1,1 1 2 1 3 2 2,1 1 2 1 3 2 3,1 1 2 1 3 2 4,1 1 2 1 3 2 5,1 1 2 1 3 2
1,2 2 3 1 2 3 2,2 2 3 1 2 3 3,2 2 3 1 2 3 4,2 2 3 1 2 3 5,2 2 3 1 2 3
1,3 2 1 3 1 2 2,3 2 1 3 1 2 3,3 2 1 3 1 2 4,3 2 1 3 1 2 5,3 2 1 3 1 2
1,4 3 2 2 1 3 2,4 3 2 2 1 3 3,4 3 2 2 1 3 4,4 3 2 2 1 3 5,4 3 2 2 1 3
1,5 2 1 2 2 3 2,5 2 1 2 2 3 3,5 2 1 2 2 3 4,5 2 1 2 2 3 5,5 2 1 2 2 3

(iv) order matrix; order priority; coefficient of failures of
tools; storing times and unit storing costs (Table 4);

(v) initial state of tools and life of tools (Table 5);
(vi) times and costs of assembling and disassembling of

tools, transport of semiproducts to the key point and
buffer zones, transport of charge, and transport of
ready products (Table 6);

(vii) times and unit costs of replacement operations, trans-
port of tools to and from machines for replace-
ment; costs of maintenance, standstill, implementing
heuristics, and predicted hidden costs (Table 7).

Sample data for the simulation process are not drawn from
any external sources which would require special permission
from any provider. They are defined by the authors with
the sole purpose of demonstrating the functionality and
usability of the mathematical model as well as the simulator
created especially for the purpose of this paper. However,
the sample data used by the authors in the paper partly
result fromobservations of production processes taking place
in the automotive manufacturing industry especially while
making complex orders for identical products set by various
customers.

There are two approaches to the problem of manufactur-
ing. The first one requires waiting for the preceding order to
leave the system, strategy i. Another one enables the operator
of the system to start manufacturing immediately when such
an opportunity emerges, strategy ii. First of all, the simulation

process is carried out twice with the use of the implemented
data for strategies i. and ii. The compared results of the
simulation process are shown in Table 8.

It is visible that the winning strategy in terms of the total
production time and effective production time is strategy ii.
However, in terms of the robotic arm work as well as the
total replacement time strategy i. is much more effective. The
lost flow capacity is on par for both strategies nevertheless,
it is worth noticing that heuristic 2 is the winning one in
both approaches and the best of all in strategy i. The total
transportation time is shorter in case of strategy i. where
heuristic 2 is the best again.The final flow capacity is identical
for all implemented heuristics other than for heuristic 2
which is better for strategy i.The system flexibility indicator is
the best again for heuristic 2; however, it is the best for strategy
ii. using heuristic 2.

Time scaling for Q pr ii heuristic 2 is shown in Figure 2
and for Q pr i heuristic 1 in Figure 3 and Q pr ii at random
in Figure 4 .

Figure 2 presents making order Z0 forQ pr ii heuristic 2
which enables parallel manufacturing. This approach elimi-
nates standstill of machines and however, as seen in Table 14,
generates extra costs due to parallel manufacturing tasks. The
time scale shows that in the earlymanufacturing stages orders
do not cumulate and only two of them are made at the same
time. With the pass of manufacturing orders accumulate in
the production system which leads to intensifying manufac-
turing of even four elements of the order matrix at the same
time.
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Table 4: Order matrix; order priority; coefficient of failures of tools; storing times; and unit storing costs.

(a)

𝑧0𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 29 24 26 27 22
𝑚 = 2 9 25 10 7 10
𝑚 = 3 23 24 28 19 27
𝑚 = 4 7 16 6 9 14
𝑚 = 5 31 12 14 12 16

(b)

𝜃𝑘𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 0 0 0 0 0
𝑚 = 2 0 0 0 0 0
𝑚 = 3 0 0 0 0 0
𝑚 = 4 0 0 0 0 0
𝑚 = 5 0 0 0 0 0

(c)

𝛾𝑓𝑎𝑖𝑙(1)𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 5 6 3 9 9
𝑚 = 2 6 5 7 5 4
𝑚 = 3 5 5 7 1 1
𝑚 = 4 5 6 7 7 4
𝑚 = 5 6 8 3 5 4

(d)

𝑐𝑓𝑎𝑖𝑙(1)𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 7 8 8 8 8
𝑚 = 2 8 7 8 7 8
𝑚 = 3 8 7 8 7 8
𝑚 = 4 7 8 7 8 7
𝑚 = 5 8 7 8 8 8

(e)

𝜏(1)𝑠𝑡𝑤/(𝑚,𝑛) 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 13 12 19 15 23
𝑚 = 2 25 17 14 23 31
𝑚 = 3 24 9 18 17 21
𝑚 = 4 19 29 31 7 14
𝑚 = 5 15 8 17 19 30

(f)

𝑐(1)𝑠𝑡𝑤/(𝑚,𝑛) 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 4 5 5 5 4
𝑚 = 2 5 4 4 5 5
𝑚 = 3 5 5 5 4 4
𝑚 = 4 4 5 4 5 5
𝑚 = 5 5 4 5 5 4

(g)

𝜏(1)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 5 5 5 5 5
𝑚 = 2 5 5 5 5 5
𝑚 = 3 5 5 5 5 5
𝑚 = 4 5 5 5 5 5
𝑚 = 5 5 5 5 5 5
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(h)

𝑐(1)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 1 2 1 1 1
𝑚 = 2 1 2 1 2 2
𝑚 = 3 2 1 2 2 1
𝑚 = 4 1 2 1 2 2
𝑚 = 5 1 4 2 5 1

(i)

𝜏(1)𝑠𝑡 𝑧𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 25 24 28 12 11
𝑚 = 2 14 17 13 31 33
𝑚 = 3 25 19 23 26 21
𝑚 = 4 31 18 14 7 14
𝑚 = 5 17 19 30 19 30

(j)

𝑐(1)𝑠𝑡 𝑧𝑚,𝑛 𝑛 = 1 𝑛 = 2 𝑛 = 3 𝑛 = 4 𝑛 = 5
𝑚 = 1 6 7 7 6 7
𝑚 = 2 7 6 6 6 5
𝑚 = 3 6 5 6 7 7
𝑚 = 4 7 6 6 5 6
𝑚 = 5 5 6 7 7 7

0 1000 2000 3000 4000

Figure 2: The timescale of making order Z0 for Q pr ii heuristic 2.

Table 5: Initial state of tools and life of tools.

(a)

𝑠(1/1) 0
𝑛/(𝑖,𝑗)

𝑗 = 1 𝑗 = 2 𝑗 = 3 𝑗 = 4 𝑗 = 5
𝑖 = 1 5 6 1 3 6
𝑖 = 2 2 6 3 0 2
𝑖 = 3 4 3 0 2 6
𝑖 = 4 2 2 2 1 1

(b)

𝑔(1/1)𝑛/(𝑖,𝑗) 𝑗 = 1 𝑗 = 2 𝑗 = 3 𝑗 = 4 𝑗 = 5
𝑖 = 1 6 8 7 8 9
𝑖 = 2 6 7 6 8 6
𝑖 = 3 6 6 7 9 9
𝑖 = 4 7 6 7 8 9

Figure 3 presents making order Z0 for Q pr i heuristic 1
which excludes parallel manufacturing. The obvious thing
emerging from this approach is the fact that the man-
ufacturing process lasts much longer than in case of
Q pr ii heuristic 2; however, it does not generate excessive
parallel manufacturing costs.

Figure 4 presents making order Z0 forQ pr ii at random
which involves parallel manufacturing. The time scale results
from carrying out 5000 simulation. The time scale charac-
terised by the shortest order making time is presented in
accordance with Table 14. Making orders is rather distributed
evenly which results in making more than often at the same
time in logistics system. Four times three orders are made at
the same period of time.
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Table 6: Times and costs of assembling and disassembling of tools, transport of semiproducts to the key point and buffer zones, transport of
charge, and transport of ready products.

𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,1) 𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,2) 𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,3) 𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,4) 𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,5) 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,1) 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,2) 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,3) 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,4) 𝑐𝑎𝑠𝑠𝑒𝑚𝑏𝑙(1)(𝑖,5)

𝑖 = 1 6 9 7 8 7 5 4 3 5 3
𝑖 = 2 6 8 9 9 7 3 4 4 5 3
𝑖 = 3 7 7 8 7 6 3 4 3 4 4
𝑖 = 4 7 8 6 6 6 4 3 3 5 4

𝜏𝑑𝑖𝑠𝑎𝑠(1)(𝑖,1) 𝜏𝑑𝑖𝑠𝑎𝑠(1)(𝑖,2) 𝜏𝑑𝑖𝑠𝑎𝑠(1)(𝑖,3) 𝜏𝑑𝑖𝑠𝑎𝑠(1)(𝑖,4) 𝜏𝑑𝑖𝑠𝑎𝑠(1)(𝑖,5) 𝑐𝑑𝑖𝑠𝑎𝑠(1)(𝑖,1) 𝑐𝑑𝑖𝑠𝑎𝑠(1)(𝑖,2) 𝑐𝑑𝑖𝑠𝑎𝑠(1)(𝑖,3) 𝑐𝑑𝑖𝑠𝑎𝑠(1)(𝑖,4) 𝑐𝑑𝑖𝑠𝑎𝑠(1)(𝑖,5)

𝑖 = 1 6 7 9 7 6 4 3 3 4 4
𝑖 = 2 8 7 6 8 7 4 3 3 5 4
𝑖 = 3 8 7 7 6 9 3 4 4 3 3
𝑖 = 4 7 7 6 6 9 4 3 4 5 4

𝜏𝑡𝑟(1)
(𝑖,1)/󳨀→∙

𝜏𝑡𝑟(1)
(𝑖,2)/󳨀→∙

𝜏𝑡𝑟(1)
(𝑖,3)/󳨀→∙

𝜏𝑡𝑟(1)
(𝑖,4)/󳨀→∙

𝜏𝑡𝑟(1)
(𝑖,5)/󳨀→∙

𝑐𝑡𝑟(1)
(𝑖,1)/󳨀→∙

𝑐𝑡𝑟(1)
(𝑖,2)/󳨀→∙

𝑐𝑡𝑟(1)
(𝑖,3)/󳨀→∙

𝑐𝑡𝑟(1)
(𝑖,4)/󳨀→∙

𝑐𝑡𝑟(1)
(𝑖,5)/󳨀→∙

𝑖 = 1 9 6 6 6 7 2 3 2 3 2
𝑖 = 2 7 7 9 7 7 2 2 3 2 1
𝑖 = 3 7 8 9 8 9 2 1 2 3 2
𝑖 = 4 6 6 8 8 6 2 2 1 2 1

𝜏𝑡𝑟(1)∙󳨀→/(𝑖,2) 𝜏𝑡𝑟(1)∙󳨀→/(𝑖,3) 𝜏𝑡𝑟(1)(𝑖,4)/∙󳨀→ 𝜏𝑡𝑟(1)(𝑖,5)/∙󳨀→ 𝜏𝑡𝑟(1)(𝑖,𝑧𝑠𝑡)/∙󳨀→
𝑐𝑡𝑟(1)∙󳨀→/(𝑖,2) 𝑐𝑡𝑟(1)∙󳨀→/(𝑖,3) 𝑐𝑡𝑟(1)(𝑖,4)/∙󳨀→ 𝑐𝑡𝑟(1)(𝑖,5)/∙󳨀→ 𝑐𝑡𝑟𝑙(1)(𝑖,𝑧𝑠𝑡)/∙󳨀→

𝑖 = 1 8 6 8 9 8 1 2 2 2 2
𝑖 = 2 7 7 8 8 8 1 2 2 3 2
𝑖 = 3 9 6 6 8 8 2 2 1 2 1
𝑖 = 4 9 6 9 6 9 1 2 3 1 2

𝜏𝑡𝑟(1)
(𝑖,1)󳨀→𝑏1

𝜏𝑡𝑟(1)
(𝑖,2)󳨀→𝑏2

𝜏𝑡𝑟(1)
(𝑖,3)󳨀→𝑏3

𝜏𝑡𝑟(4)
(𝑖,4)󳨀→𝑏4

𝜏𝑡𝑟(5)
(𝑖,5)󳨀→𝑏5

𝑐𝑡𝑟(1)
(𝑖,1)󳨀→𝑏1

𝑐𝑡𝑟(1)
(𝑖,2)󳨀→𝑏2

𝑐𝑡𝑟(1)
(𝑖,3)󳨀→𝑏3

𝑐𝑡𝑟(4)
(𝑖,4)󳨀→𝑏4

𝑐𝑡𝑟(5)
(𝑖,5)󳨀→𝑏5

𝑖 = 1 6 9 6 0 0 1 2 1 0 0
𝑖 = 2 9 8 9 0 0 2 1 2 0 0
𝑖 = 3 8 8 9 0 0 1 2 1 0 0
𝑖 = 4 8 9 8 0 0 2 1 2 0 0

𝜏𝑡𝑟(1)𝑏1󳨀→(𝑖,2)
𝜏𝑡𝑟(1)𝑏2󳨀→(𝑖,3)

𝜏𝑡𝑟(1)𝑏3󳨀→(𝑖,4)
𝜏𝑡𝑟(1)𝑏4󳨀→(𝑖,5)

𝜏𝑡𝑟(1)𝑏5󳨀→(𝑖,𝑧𝑠𝑡)
𝑐𝑡𝑟(1)𝑏1󳨀→(𝑖,2)

𝑐𝑡𝑟(1)𝑏2󳨀→(𝑖,3)
𝑐𝑡𝑟(1)𝑏3󳨀→(𝑖,4)

𝑐𝑡𝑟(1)𝑏4󳨀→(𝑖,5)
𝑐𝑡𝑟(1)𝑏5󳨀→(𝑖,𝑧𝑠𝑡)

𝑖 = 1 6 6 7 0 0 2 2 1 0 0
𝑖 = 2 8 8 6 0 0 2 1 2 0 0
𝑖 = 3 8 8 8 0 0 1 2 1 0 0
𝑖 = 4 7 7 7 0 0 2 1 2 0 0

𝜏𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,1) 𝜏𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,2) 𝜏𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,3) 𝜏𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,4) 𝜏𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑧𝑠𝑡)
𝑐𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,1) 𝑐𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,2) 𝑐𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,3) 𝑐𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,4) 𝑐𝑡𝑟(1) (𝑚,𝑛)𝑐ℎ󳨀→(𝑖,𝑧𝑠𝑡)

𝑖 = 1 9 0 0 0 0 2 0 0 0 0
𝑖 = 2 6 0 0 0 0 2 0 0 0 0
𝑖 = 3 9 0 0 0 0 2 0 0 0 0
𝑖 = 4 6 0 0 0 0 2 0 0 0 0

𝜏𝑡𝑟(1) (𝑚,𝑛)(𝑖,1)󳨀→𝑧𝑠𝑡
𝜏𝑡𝑟(1) (𝑚,𝑛)(𝑖,2)󳨀→𝑧𝑠𝑡

𝜏𝑡𝑟(1) (𝑚,𝑛)(𝑖,3)󳨀→𝑧𝑠𝑡
𝜏𝑡𝑟(1) (𝑚,𝑛)(𝑖,4)󳨀→𝑧𝑠𝑡

𝜏𝑡𝑟(1) (𝑚,𝑛)(𝑖,5)󳨀→𝑧𝑠𝑡
𝑐𝑡𝑟(1) (𝑚,𝑛)(𝑖,1)󳨀→𝑧𝑠𝑡

𝑐𝑡𝑟(1) (𝑚,𝑛)(𝑖,2)󳨀→𝑧𝑠𝑡
𝑐𝑡𝑟(1) (𝑚,𝑛)(𝑖,3)󳨀→𝑧𝑠𝑡

𝑐𝑡𝑟(1) (𝑚,𝑛)(𝑖,4)󳨀→𝑧𝑠𝑡
𝑐𝑡𝑟(1) (𝑚,𝑛)(𝑖,5)󳨀→𝑧𝑠𝑡

𝑖 = 1 0 0 0 0 6 0 0 0 0 2
𝑖 = 2 0 0 0 0 7 0 0 0 0 2
𝑖 = 3 0 0 0 0 7 0 0 0 0 2
𝑖 = 4 0 0 0 0 8 0 0 0 0 2

Each simulation is also characterised by its elasticity
which is the function of the system state and its usage. For
the purpose of demonstration Figure 5 presents system elas-
ticity for Q pr i heuristic 1 whereas Figure 6 shows system
elasticity for Q pr ii heuristic 2.

As system elasticity is the function of system state and
its usage it is visible how these two factors influence it. The

system elasticity is high when its usage is high and the system
imitates the lasting manufacturing process. At the same time
the lasting manufacturing process leads to increasing its state
values which as a result leads to the necessity of replacement
worn out tool. As a consequence each replacement process
decreases the state of the system enabling resuming the man-
ufacturing procedures. After carrying out 5000 simulations of
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Table 7: Times and unit costs of replacement operations, transport of tools to and from machines for replacement; costs of maintenance,
standstill, implementing heuristics, and predicted hidden costs.

𝜏𝛼/1𝑖,1 𝜏𝛼/1𝑖,2 𝜏𝛼/1𝑖,3 𝜏𝛼/1𝑖,4 𝜏𝛼/1𝑖,5 𝑐𝛼/1𝑖,1 𝑐𝛼/1𝑖,2 𝑐𝛼/1𝑖,3 𝑐𝛼/1𝑖,4 𝑐𝛼/1𝑖,5
𝑖 = 1 5 6 8 7 6 5 6 8 7 6
𝑖 = 2 7 4 6 7 6 7 4 6 7 6
𝑖 = 3 4 7 6 5 7 4 7 6 5 7
𝑖 = 4 6 5 6 6 7 6 5 6 6 7

𝜏𝛼𝑖𝑛/1𝑖,1 𝜏𝛼𝑖𝑛/1𝑖,2 𝜏𝛼𝑖𝑛/1𝑖,3 𝜏𝛼𝑖𝑛/1𝑖,4 𝜏𝛼𝑖𝑛/1𝑖,5 𝑐𝛼𝑖𝑛/1𝑖,1 𝑐𝛼𝑖𝑛/1𝑖,2 𝑐𝛼𝑖𝑛/1𝑖,3 𝑐𝛼𝑖𝑛/1𝑖,4 𝑐𝛼𝑖𝑛/1𝑖,5

𝑖 = 1 6 7 7 9 4 4 5 9 10 3
𝑖 = 2 4 5 7 6 7 8 3 4 8 2
𝑖 = 3 5 8 7 6 8 5 6 8 6 6
𝑖 = 4 7 6 7 7 6 5 4 7 7 3

𝜏𝛼𝑜𝑢𝑡/1𝑖,1 𝜏𝛼𝑜𝑢𝑡/1𝑖,2 𝜏𝛼𝑜𝑢𝑡/1𝑖,3 𝜏𝛼𝑜𝑢𝑡/1𝑖,4 𝜏𝛼𝑜𝑢𝑡/1𝑖,5 𝑐𝛼𝑜𝑢𝑡/1𝑖,1 𝑐𝛼𝑜𝑢𝑡/1𝑖,2 𝑐𝛼𝑜𝑢𝑡/1𝑖,3 𝑐𝛼𝑜𝑢𝑡/1𝑖,4 𝑐𝛼𝑜𝑢𝑡/1𝑖,5

𝑖 = 1 5 6 5 8 5 3 2 4 5 3
𝑖 = 2 5 6 11 4 7 5 2 5 3 5
𝑖 = 3 6 7 6 5 9 4 3 5 2 3
𝑖 = 4 6 7 8 4 3 4 5 7 6 4

𝑐(1)𝑚𝑎𝑖𝑛𝑖,1 𝑐(1)𝑚𝑎𝑖𝑛𝑖,2 𝑐(1)𝑚𝑎𝑖𝑛𝑖,3 𝑐(1)𝑚𝑎𝑖𝑛𝑖,4 𝑐(1)𝑚𝑎𝑖𝑛𝑖,5 𝑐(1)still(i,1)/(m,n) 𝑐(1)still(i,2)/(m,n) 𝑐(1)still(i,3)/(m,n) 𝑐(1)still(i,4)/(m,n) 𝑐(1)still(i,5)/(m,n)
𝑖 = 1 9 11 13 9 10 3 4 4 4 3
𝑖 = 2 12 14 9 15 14 4 4 3 4 4
𝑖 = 3 13 18 9 12 13 3 3 4 4 4
𝑖 = 4 11 19 12 20 9 4 4 3 3 3

𝑐(1) ℎ𝑒𝑢𝑟(𝑖,1)/(𝑚,𝑛) 𝑐(1) ℎ𝑒𝑢𝑟(𝑖,2/(𝑚,𝑛) 𝑐(1) ℎ𝑒𝑢𝑟(𝑖,3)/(𝑚,𝑛) 𝑐(1) ℎ𝑒𝑢𝑟(𝑖,4)/(𝑚,𝑛) 𝑐(1) ℎ𝑒𝑢𝑟(𝑖,5)/(𝑚,𝑛) 𝑐(1) hc(i,1)/(m,n) 𝑐(1) hc(i,2)/(m,n) 𝑐(1) h𝑐(i,3)/(m,n) 𝑐(1) ℎ𝑐(i,4)/(m,n) 𝑐(1) ℎ𝑐(i,5)/(m,n)
𝑖 = 1 3 2 3 3 3 45 39 34 48 64
𝑖 = 2 2 3 2 2 3 34 29 42 46 37
𝑖 = 3 3 2 3 3 2 30 37 34 37 36
𝑖 = 4 2 3 3 3 3 46 35 47 40 20

0 2000 4000

Figure 3: The timescale of making order Z0 for Q pr i heuristic 1.

0 1000 2000 3000 4000 5000

Figure 4: Time scaling of parallel manufacturing of the order Z0 for Q pr ii at random.
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Figure 5: System elasticity for Q pr i heuristic 1.
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Figure 6: System elasticity for Q pr ii heuristic 2.

Table 9: Results of the manufacturing process simulation for 5000 simulations.

Simulation no. Production time Replacement time of tools Lost flow capacity Final flow capacity
2737 4356 1573 7,89 63,95
1523 4393 1384 6,68 72,15
1547 4432 1470 10,00 64,83
4428 4445 1623 7,98 106,85

the manufacturing process for Q pr ii at random the results
are arranged presented from the point of view of the criterion
𝑄𝑝𝑟 󳨀→ min in Table 9.

As seen in Table 9 the best total manufacturing time
𝑇𝑝𝑟2737 = 4356 (expressed in time units) is obtained in
the simulation process no. 2737. However, this simulation
procedure does not guarantee the minimal replacement time
of tools which is much worse than the minimal replacement
time of tools 𝑇𝑟𝑒𝑝𝑙1523 = 1384 obtained in the simulation process
no. 1523. This difference which equals 189 time units is quite
immense and may lead to financial losses; therefore, it does
make sense to consider another kind of approach presented
in the paper hereby.Moreover, the simulation process no. 1523
offers the minimal value of the lost flow capacity. Table 10
presents more detailed results from the point of view of
𝑄𝑝𝑟 󳨀→ min.The results are segregated increasing according
to the stated criterionwhere theminimalmanufacturing time
is searched for.

As seen in Table 11 the most minimal manufacturing time
does not guarantee either theminimal tools replacement time
or the lost flow capacity or the final flow capacity. Simulation
no. 2737 out of the set of 5000 simulations delivered the
satisfactory solution satisfying 𝑄𝑝𝑟 󳨀→ min. We can assume
that the probability of finding a better result in terms of
𝑄𝑝𝑟 󳨀→ min is extremely low; however, it is not excluded.

Figure 7 presents results of 5000 multisimulation pro-
cedures in which 232 different results were obtained. The
shortest manufacturing time equals 4356 time units whereas
the longest manufacturing time equals 4672 time units. The
spread equals 316 time units. The most repeated result equals
4464 time units and was obtained 64 times which is 1,3% of
all simulation results.

Table 12 presents assumed time unit cost depending on
the parallel manufacturing process in case of strategy ii. For
example, if manufacturing of the order 𝑧𝑘2,1was ongoing and
at one moment of this process manufacturing of the order



22 Complexity

1,8

1,6

1,4

1,2

1,0

0,8

0,6

0,4

0,2

0,0
50 100 150 200

%

Figure 7:The histogram of the multisimulation process for 5000 repetitions for order 𝑍0 for strategy ii. with choosing heuristics at random.

Table 10: Results of the manufacturing process simulation for 𝑄𝑝𝑟 󳨀→ min.

Simulation Total production time Tools replacement time Lost flow capacity Final flow capacity
2737 4356 1573 7,89 63,95
527 4367 1536 7,07 68,77
2082 4373 1542 6,71 78,13
4623 4377 1502 8,23 74,61
4854 4384 1632 7,01 80,83
239 4384 1586 4,57 91,27
1182 4386 1537 6,65 88,18
4387 4386 1535 5,85 66,98
2643 4386 1514 8,12 82,72
1912 4387 1554 8,16 74,68
2205 4387 1558 8,97 72,86
4395 4388 1497 7,92 51,92

Table 11: Results of the combined manufacturing simulation process for 𝑄𝑝𝑟 󳨀→ min, 𝑄𝑟𝑒𝑝𝑙 󳨀→ min, and 𝑄𝑙𝑓𝑐 󳨀→ min in case of 5000
simulation procedures.

𝑄𝑝𝑟 󳨀→ min 𝑄𝑟𝑒𝑝𝑙 󳨀→ min 𝑄𝑙𝑓𝑐 󳨀→ min
Simulation no. 2737 1523 2271
Total manufacturing time 4356 4393 4504
Total replacement time 1573 1384 1579
Lost flow capacity 7,89 6,68 2,39
Total transportation time 726 732 750
System state indicator 0,44 0,50 0,47
System wear indicator 0,93 0,92 0,91
System flexibility indicator 0,64 0,68 0,65
Final flow capacity 64 72,2 85,5

𝑧𝑘1,4 began in a parallel way it is assumed that 𝑐𝑝𝑎𝑟(1)𝑄 𝑝𝑟 (2,1)/(1,4) =
5. Nevertheless, as the company should be treated as one
complex logistics system it was decided to calculate its
uniform parallel manufacturing cost which in fact is its
average parallel manufacturing cost, i.e., 𝑐𝑝𝑎𝑟(1)𝑄 𝑝𝑟 𝑎V = 3,52

Table 13 presents simulation results of parallel manufac-
turing for each order matrix element for Q pr ii at random,
Q repl ii at random, and Q lfc ii at random, where the best
results satisfying the stated criteria are chosen, as well as
for Q pr ii heuristic 2 in terms of parallel manufacturing
and simulation results of the manufacturing process for
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Table 13: Parallel and subsequent simulation results - the beginning and finishing moments of the manufacturing process.

𝑚, 𝑛 𝑧0𝑚,𝑛 𝑐𝑝𝑟 𝑢𝑚,𝑛

𝜏𝑝𝑎𝑟(1)𝑄 𝑝𝑟 𝜏𝑝𝑎𝑟(1)𝑄 𝑟𝑒𝑝𝑙 𝜏𝑝𝑎𝑟(1)𝑄 𝑙𝑓𝑐 𝜏𝑝𝑎𝑟(1)𝑖𝑖 ℎ𝑐 2 𝜏𝑚𝑎𝑛(1)𝑖 ℎ𝑐 1

Start End Start End Start End Start End Start End
1,1 29 82 2595 3028 972 1362 3706 4305 268 618 4760 5090
1,2 24 82 0 243 0 243 2042 2446 1815 2117 2624 2867
1,3 26 79 1701 2044 168 486 1720 2120 1318 1650 3496 3788
1,4 27 78 1460 1789 1254 1533 1480 1860 782 1061 3788 4067
1,5 22 74 869 1209 766 1078 3182 3594 2412 2855 2136 2370
2,1 9 71 426 586 3257 3574 1962 2221 3821 4182 257 384
2,2 25 86 3202 3576 3642 4199 2218 2661 1567 1879 3204 3496
2,3 10 71 4104 4356 678 874 2825 3129 3640 3971 503 633
2,4 7 83 4026 4262 3073 3365 254 404 3986 4335 73 159
2,5 10 63 168 340 1647 1807 3601 4001 3742 4077 633 773
3,1 23 69 2183 2487 2918 3303 3432 3905 2250 2651 2370 2624
3,2 24 84 1074 1489 3419 3958 0 340 1994 2422 2867 3204
3,3 28 74 2353 2744 2421 2840 970 1387 550 892 4453 4760
3,4 19 93 1973 2271 2015 2384 318 648 2618 3079 1861 2136
3,5 27 80 597 993 1744 2140 528 990 1025 1409 4067 4453
4,1 7 62 3571 3770 2217 2443 3988 4363 4051 4403 159 257
4,2 16 87 2922 3220 3894 4343 2576 2946 2827 3220 1462 1663
4,3 6 61 2878 3078 4045 4393 3388 3674 4115 4466 0 73
4,4 9 87 517 665 3339 3663 2742 3031 3906 4270 384 503
4,5 14 79 3438 3711 2281 2564 820 1123 3130 3514 1096 1286
5,1 31 72 3636 4080 402 788 1212 1693 0 343 5090 5422
5,2 12 82 1337 1605 2659 2958 3066 3390 3388 3742 773 932
5,3 14 67 3067 3356 3137 3486 4052 4504 3254 3635 1286 1462
5,4 12 96 3899 4198 2790 3075 2456 2806 3519 3885 932 1096
5,5 16 80 261 493 1494 1699 2914 3286 2976 3386 1663 1861
Earliest start: 168 168 254 268 0
Latest start: 4104 4045 4052 4115 5090

Q pr i heuristic 1. The beginning and finishing moments of
the manufacturing process are given.

Table 14 presents the simulation results of parallel man-
ufacturing for Q pr ii at random, Q repl ii at random, and
Q lfc ii at random as well as for Q pr ii heuristic 2. The first
three results were obtained by means of carrying out 5000
simulations for every approach and choosing the best result
satisfying each criterion. Both the parallel manufacturing
time for each order and the cost of parallel manufacturing
for each order are given. The costs are summed for every
approach and their average value is calculated.

As seen in Table 14 the lowest parallel manufacturing
cost is obtained by implementing Q pr ii at random whereas
Q lfc ii at random proves to be the most expensive when
implemented.

Table 15 presents costs in case of prolonged manufactur-
ing for sample data. The regular intervals of 10 costs units are
taken into account for illustration reasons. The simulations
were carried out for:

(1) Q pr ii at random is the best result of 5000 simula-
tions for the minimal manufacturing time criterion
with the use of strategy ii. where heuristics are drawn
at random.

(2) Q repl ii at random is the best result of 5000 simula-
tions for the minimal replacement time criterion with
the use of strategy ii. where heuristics are drawn at
random.

(3) Q lfc ii at random is the best result of 5000 simula-
tions for the minimal lost flow capacity criterion with
the use of the strategy ii. where heuristics are drawn
at random.

(4) Q pr ii heuristic 2: strategy ii. is implemented for
heuristic 2.

(5) Q pr i heuristic 1: strategy i. is implemented for
heuristic 1.

As seen in Table 15 and subsequently in Figure 8 the
minimal prolonged manufacturing costs are generated by
Q pr i heuristic 1 which does not satisfy the minimal manu-
facturing time criterion.These costs equal the costs generated
in case of implementing Q pr ii at random when 𝑐𝑝𝑟𝑜𝑙 =
90989,09307692 (see Table 16) and then start growing when
the unit manufacturing cost increases making the manufac-
turing process unprofitable if this strategy is unchanged.

Figure 8 is the graphic representation of prolonged man-
ufacturing. Each of the five approaches is described by its
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Table 14: Costs of parallel manufacturing.

𝑚, 𝑛 𝑧0𝑚,𝑛 𝜏𝑝𝑎𝑟(𝜋)𝑄 𝑝𝑟 𝑐𝑝𝑎𝑟(𝜋)𝑄 𝑝𝑟 𝜏𝑝𝑎𝑟(𝜋)𝑄 𝑟𝑒𝑝𝑙 𝑐𝑝𝑎𝑟(𝜋)𝑄 𝑟𝑒𝑝𝑙 𝜏𝑝𝑎𝑟(𝜋)𝑄 𝑙𝑓𝑐 𝑐𝑝𝑎𝑟(𝜋)𝑄 𝑙𝑓𝑐 𝜏𝑝𝑎𝑟(𝜋)𝑖𝑖 ℎ𝑐 2 𝑐𝑝𝑎𝑟(𝜋)𝑖𝑖 ℎ𝑐 2

1,1 29 150 528,00 108 380,16 317 1115,84 68 239,36
1,2 24 75 264,00 75 264,00 228 802,56 123 432,96
1,3 26 71 249,92 84 295,68 158 556,16 83 292,16
1,4 27 88 309,76 39 137,28 140 492,80 36 126,72
1,5 22 135 475,20 106 373,12 206 725,12 237 834,24
2,1 9 69 242,88 235 827,20 179 630,08 276 971,52
2,2 25 138 485,76 305 1073,60 205 721,60 64 225,28
2,3 10 0 0,00 108 380,16 215 756,80 229 806,08
2,4 7 158 556,16 228 802,56 86 302,72 284 999,68
2,5 10 79 278,08 63 221,76 295 1038,40 256 901,12
3,1 23 134 471,68 230 809,60 304 1070,08 239 841,28
3,2 24 152 535,04 312 1098,24 86 302,72 172 605,44
3,3 28 149 524,48 181 637,12 175 616,00 110 387,20
3,4 19 88 309,76 167 587,84 120 422,40 252 887,04
3,5 27 124 436,48 125 440,00 170 598,40 91 320,32
4,1 7 134 471,68 162 570,24 311 1094,72 288 1013,76
4,2 16 153 538,56 298 1048,96 204 718,08 244 858,88
4,3 6 156 549,12 0 0,00 242 851,84 0 0,00
4,4 9 68 239,36 244 858,88 206 725,12 284 999,68
4,5 14 140 492,80 143 503,36 153 538,56 260 915,20
5,1 31 181 637,12 110 387,20 213 749,76 75 264,00
5,2 12 145 510,40 168 591,36 208 732,16 223 784,96
5,3 14 154 542,08 229 806,08 0 0,00 247 869,44
5,4 12 172 605,44 157 552,64 230 809,60 245 862,40
5,5 16 67 235,84 52 183,04 220 774,40 256 901,12
Sum: 2980 10489,60 3929 13830,08 4871 17145,92 4642 16339,84
Average: 119,2 419,58 157,16 553,2032 194,84 685,8368 185,68 653,5936

Table 15: Prolonged manufacturing costs for sample data.

𝑐𝑝𝑟𝑜𝑙 Q pr ii at random Q repl ii at random Q lfc ii at random Q pr ii heuristic 2 Q pr i heuristic 1
10,00 90989,09 96400,77 110836,30 108291,36 79712,00
15,00 90989,09 96585,77 111576,30 108841,36 85042,00
20,00 90989,09 96770,77 112316,30 109391,36 90372,00
25,00 90989,09 96955,77 113056,30 109941,36 95702,00
30,00 90989,09 97140,77 113796,30 110491,36 101032,00
35,00 90989,09 97325,77 114536,30 111041,36 106362,00
40,00 90989,09 97510,77 115276,30 111591,36 111692,00
45,00 90989,09 97695,77 116016,30 112141,36 117022,00
50,00 90989,09 97880,77 116756,30 112691,36 122352,00
55,00 90989,09 98065,77 117496,30 113241,36 127682,00
60,00 90989,09 98250,77 118236,30 113791,36 133012,00

function showing the dependence of the base manufacturing
costs on the unit cost.

Manufacturing and prolonged manufacturing costs are
included in Figure 8 . The vertical axis presents the values
which are the sum of the base manufacturing costs and
prolonged manufacturing costs. The horizontal axis presents

the values adequate to the unit cost of the prolonged man-
ufacturing. The obvious thing that emerges is the fact that
Q pr i heuristic 1 is profitable till the moment when the
unit cost of the prolonged manufacturing reaches the value
of 20,57888656 and the cost is on par with the costs of
the manufacturing approach Q pr ii at random. The sum of
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Figure 8: Prolonged manufacturing costs.

Table 16: Prolonged manufacturing costs, intersection points.

𝑐𝑝𝑟𝑜𝑙 Q pr ii at random Q repl ii at random Q lfc ii at random Q pr ii heuristic 2 Q pr i heuristic 1
20,57888656 90989,09307692 96792,18495670 112401,97290374 109455,03444509 90989,09307692
26,21843164 90989,09307692 97000,84812439 113236,62557449 110075,38440308 97000,84812439
39,89472481 90989,09307692 97506,87097200 115260,71696492 111579,77665272 111579,77665272
43,90446372 90989,09307692 97655,23131138 115854,15832244 112020,84793196 115854,15832244

the real manufacturing time and prolonged manufacturing
time reach the value of 90989,09307692. Table 16 analy-
ses prolonged manufacturing costs and shows intersection
points of functions representing implementedmanufacturing
approaches included in Figure 8 .

Table 16 enables us to notice that Q pr i heuristic 1
matches

Q pr ii at random for 𝑐𝑝𝑟𝑜𝑙 = 20,57888656
Q repl ii at random for 𝑐𝑝𝑟𝑜𝑙 = 26,21843164
Q lfc ii at random for 𝑐𝑝𝑟𝑜𝑙 = 43,90446372
Q pr ii heuristic 2 for 𝑐𝑝𝑟𝑜𝑙 = 39,89472481

Finally, the comparative cost analysis of the five discussed
approaches is carried out. Initial data for this analysis result
from calculations taking into account data included in Tables
1–7. The input data for the analysis include 25 components
shown in Tables 17 and 18.

Finally, the results sought for are presented in Table 19 and
Figures 9–13 and include the results of the comparative cost
simulation for five approaches:

(1) Q pr ii at random;
(2) Q repl ii at random;
(3) Q lfc ii at random;
(4) Q pr ii heuristic 2;
(5) Q pr i heuristic 1.
As seen in Table 19 and Figures 9–13 in terms of com-

bined logistics costs and direct production costs the best is the
manufacturing approach Q pr i heuristic 1 whereas in terms
of parallel production costs the approachQ pr ii at random is
the best as these costs are not generated byQ pr i heuristic 1.
On the other hand, when replacement costs are taken into
account the approach Q repl ii at random wins; however,
the lowest lost flow capacity costs are generated in case of
Q lfc ii at random.
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Figure 9: Combined logistics costs.
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Figure 10: Direct production costs.
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Figure 11: Parallel production costs.

5. Conclusions

Thearticle emphasises the problem ofmodelling the complex
manufacturing system. The goal is to find such an arrange-
ment of production activities, respectively, production paths
for a given set of orders that is effective from the time and
cost point of view. First of all, the mathematical model of
the system consisting of necessary assumptions creates the
basis for building the simulation tool which is implemented
to carry out simulations of the manufacturing process. The
proposed system with certain data can be evaluated from
the point of view of the implemented strategy, heuristic,
total production time, effective production time, robotic arm
work, total replacement time, lost flow capacity, final flow
capacity, total transportation time, system state indicator,
system wear indicator, and system flexibility indicator.

The simulation approach may lead to finding the satisfac-
tory solution from the point of view of either the minimal
total production time criterion or the minimal replacement
time criterion or the minimal lost flow capacity criterion.
However, the best achieved result satisfying one analysed
criterion does not usually satisfy the others. This leads to the
concept of building the multicriteria models which should
be devoted to finding the satisfactory solution. Searching for
satisfactory solutions is limited by the number of simulations
carried out. The bigger the number of simulations, the
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Figure 12: Replacement costs.
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Figure 13: Lost flow capacity costs.

greater the probability of finding a better solution. The only
limitation is the time and resources of the software and
hardware.

Another important issue is to detect when a manufactur-
ing approach stops being profitable and requires alternating
into the one which does not generate excessive costs. This
case is illustrated by the analysis of prolonged manufacturing
costs.The intersection points inform the system operator that
it is the rightmoment to change the manufacturing approach.

Minimising the order making time remains the main cri-
terion to be discussed; however, verification of order making
is to be carried out from the point of view of minimising costs
which should result in creating a two-criterion model. On the
basis of practical observations of manufacturing processes
times of operations must be modified in order to make
calculations more precise. Creating a simulation tool on the
basis of the above assumptionswill enable the authors to carry
out simulation experiments analysis of which should result in
general conclusions.

Another important factorwhich needs to be considered is
how to control the production process in order to minimise
the lost flow capacity of tools; i.e., the best option is to replace
fully worn out tools only.

In case of considering prolonged manufacturing up till a
certain moment the so far manufacturing approach becomes
unprofitable. Therefore, the so-called cost intersection point
shows the maximal unit cost of prolonged manufacturing.

Moreover, it is important to bear in mind that the model
presented in the paper is only one way of showing how
complex it is to prepare the information support for logistics
business systems. First of all, it is unavoidable to carry
out a thorough analysis of the real existing system which
results in specification assumptions as well as the project
of the system. These steps are the basis for building the
proper simulation tool thoroughly tested and verified before
being implemented into the real company.This paper focuses
mainly on connecting mathematical modelling of the sample
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hypothetical system which are more than often found in the
automotive industry supplying companies as manufacturing
tasks are subject to frequent changes; however, costs are
to be calculated immediately to enable both the customer
and the manufacturer to carry out financial negotiations.
There is always a gap to modify the real costs nevertheless;
the starting point for subsequent negotiations should be
marked.

The research objectives are fully met in the form of the
mathematical model of the complex manufacturing system
which is the basis for the dedicated simulator. The created
simulator is the information tool which enables the simula-
tion of the sample manufacturing process. The results of the
simulation process are evaluated in detail in the case study
section. Simulation experiments let us draw conclusions
concerning functioning of the specific system supplied with
sample introductory data. It is necessary tomention that each
manufacturing system is autonomous and more than often
requires equipping it with the adjusted information tool as
the available platform tools lack unavoidable functionalities
that need to be implemented.The research in our case focuses
on laying foundations for the proper analysis of the modelled
problemwith the aim of preparing an error-free specification
for the dedicated simulator of the manufacturing system.The
simulator required thorough testing and validation before it
could be employed to solve tasks stated in the paper.However,
there are also specification limitations as the modelled system
required adequate simplification in order to be able to let
us build the simulation tool in its present form. There are
numerous possibilities of adding extra functionalities to the
specification with the aim of equipping the simulator with
them in case of project needs. The approach to solving
the problem of modelling a complex manufacturing system
with the subsequent simulation experiments seems to be a
useful contribution for academics who lecture on modelling
and simulation matters. From the practical point of view
the article presents a useful method of modelling logistics
systems which leads to building a dedicated simulator of the
manufacturing system which is an unavoidable information
tool for training operators of logistics systems.

Further studies should focus on analysing various logis-
tics systems characterised by their own interdependencies. It
is obvious that each of them requires their own specification
and project. Nevertheless, it is advisable to focus on the
approach which could help develop a simulation tool that is
able to carry out simulation experiments in similar types of
manufacturing logistics systems.

Symbols

𝐶𝑎𝑠𝑠𝑒𝑏𝑙(𝜋): The matrix of unit assembling costs of tools
in the 𝜋-th manufacturing subsystem

𝐶𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)𝑖,𝑗 : The unit assembling cost of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem

𝐶𝑎𝑠𝑠𝑎𝑚𝑏𝑙(𝜋) 0𝑚,𝑛 : The assembling costs of tools in case of
making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶𝑑𝑖𝑠𝑎(𝜋): The matrix of unit disassembling costs of
tools in the 𝜋-th manufacturing subsystem

𝐶𝑑𝑖𝑠𝑎𝑠𝑙(𝜋)𝑖,𝑗 : The unit disassembling cost of the tool in
the machine placed in the 𝑖-th row of the
𝑗-th column in the 𝜋-th subsystem

𝐶𝑑𝑖𝑠𝑎𝑠(𝜋) 0𝑚,𝑛 : The disassembling costs of tools in case of
making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶𝑝𝑟(𝜋)𝑚,𝑛 : The matrix of unit manufacturing costs in
the 𝜋-th manufacturing subsystem

𝐶𝑝𝑟(𝜋)(𝑚,𝑛)/(𝑖,𝑗): The unit cost of manufacturing the 𝑛-th
order for the 𝑚-th customer in the 𝑗-th
machine in the 𝑖-th row in the 𝜋-th
manufacturing subsystem

𝐶∑𝑝𝑟(𝜋) 0𝑚,𝑛 : The cost of manufacturing the order 𝑧0𝑚,𝑛 in
the 𝜋-th manufacturing subsystem

𝐶𝑓𝑎𝑖𝑙(𝜋): The matrix of possible maintenance costs
due to failure of the 𝜋-th manufacturing
subsystem

𝐶𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 : The unit cost of possible maintenance
procedures due to failure of tools while
making the 𝑛-th order for the 𝑚-th
customer in the 𝜋-th manufacturing
subsystem

𝐶𝑓𝑎𝑖𝑙(𝜋) 0𝑚,𝑛 : The costs of possible failure maintenance in
case of making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶𝑡𝑟(𝜋)󳨀→∙ : The matrix of unit transportation costs for
semiproducts from machines to the key
point in the 𝜋-th manufacturing subsystem

𝐶𝑡𝑟(𝜋)(𝑖,𝑗)/󳨀→∙: The unit transportation time of products
from the machine placed in the 𝑖-th row of
the 𝑗-th column to the key point in the 𝜋-th
subsystem

𝐶𝑡𝑟(𝜋) 0
(𝑚,𝑛)/󳨀→∙: The transportation costs for semiproducts

from machines to the key point in case of
making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶𝑡𝑟(𝜋)∙󳨀→ : The matrix of unit transportation costs for
semiproducts from the key point in the
𝜋-th manufacturing subsystem

𝐶𝑡𝑟(𝜋)
∙󳨀→(𝑖,𝑗󸀠)

: The unit transportation cost of products
from the key point to the machine placed in
placed in the row 𝑖 of the column 𝑗󸀠 in the
𝜋-th subsystem

𝐶𝑡𝑟(𝜋) 0(𝑚,𝑛)/∙󳨀→: The transportation costs for semiproducts
from the key point to machines in case of
making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶𝑡𝑟(𝜋)󳨀→buffer : The matrix of unit transportation costs for
semiproducts transported frommachines
to buffer stores in the 𝜋-th manufacturing
subsystem

𝐶𝑡𝑟(𝜋)
(𝑖,𝑗)󳨀→𝑏𝑗

: The unit transportation cost of a product
transported from the machine placed in the
𝑖-th row of the 𝑗-th column to the 𝑗-th
buffer store in the 𝜋-th subsystem
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𝐶𝑡𝑟(𝜋) 0󳨀→buffer : The transportation costs for semiproducts
transported to buffer stores from machines
in case of making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶(𝜋)𝑤𝑠𝑡 : The matrix of unit costs of storing charge
materials in the 𝜋-th manufacturing
subsystem

𝐶(𝜋)𝑠𝑡
𝑤/(𝑚,𝑛): The storing cost of the 𝑤-th charge material

for making the 𝑛-th product for the 𝑚-th
customer in the machine placed in the 𝜋-th
plant

𝐶(𝜋)𝑏𝑢𝑓 𝑠𝑡: The matrix of unit costs of storing
semiproducts in the buffer stores in the
𝜋-th manufacturing subsystem

𝐶(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 : The storing cost of the 𝑛-th semiproduct
made for the 𝑚-th customer in the available
buffer stores in the 𝜋-th manufacturing
subsystem

𝐶(𝜋)𝑏𝑢𝑓 𝑠𝑡max : Costs of storing semiproducts in the buffer
stores in the 𝜋-th manufacturing subsystem

𝐶(𝜋)𝑠𝑡 𝑧: The matrix of unit costs of storing ready
products in the 𝜋-th manufacturing
subsystem

𝐶(𝜋)𝑠𝑡 𝑧𝑚,𝑛 : The unit storing cost of the 𝑛-th ready
product made for the 𝑚-th customer in the
ready product store in the 𝜋-th
manufacturing subsystem

𝐶(𝜋)storage : The total storing costs in the ready product
store in the 𝜋-th manufacturing subsystem

𝐶(𝜋)𝑚𝑎𝑖𝑛: The matrix of maintenance costs in the 𝜋-th
manufacturing subsystem

𝐶(𝜋)𝑚𝑎𝑖𝑛𝑖,𝑗 : The maintenance cost of the machine
placed in the 𝑖-th row of the 𝑗-th column in
the 𝜋-th manufacturing plant

𝐶(𝜋)still: The matrix of standstill costs in the 𝜋-th
manufacturing subsystem

𝐶(𝜋)still(i,j)/(m,n): The unit standstill costs in case of making
the 𝑛-th product for the 𝑚-th customer in
the machine placed in the 𝑖-th row of the
𝑗-th column in the 𝜋-th manufacturing
subsystem

𝐶(𝜋) ℎ𝑒𝑢𝑟: The matrix of costs of implementing
heuristic algorithms in the 𝜋-th
manufacturing subsystem

𝐶(𝜋) ℎ𝑒𝑢𝑟(𝑖,𝑗)/(𝑚,𝑛): The cost of implementing heuristic
algorithms in case of making the 𝑛-th
product made for the 𝑚-th customer in the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th manufacturing
subsystem

𝐶(𝜋) hc: The matrix of hidden operating costs in the
𝜋-th manufacturing subsystem

𝐶(𝜋) hc(i,j)/(m,n): The hidden unit cost in case of making the
𝑛-th product for the 𝑚-th customer in the
machine placed in the 𝑖-th row of the 𝑗-th
column of the 𝜋-th manufacturing
subsystem

𝐶𝑏𝑎𝑠𝑒 𝛿: The base manufacturing costs for the
given 𝛿-th approach

𝐶𝑡𝑟(𝜋)
𝑏𝑢𝑓𝑓𝑒𝑟󳨀→: The matrix of unit transportation costs for

semiproducts transported from buffer
stores to machines in the 𝜋-th
manufacturing subsystem

𝐶𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
: The transportation cost of a product from

the 𝑗-th buffer store to machine placed in
the 𝑖-th row of the column 𝑗󸀠 in the 𝜋-th
subsystem

𝐶𝑡𝑟(𝜋) 0buffer󳨀→: The unit transportation costs for
semiproducts transported from buffer
stores to machines in case of making the
order in the 𝜋-th manufacturing
subsystem

𝐶𝑡𝑟(𝜋)
𝑐ℎ󳨀→: The matrix of unit transportation costs for

the charge material from the store of
charges to machines in the 𝜋-th
manufacturing subsystem

𝐶𝑡𝑟(𝜋) (𝑚,𝑛)
𝑐ℎ󳨀→(𝑖,𝑗) : The unit transportation cost of the charge

material to the machine placed in the 𝑖-th
row of the 𝑗-th column in case of making
the 𝑛-th order for the 𝑚-th customer in
the 𝜋-th subsystem

𝐶𝑡𝑟(𝜋) (𝑚,𝑛) 0
𝑐ℎ󳨀→ : The total transportation costs of charge

material transported from the charge store
to machines in case of making the order
𝑧0𝑚,𝑛 in the 𝜋-th manufacturing subsystem

𝐶𝑡𝑟(𝜋)(𝑖,𝑗)󳨀→𝑧𝑠𝑡
: The matrix of unit transportation costs of

ready products to the product store in the
𝜋-th manufacturing subsystem

𝐶𝑡𝑟(𝜋) (𝑚,𝑛)
(𝑖,𝑗)󳨀→𝑧𝑠𝑡

: The unit transportation cost of the ready
product transported the product store in
case of making the 𝑛-th order for the 𝑚-th
customer in the 𝜋-th subsystem

𝐶𝑡𝑟(𝜋) (𝑚,𝑛) 0
(𝑖,𝑗)󳨀→𝑧𝑠𝑡

: The transportation cost of a ready product
transported to the product store in case of
making the order 𝑧0𝑚,𝑛 in the 𝜋-th
manufacturing subsystem

𝐶𝑝𝑎𝑟(𝜋)
𝑄 𝛿 : The matrix of parallel manufacturing costs

in the 𝜋-th manufacturing subsystem
𝐶𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

: The manufacturing cost of making the
𝑛-th order for the 𝑚-th customer and the
𝑛󸀠-th order for the 𝑚󸀠-th customer in a
parallel way in the 𝜋-th subsystem with
the use of the 𝛿-th criterion

𝐶𝛼/𝜋: The matrix of costs of replacement
operations in the 𝜋-th manufacturing
subsystem

𝐶𝛼/𝜋𝑖,𝑗 : The replacement operation cost of the 𝛼-th
tool in the machine placed in the 𝑖-th row
of the 𝑗-th column in the 𝜋-th subsystem

𝐶𝛼𝑖𝑛 : The matrix of transportation costs for new
tools which are stored in the storing place
for tools in the 𝜋-th manufacturing
subsystem
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𝐶𝛼𝑖𝑛/𝜋𝑖,𝑗 : The transportation cost of the new 𝛼-th
type tool from the storing place to the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem

𝐶𝛼𝑜𝑢𝑡/𝜋: The matrix of transportation costs for worn
out tools to the storing place for used tools
in the 𝜋-th manufacturing subsystem

𝐶𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 : The transportation cost of the worn out
𝛼-th type tool from the machine placed in
the 𝑖-th row of the 𝑗-th column to the
storing place for worn out tools in the 𝜋-th
subsystem

𝐶𝜋𝑝𝑟𝑜𝑙 𝛿: The costs of prolonged manufacturing in
the 𝜋-th subsystem

𝐶𝜋𝑝𝑟𝑜𝑙: The unit cost of prolonged manufacturing
in the 𝜋-th subsystem

𝐶𝜋𝑟𝑒𝑝𝑙: The cost of the replacement process in the
𝜋-thmanufacturing subsystem

𝐶𝜋𝑟𝑒𝑝𝑙: The unit cost of the replacement process in
the 𝜋-th manufacturing subsystem

𝐶𝜋𝑙𝑓𝑐: The cost of the lost flow capacity in the 𝜋-th
manufacturing subsystem

𝐶𝜋𝑙𝑓𝑐: The unit cost of the lost flow capacity after
completing the manufacturing process in
the 𝜋-th manufacturing subsystem

𝐶𝜋𝑓𝑐: The company cost of the 𝜋-th
manufacturing subsystem

𝐶𝜋fix: The fixed manufacturing cost of the 𝜋-th
manufacturing subsystem

𝐶𝜋𝑜𝑝 (𝑄 𝛿): The logistics costs of the 𝜋-th
manufacturing subsystem

𝐶𝜋𝑄 𝛿: The approach cost of the 𝜋-th
manufacturing subsystem

𝐷: The matrix of routes
𝑑(𝑚,𝑛),𝑗: The number of the 𝑖-th row through which

the 𝑛-th semiproduct for the𝑚-th customer
is passed throughout the manufacturing
process

𝐸: The general matrix of structure of the
manufacturing system

𝑒𝜋(𝑚,𝑛)/(𝑖,𝑗): A machine located in the 𝑖-th row of the
𝑗-th column in the 𝜋-th subsystem
dedicated to performing a manufacturing
operation on the 𝑛-th order for the𝑚-th
customer with the use of a certain type of
tool

𝐺: The base life matrix of tools used in the
manufacturing system of a new brand set of
tools used to manufacture elements of the
order matrix

𝑔𝛼𝑛/(𝑖,𝑗): The base number of units of the 𝑛-th
product which can be manufactured in the
machine in the 𝑖-th row of the 𝑗-th column
before the 𝛼-th dedicated tool is completely
worn out and requires an immediate
replacement

𝐻: The adjustment matrix of tools to machines

ℎ𝛼𝑖,𝑗: The adjustment of the 𝛼-th tool to the
machine placed in the 𝑖-th row of the 𝑗-th
column

𝑖: The number of the row in the system,
𝑖 = 1, . . . , 𝐼

𝑗: The number of the column in the system,
𝑗 = 1, . . . , 𝐽

𝑘: The stage number, 𝑘 = 1, . . . , 𝐾
𝐾: The total number of system decisions

necessary to produce all order matrix
elements approved for manufacturing at the
stage 𝑘 = 0

𝑚: The number of the customer,𝑚 = 1, . . . ,𝑀
𝑛: The type of order, 𝑛 = 1, . . . , 𝑁
min 𝜏𝜋 𝑒𝑛𝑑𝛿 : The time of completing making the order

by the manufacturing approach minimising
the manufacturing time in the 𝜋-th
subsystem

𝑃(𝛼/𝜋) 𝑘𝑛 : The capacity matrix of the 𝜋-th
manufacturing subsystem

𝑝(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) : The number of the 𝑛-th product units
which still can be made in the machine in
the 𝑖-th row of the 𝑗-th column with the use
of the 𝛼-th tool in the 𝜋-th subsystem at the
𝑘-th state

𝑄𝑙𝑓𝑐: The criterion of lost flow capacity of tools
𝑄𝑝𝑟: The time criterion of the production process
𝑄𝑟𝑒𝑝𝑙: The criterion of the replacement process
𝑆(𝛼/𝜋) 𝑘𝑛 : The matrix of state of the the 𝜋-th

manufacturing subsystem
𝑆(𝛼/𝜋) 𝑘𝑛/(𝑖,𝑗) : The number of units of the 𝑛-th product

already made in the machine in the 𝑖-th row
of the 𝑗-th column with the use of the 𝛼-th
tool in the 𝜋-th subsystem at the 𝑘-th state

𝑇𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋): The matrix of assembling times of tools in
the 𝜋-th subsystem

𝜏𝑎𝑠𝑠𝑒𝑚𝑏𝑙(𝜋)(𝑖,𝑗) : The assembling time of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem

𝑇𝑑𝑖𝑠𝑎𝑠(𝜋): The matrix of disassembling times of tools
in the 𝜋-th subsystem

𝜏𝑑𝑖𝑠𝑎𝑠(𝜋)(𝑖,𝑗) : The disassembling time of the tool in the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem

𝑇𝑝𝑟(𝜋): The matrix of production times in the 𝜋-th
manufacturing system

𝜏𝑝𝑟(𝜋)
(𝑚,𝑛)/(𝑖,𝑗): The production time of the 𝑛-th type of

product for the 𝑚-th customer in the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem

𝜏𝜋 𝑒𝑛𝑑𝛿 : The time of completing making the order
by the 𝛿-th approach in the 𝜋-th subsystem

𝜏𝜋𝑟𝑒𝑝𝑙: The total replacement time in the 𝜋-th
manufacturing subsystem

𝑇𝑡𝑟(𝜋)󳨀→∙ : The matrix of transportation times for
semiproducts from machines to the key
manipulation point in the 𝜋-th subsystem
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𝜏𝑡𝑟𝑙(𝜋)(𝑖,𝑗)/󳨀→∙: The transportation time of products from
the machine placed in the 𝑖-th row of the
𝑗-th column to the key point in the 𝜋-th
manufacturing system

𝑇𝑡𝑟(𝜋)∙󳨀→ : The matrix of transportation times for
semiproducts from the key point to
machines in the 𝜋-th subsystem

𝜏𝑡𝑟(𝜋)
∙󳨀→/(𝑖,𝑗󸀠)

: The transportation time of products from
the key point to the machine placed in to
the machine placed in the row 𝑖 of the
column 𝑗󸀠 in the 𝜋-th manufacturing
system

𝑇𝑡𝑟(𝜋)󳨀→buffer : The matrix of transportation times for
semiproducts from machines to their buffer
stores in the 𝜋-th subsystem

𝜏𝑡𝑟(𝜋)
(𝑖,𝑗)󳨀→𝑏𝑗

: The transportation time of a product from
the machine placed in the 𝑖-th row of the
𝑗-th column to the 𝑗-th buffer store in the
𝜋-th manufacturing system

𝑇𝑡𝑟(𝜋)buffer󳨀→: The matrix of transportation times for
semiproducts from buffer stores to
machines in the 𝜋-th subsystem

𝜏𝑡𝑟(𝜋)
𝑏𝑗󳨀→(𝑖,𝑗

󸀠)
: The transportation time of a product from

the 𝑗-th buffer store to machine placed in
the 𝑖-th row of the column 𝑗󸀠 in the 𝜋-th
manufacturing system

𝑇𝑡𝑟(𝜋)𝑐ℎ󳨀→: The matrix of unit transportation times for
charge material from the store of charges to
machines in the 𝜋-th subsystem

𝜏𝑡𝑟(𝜋) (𝑚,𝑛)
𝑐ℎ󳨀→(𝑖,𝑗) : The unit transportation time of the charge

material to the machine placed in the 𝑖-th
row of the 𝑗-th column in case of making
the 𝑛-th order for the 𝑚-th customer in the
𝜋-th manufacturing system

𝑇𝑡𝑟(𝜋)󳨀→𝑧𝑠𝑡
: The matrix of unit transportation times for

ready products to the product store in the
𝜋-th subsystem

𝜏𝑡𝑟(𝜋) (𝑚,𝑛)
(𝑖,𝑗)󳨀→𝑧𝑠𝑡

: The unit transportation time of the ready
product from the machine placed in the
𝑖-th row of the 𝑗-th column to the product
store in case of making the 𝑛-th order for
the 𝑚-th customer in the 𝜋-th
manufacturing system

𝑇(𝜋)𝑠𝑡𝑤 : The matrix of times of storing charge
materials in the 𝜋-th subsystem

𝜏(𝜋)𝑠𝑡𝑤/(𝑚,𝑛): The time of storing the 𝑤-th charge
material for making the 𝑛-th product for
the 𝑚-th customer in the charge store for
the 𝜋-th plant

𝑇(𝜋)𝑏𝑢𝑓 𝑠𝑡: The matrix of times of storing semiproducts
in buffer stores in the 𝜋-th subsystem

𝜏(𝜋)𝑏𝑢𝑓 𝑠𝑡𝑚,𝑛 : The average storing time of the 𝑛-th
semiproduct made for the𝑚-th customer in
the available buffer store in the 𝜋-th plant

𝑇(𝜋)𝑠𝑡 𝑧: The matrix of times of storing ready
products in the 𝜋-th subsystem

𝜏(𝜋)𝑠𝑡 𝑧𝑚,𝑛 : The storing time of the 𝑛-th ready product
made for the 𝑚-th customer in the ready
product store of the 𝜋-th manufacturing
system

𝑇𝑝𝑎𝑟(𝜋)
𝑄 𝛿 : Matrix of parallel manufacturing times in

the 𝜋-th subsystem with the use of the
𝛿-th criterion

𝜏𝑝𝑎𝑟(𝜋)
𝑄 𝛿 (𝑚,𝑛)/(𝑚󸀠,𝑛󸀠)

: The parallel manufacturing time of
making the 𝑛-th order for the 𝑚-th
customer and the 𝑛󸀠-th order for the𝑚󸀠-th
customer in the 𝜋-th subsystem with the
use of the 𝛿-th criterion

𝜏𝑝𝑎𝑟(𝜋) 𝑠𝑡𝑎𝑟𝑡
𝑄 𝛿 (𝑚,𝑛) : The moment of beginning making the

𝑛-th order for the 𝑚-th customer and the
𝑛󸀠-th order for the 𝑚󸀠-th customer in the
𝜋-th subsystem with the use of the 𝛿-th
criterion

𝜏𝑝𝑎𝑟(𝜋) 𝑒𝑛𝑑𝑄 𝛿 (𝑚,𝑛) : The moment of finishing making the 𝑛-th
order for the 𝑚-th customer and the 𝑛󸀠-th
order for the 𝑚󸀠-th customer in the 𝜋-th
subsystem with the use of the 𝛿-th
criterion

𝑇𝛼/𝜋: The matrix of times of replacement
operations

𝜏𝛼/𝜋𝑖,𝑗 : The replacement operation time of the
𝛼-th tool in the machine placed in the 𝑖-th
row of the 𝑗-th column in the 𝜋-th
subsystem

𝑇𝛼𝑖𝑛 : The matrix of transportation times of new
tools which are stored in the storing place
for tools in the 𝜋-th subsystem

𝜏𝛼𝑖𝑛/𝜋𝑖,𝑗 : The transportation time of the new 𝛼-th
type tool from the storing place to the
machine placed in the 𝑖-th row of the 𝑗-th
column in the 𝜋-th subsystem

𝑇𝛼𝑜𝑢𝑡/𝜋: The matrix of transportation times for
worn out tools to the storing place for
used tools in the 𝜋-th subsystem

𝜏𝛼𝑜𝑢𝑡/𝜋𝑖,𝑗 : The transportation time of the worn out
𝛼-th type tool from the machine placed in
the 𝑖-th row of the 𝑗-th column to the
storing place for worn out tools in the 𝜋-th
subsystem

𝑥𝑘𝑚,𝑛: The number of units of the 𝑛-th order for
the 𝑚-th customer is made at the 𝑘-th
stage

𝑍𝑘: The matrix of orders at the 𝑘-th stage
𝑧𝑘𝑚,𝑛: The state of the 𝑛-th order set by the 𝑚-th

customer at the 𝑘-th stage
𝑧𝑘𝜇,𝜂: The element to be made in the

manufacturing zone at the 𝑘-th stage
𝛼: The 𝛼-th tool, 𝛼 = 1, . . . , 𝐴
𝛽: The 𝛽-th operation, 𝛽 = 1, . . . , 𝐵
Γ𝑓𝑎𝑖𝑙(𝜋): The matrix of probability coefficients of

failure of tools in the 𝜋-th manufacturing
subsystem
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𝛾𝑓𝑎𝑖𝑙(𝜋)𝑚,𝑛 : The probability coefficient of failure of tools
in case of making the 𝑛-th order for the
𝑚-th customer in the 𝜋-th manufacturing
subsystem

Δ𝜏𝜋𝑝𝑟𝑜𝑙 𝛿: The time of prolonged manufacturing
according for the 𝛿-th approach in the 𝜋-th
subsystem

Y: The matrix of adjustment of tools to
operations

𝜐𝛼,𝛽: Adjustment of the 𝛼-th tool to the 𝛽-th
operation

Θ0: The matrix of order priority
𝜃𝑘𝑚,𝑛: The priority of the manufacturing task for

the 𝑚-th customer who ordered the 𝑛-th
product at the 𝑘-th stage

Ξ𝜋: The vector of buffer zones in the 𝜋-th
manufacturing subsystem

𝜉𝜋𝑗 : The buffer zone behind the machine placed
in the 𝑗-th column in the 𝜋-th
manufacturing plant

𝜍𝜋𝑙𝑓𝑐: The number of lost flow capacity units after
completing the manufacturing process in
the 𝜋-th manufacturing subsystem

𝜍𝜋fix: The coefficient of stable costs in the 𝜋-th
manufacturing subsystem

Π: The total number of logistics
manufacturing centres

𝜋: The 𝜋-th logistics manufacturing centre.
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decision-making models, methods, and tools,” Mathematical
Problems in Engineering, vol. 2018, Article ID 9627917, 2 pages,
2018.

[41] R. Farahani, S. Rezapour, and L. Kardar, Logistics Operations
and Management: Concepts and Models, Elsevier, 1st edition,
2011.

[42] B. Chramcov, R. Bucki, and M. Trzopek, “Model based control
of production flows in the serial logistic process,” in Proceedings
of the 34th International Conference on Mathematical Methods
in Economics, pp. 313–318, 2016.

[43] H. Kaur and S. P. Singh, “Heuristic modeling for sustainable
procurement and logistics in a supply chain using big data,”
Computers and Operations Research, vol. 98, pp. 301–321, 2018.

[44] C.-C. Chen and P. Schonfeld, “A hybrid heuristic technique
for optimal coordination in intermodal logistics scheduling,”
International Journal of Shipping and Transport Logistics, vol. 9,
no. 4, pp. 475–499, 2017.

[45] A. Moreno, D. Alem, and D. Ferreira, “Heuristic approaches
for the multiperiod location-transportation problemwith reuse
of vehicles in emergency logistics,” Computers & Operations
Research, vol. 69, pp. 79–96, 2016.

[46] K.M. S. Alzaidi, O. Bayat, andO.N.Ucan, “A heuristic approach
for optimal planning and operation of distribution systems,”
Journal of Optimization, vol. 2018, Article ID 6258350, 19 pages,
2018.



Hindawi
www.hindawi.com Volume 2018

Mathematics
Journal of

Hindawi
www.hindawi.com Volume 2018

Mathematical Problems 
in Engineering

Applied Mathematics
Journal of

Hindawi
www.hindawi.com Volume 2018

Probability and Statistics
Hindawi
www.hindawi.com Volume 2018

Journal of

Hindawi
www.hindawi.com Volume 2018

Mathematical Physics
Advances in

Complex Analysis
Journal of

Hindawi
www.hindawi.com Volume 2018

Optimization
Journal of

Hindawi
www.hindawi.com Volume 2018

Hindawi
www.hindawi.com Volume 2018

Engineering  
 Mathematics

International Journal of

Hindawi
www.hindawi.com Volume 2018

Operations Research
Advances in

Journal of

Hindawi
www.hindawi.com Volume 2018

Function Spaces
Abstract and 
Applied Analysis
Hindawi
www.hindawi.com Volume 2018

International 
Journal of 
Mathematics and 
Mathematical 
Sciences

Hindawi
www.hindawi.com Volume 2018

Hindawi Publishing Corporation 
http://www.hindawi.com Volume 2013
Hindawi
www.hindawi.com

The Scientific 
World Journal

Volume 2018

Hindawi
www.hindawi.com Volume 2018Volume 2018

Numerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical Analysis
Advances inAdvances in Discrete Dynamics in 

Nature and Society
Hindawi
www.hindawi.com Volume 2018

Hindawi
www.hindawi.com

Di�erential Equations
International Journal of

Volume 2018

Hindawi
www.hindawi.com Volume 2018

Decision Sciences
Advances in

Hindawi
www.hindawi.com Volume 2018

Analysis
International Journal of

Hindawi
www.hindawi.com Volume 2018

Stochastic Analysis
International Journal of

Submit your manuscripts at
www.hindawi.com

https://www.hindawi.com/journals/jmath/
https://www.hindawi.com/journals/mpe/
https://www.hindawi.com/journals/jam/
https://www.hindawi.com/journals/jps/
https://www.hindawi.com/journals/amp/
https://www.hindawi.com/journals/jca/
https://www.hindawi.com/journals/jopti/
https://www.hindawi.com/journals/ijem/
https://www.hindawi.com/journals/aor/
https://www.hindawi.com/journals/jfs/
https://www.hindawi.com/journals/aaa/
https://www.hindawi.com/journals/ijmms/
https://www.hindawi.com/journals/tswj/
https://www.hindawi.com/journals/ana/
https://www.hindawi.com/journals/ddns/
https://www.hindawi.com/journals/ijde/
https://www.hindawi.com/journals/ads/
https://www.hindawi.com/journals/ijanal/
https://www.hindawi.com/journals/ijsa/
https://www.hindawi.com/
https://www.hindawi.com/

