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Spectral leakage in the harmonic measured by quasi-synchronous DFT (QSDFT) is mainly due to short-range leakage caused by
deviation in the signal frequency. By analysing the short-range-leakage characteristic of QSDFT, a linear-correction algorithm
(LCQS) for QSDFT’s harmonic-analysis results is proposed. LCQS contains two linear-correction equations: an amplitude-
correction equation and an initial-phase-angle-correction equation. The former is constructed by the least-squares method, whereas
the latter is generated based on the linear error characteristic of the QSDFT harmonic phase. Simulation and experimental results
indicate that this proposed algorithm can efficiently increase the accuracy of the harmonic parameters over a wide frequency range

by minimizing the short-range spectral leakage.

1. Introduction

Harmonic analysis technology can break down complex
signals into simple periodic ones to facilitate their under-
standing. This technique is widely used in many fields such
as power-quality monitoring, electronic product inspection,
and electrical equipment monitoring. The Fourier transform
method, including discrete Fourier transforms (DFTs) and
fast Fourier transforms (FFTs), is the most widely used
method for harmonic analysis. However, two types of spec-
trum leakage—i.e., long-range leakage caused by the trunca-
tion effect (finite points sampling) and short-range leakage
caused by the fence effect (asynchronous sampling)—appear
when DFT and FFT are applied, resulting in inaccurate and
untrustworthy analytical results [1-3]. Thus, many solutions
have been presented, including the windowed-interpolation
algorithm [4-7] and quasi-synchronous DFT (QSDFT) [8-
15].

The QSDFT algorithm is simple and easy to imple-
ment, and the measurement accuracy of the signal fre-
quency is high when the frequency is deviated [3]. However,
suppression of the short-range spectral leakage caused by
signal-frequency deviation is insufficient, limiting analytical
accuracy. Many improved methods to address this problem

have been presented in the literature, such as parameter-
adapted QSDFT [16], the periodic-sampling-points correc-
tion method [17], and the least-squares method [18]; however,
none can completely suppress spectral leakage. [19] proposed
the so-called variable picket fence (VPF) harmonic-analysis
method, which effectively suppresses short-range spectrum
leakage but requires two analytical operations to obtain
results, making it unsuitable for real-time operation.

QSDFT uses the multiple iterations integral method to
suppress spectral leakage; however, it causes the spectral
equation to become extremely complex, preventing a simple
interpolation-correction function for the frequency devia-
tion from being obtained. In this paper, a linear-correction
algorithm (LCQS) for QSDFT is proposed, containing two
equations: the amplitude-correction equation and the initial-
phase-angle-correction equation. It can easily correct the
errors caused by frequency deviation. Simulation and appli-
cation results show the validity of this algorithm.

2. QSDFT and VFP

2.1. QSDFT Algorithm. Consider a periodic signal, f(¢):

f)=A,+ ZAk sin (2mkfit + @) 1)
k=1
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Here, k is the harmonic order, A; and ¢, are the amplitude
and initial phase of the kth harmonic, respectively, and f; is
the frequency of f(t).

According to the sampling frequency fg and the number
of sampling points within a cycle N, uniformly spaced
sampling is performed W+1 times in the range [t,, £, + W xT§]
to obtain the sampled sequence f(i), i = 0 to W. Here,
W is determined by the integral method, W = nN, when
using trapezoidal integration methods; # is the number of
iterations.

Appling Egs. (2) and (3) to calculate the real part, g, and
the imaginary part, b, and thus the A, and ¢, values of the
kth harmonic, QSDFT is given by [8]

non 2% 2
a = 2F, (i) = G;yjf (i + j)cos <k§])

(2)
R PO o
b = 2F,; (i) = ag)yjf (i + j)sin <k§])
Ak =1 alf + blf
3)

a
=tg ! _k]
P =19 [bk

where i is the initial sampling point, normally i = 0; y; is
the weighting coeflicient, determined by the integral method,
nand N; and Q Z‘JZO y; is the sum of all weighting
coeflicients, with Q = (N + 1)" when W = nN.

Strictly whole-cycle synchronous sampling is difficult
to implement in the actual measurement process. Multiple
factors, including the precision and integer-multiple error of
the sampling clock and the signal-frequency deviation, will
affect the sampling process, leading to short-range leakage
of the discrete spectrum, as well as the most important
source of leakage, namely, signal-frequency deviation. In
theory, based on the convergence characteristics of multiple
iterations, QSDFT can suppress short-range leakage caused
by frequency deviation. However, the inhibitory effect upon
the short-range leakage is not significant during practical
applications.

[19] pointed out that high analytical precision for the
amplitude of QSDFT occurs only in the range of 50 + 0.1Hz
and that the initial-phase from QSDFT is untrustworthy
except when it is close to the original frequency. In other
words, QSDFT is almost completely incapable of suppressing
short-range spectrum leakage.

2.2. Rate of Signal-Frequency Deviation

Definition 1. The rate of signal-frequency deviation, y, is the
degree of signal-frequency deviation, which is defined as
follows:

Nf,
=1 4
U I2 (4)
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If the signal frequency does not deviate, y = 1; if it does,
p# land

Ap=p-1 (5)

Suppose N > (2 + Nf,/fs), fs/N > 2M|f,l, and nis a
large number; the following equations can be deduced from
[20]:

F:l = (Pu)n A, cos (21f,NTC,, + ¢ )

(6)
F:l = (p11)" Ay sin 27f,NTC,, + @1 )
Here, M is the maximum harmonic order,

i 1 1
c, =, (- _ _) 7
TN T2 TN @

1 sin (rf,NT.
Py = — (nfsNT;) )

N sin (nf,T)

The fundamental initial phase ¢, (i) analyzed by QSDFT
from the ith sample point is

=15 [ B0
Fy (@) )
] 1 1 N

=2fiNT [+ (5~ 5] o

For two adjacent sampling points, the fundamental
initial-phase difference is

2nf,

fs

For engineering applications, the fundamental initial
phases, ¢1(0) and ¢1(1), of the two adjacent sampling points
can be calculated from two starting points i = 0 and i = 1
with Eq. (2), so p is

Y= th_l [E;, (1) /Fy, (1)]2_ tg_l [E;, (0) /Fy, (0)] 1)
s

o i+1)—¢ ()= (10)

2.3. VFP Algorithm. [19] showed that when signal-frequency
deviation occurs, the sampling position in the frequency
domain is still 277/N (the corresponding analog frequency
fs/N), leading to great spectral leakage. Adjusting the
frequency-domain sampling position to y27/N (the corre-
sponding analog frequency uf ¢/N) will suppress short-range
spectrum leakage.
Thus, the improved VFP equation is

2 & u2m
o (Y= ZNy flig i < e )
=20 = 3 ) eos (K
(12)
2 & 224
=2F. ()==)Yy.f(i+j sin(k— )
be bk Qj;))’]f (i+j) N J
However, the introduction of the frequency-deviation

rate y leads to two problems for the implementation of the
VEP harmonic analysis algorithm:
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FIGURE 1: The discrete amplitude spectrum of QSDFT with signal frequency.

(1) the sine/cosine calculation of the Fourier transform
factor cannot be achieved using the look-up-table method,
and the computational cost increases significantly;

(2) the VFP harmonic calculation must be completed
after the sample is completed and cannot be calculated step
by step.

3. Linear-Correction Algorithm

3.1. Amplitude Correction. Because the spectral function of
QSDEFT is too complex, it is almost impossible to derive a
simple interpolation iterative formula to correct the analytical
error caused by frequency deviation. This paper gives a linear
amplitude-correction method based on the principle of least
squares, the specific idea of which is

(1) to construct the error curve between the fundamental
amplitude error and the rate of signal-frequency deviation y
according to the law relating these quantities;

(2) to obtain an equation for the error curve between
the fundamental amplitude and p using the least-squares
method, as well as the linear-correction equation between the
fundamental amplitude and y;

(3) to extend the linear-correction equation of fundamen-
tal amplitude to each harmonic and obtain such an equation
between each harmonic amplitude and .

We know that if the signal frequency f; deviates y times to
pf,, the spectrum peak of the QSDFT amplitude will stretch p
times along with the frequency axis to yf,/N, and amplitude-
analysis error will result from it if the peak is still found at
f./N. For example, there are three fundamental signals of
different frequencies with the same amplitude of 1: the ideal
signal frequency of 50 Hz, and the deviated frequencies at
40 Hz and 55 Hz; using QSDFT to analyze the harmonics of

these three signals, we find that they have peaks of amplitudes
A, B, and C, respectively (Figure 1, left). Obviously, only
the fundamental amplitude of 50 Hz obtained by QSDFT
is correct, and the obtained fundamental amplitudes of the
other two signals have larger errors.

Figure 1 suggests a means of obtaining the fundamental
amplitude-error curve of QSDFT. This involves recording the
fundamental amplitude-analysis results of these three signals,
together with their frequency deviations (0Hz, +5Hz, and -
10 Hz, resp.). Then, these deviations can be used as abscissas
(in units of hertz) and the fundamental amplitude can be
used as ordinates; points A, B, and C can then be plotted as
Figure 1, right. Then, the fundamental signal from 20 Hz to
80 Hz will be continuously generated and QSDFT harmonic
analysis will be carried out. The fundamental amplitude is
recorded and plotted, and its error curve can be obtained
(Figure 1, right). The equation of the QSDFT fundamental
amplitude-error curve is

ZY; Sm<2n (Au+1) )cos (%])
ZY; " n(2n(A‘u + 1)]) “in <2ﬁﬂ]>

Ay (Ap) = \ai (Ap) + b (Ap) (14)

The least-squares principle is employed to obtain the
solution of Eq. (14); set

Ay () = Y (A (15)



There are two unknown quantities, M and f3;, in Eq. (15)
when the error curve of the fundamental amplitude is known.
Assuming that M is known, set

F By
Py

B= : (16)
Bi

L B

Ay = [1 Apy -+ (A.”k)i (A#k)M] (17)
Thus,
A =4, (A(,tk) =AB (18)

We apply Egs. (13) and (14) to produce L-group data A,
and A, denoted as

FAL]
Aq
A=| (19)
A
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(AT L Ay - (Bpg) - (Bpg)
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A |1 Ay (A) e (By)
A= = (20)
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Then,
A=AB (21)
The least-squares solution of B is
B=(ATA) ATA (22)

The remaining issue is to determine the unknown quan-
tity M. Suppose the error between the fitted value and the true
value is

The mean square error of &y, is

L L
G = \jz(skz = \]Z (Alk - AkB)2 (24)
k=0 k=0
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In a certain range searching M to make G minimum, we
can obtain the value of M.

The number of iterations, n, is different, and the funda-
mental amplitude-error curve is not consistent. Table 1 shows
B; with different n.

We also know that the spectral peak of the kth harmonic
amplitude will deviate by kAy from the ideal position when
the signal frequency deviates by Ay, so the amplitude linear-
correction function of QSDFT is

L0 (Fp) + (Fp,)° (25)
o Ay (kdy)

3.2. Initial-Phase Angle Correction. Suppose N > (2 +
Nfilfs), fo/N > 2M]|f,], and n is a large number; the
following equation can be deduced from [20]:

[ F; .
@ =1tg ! [F—nk] =2nfNTC, + ¢, (26)
bk
So,
[ F!
‘Pzztgl(F—ik)z%Jka (27)
bk

Here, Cy, is a constant.

Eq. (27) suggests that there is a linear relationship
between the analytical results and the real values of the
harmonic initial-phase-angle of signal-frequency deviation.
However, no method for determining Cy, is given in [20].

A large number of simulation experiments show that Cy
is associated with the rate of signal-frequency deviation g,
the number of iterations 7, and the harmonic order k and is
not affected by the number of sampling points N and other
parameters. Thus, the initial-phase-angle linear-correction
function of QSDFT is

_ -1 Fl?a
oe=tg | o |~ Ck (28)
Fkb

where C;. = n(kAu)m.

3.3. Analytical Process of LCQS. The analytical process of
LCQS consists of five steps:

(1) sampling W +2 data. Adding one more sampling point
is necessary for LCQS due to the need for two starting points,
i=0andi=1;

(2) calculating F} (0), Fy; (0), F; (1), and Fy; (1) fori = 0
and i = 1, respectively, using Eq. (2);

(3) calculating ¢ and Ay by Egs. (11) and (5);

(4) calculating the raw amplitude and the initial phase of
each harmonic by Egs. (2) and (3);

(5) correcting the amplitude and the initial phase of each
harmonic using Eqgs. (25) and (28), respectively.

4. Simulation

We design two groups of simulation experiments to examine
the effectiveness of LCQS: an analytical-accuracy experiment
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FIGURE 2: The amplitude errors of these four methods. (a) Hanning, (b) QSDFT, (c) VFP, and (d) LCQS.

and a time complexity experiment. For comparison, we also
perform the same experiments with the Hanning interpola-
tion [21], QSDFT, and VFP methods.

4.1. Analytical-Accuracy Experiment. Some waveform signals
are generated from Eq. (29) to verify the analytical accuracy
of these four methods. The signals are measured with fg =
6,400 Hz, N = 128, and the number of iterations n = 8:

8
f®) =) Ay ysin[@k-1D)2nfit + 9y, ] (29)
k=1

Here, Ay, and @,;_, are arbitrary; f; = 49.5 to 50.5Hz;
Amplitude Relative Error = (Analyzed-Theoretical)/Theo-
retical * 100%; Initial-phase Absolute Error = (Analyzed-
Theoretical)’.

Figure 2 shows the relative errors in the amplitude
obtained by each of the four methods. In Figure 2, the x-axis
is the signal frequency in Hz; the Y-axis is the harmonic order
from 1 to 15; and the z-axis is the relative percent error in
amplitude. As can be seen from Figure 2, the error of QSDFT

is the largest and reaches 10% level; the error of Hanning
interpolation is second and is to 107*% level; the error of
LCQS is to 1077% level; and the error of VFP is minimal at
1072% level.

Figure 3 illustrates the absolute error of the initial phase
obtained by the four above-mentioned methods. In Figure 3,
the x-axis is the signal frequency in hertz, the y-axis is the
harmonic order from 1 to 15, and the z-axis is the absolute
error of the initial-phase angle in degrees. As can be seen
from Figure 3, the error in QSDFT is largest, reaching the 10*-
degree level; however, if 360-degree periodicity is considered,
the error surface falls in a plane, which is also the theoretical
basis for LCQS; the error of Hanning interpolation is second
largest, reaching the 107>-degree level; the error of LCQS
reaches the 10_8-degree level, and that of VFP reaches the
10~°-degree level. However, the error of LCQS only slightly
protrudes at the frequency and harmonic edges, and the
overall error falls almost in a plane.

The analytical-accuracy experiments show that

(1) LCQS makes up for the short-range leakage of the
QSDFT algorithm, relaxes the requirement for synchronous
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FIGURE 3: The initial-phase errors of these four methods. (a) Hanning, (b) QSDFT, (c) VEP, and (d) LCQS.

sampling, and significantly increases the analytical accuracy
of each harmonic.

(2) Compared with QSDFT, LCQS can obtain high
analytical precision simply by adding one sample point and
one fundamental initial-phase calculation.

(3) Compared with the VFP, LCQS greatly reduces the
complexity of the algorithm and can be calculated step by
step.

4.2. Time Complexity Experiment. In order to qualitatively
describe the time complexity of the four harmonic-analysis
methods, we designed a simulation experiment. A waveform
signal is generated from Eq. (29), where A,, ; and ¢y,
are arbitrary, f; = 50Hz, fg = 6,400Hz, N = 128,
and the number of iterations is n = 8. In the MATLAB
R2016b software environment, the analysis times of these
four methods are recorded. To exclude other interference
factors, the same 200 consecutive analytical experiments were
performed, and the time average was taken. The experimental
results are presented in Table 2.

The simulation results show that the time complexity
of LCQS is only slightly higher than that of the QSDFT at

TaBLE 2: The required time (s) for the four harmonic-analysis
algorithms for different numbers of iterations.

n Hanning QSDFT VEP LCQS

4 0.001826 0.001139 0.010694 0.001844
5 0.002388 0.001440 0.013180 0.002208
6 0.002684 0.001729 0.015721 0.002438
7 0.003119 0.001979 0.017495 0.002757
8 0.003519 0.002218 0.020051 0.002998

different iterations, but about an order of magnitude lower
than the VFP algorithm.

5. Experimental Results

To evaluate the practical performance of LCQS, we embedded
LCQS into a measuring device, JCQ-5 (Figure 4(a)), designed
to monitor the capacitive equipment online. This equipment
is important to the power grid and usually requires online
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TABLE 3: Experimental results with different methods.
¥ A% 8/
Hanning QSDFT VPF LCQS Hanning QSDFT VPF LCQS
49.5 -0.5000 -1.3333 -0.1667 -0.2000 -0.079 -0.020 0.005 -0.006
49.7 -0.2667 -0.5000 -0.0333 -0.0667 -0.035 -0.017 -0.002 -0.002
50.0 0.0667 0.3333 0.0667 0.1000 0.018 0.008 0.002 0.001
50.3 -0.1000 -0.6667 -0.0667 -0.1000 -0.028 0.012 0.003 -0.003
50.5 0.4333 -1.4333 -0.1333 -0.1667 0.083 0.017 -0.006 0.006
u
i| Capacitive
y Equipment
© I R
1c iR

FIGURE 4: Harmonic analysis by JCQ-5. (a) Measuring model of the capacitive equipment, (b) JCQ-5 measuring the signal from JB706.

monitoring of its current, i, and dissipation angle, J, or
dissipation factor, tan d, to evaluate its status (Figure 4(a)):

6= g — (90 = 9u1) (30)

Here, ¢;; and ¢, are the fundamental initial phases of i and
u, respectively.

JCQ-5 consists of four parts: Voltage / Current Trans-
former, Signal Conditioning, Synchronous ADC AD7606,
and a CPU STM32F103. JCQ-5 samples i and u syn-
chronously; in this device, we set fg = 6,400Hz, N = 128,
and n = 8. It calculates A;, (fundamental amplitude of
i), 91> 91> 6 and tand. A highly precise and stable three-
phase harmonic source JB706 (Figure 4(b)) was used as the
signal source. The output parameters of JB706 were as follows:
A, = 816V, ¢, = 0, A, = 0034, ¢, = 85, f,, =
fa = 495 ~ 50.5Hz. The amplitude of the third and
fifth harmonics was 5% and 1% of that of the fundamental,
respectively.

For comparison, we also embedded the Hanning inter-
polation, QSDFT, and VPF into JCQ-5; their performances
are shown in Table 3. Among them, the error of A, is relative
error, the unit is %; the error of § is absolute error, and the unit
is degree. For the measurement accuracy of A;;, QSDFT is
inferior to the other methods, while VPF and LCQS have the
same level of high accuracy. For the measurement accuracy
of §, Hanning has a relatively poor result because of its lower

initial-phase analysis accuracy; QSDFT can also obtain the
correct result, but only because the errors of ¢,,; and ¢;; cancel
each other out and the measurement results of ¢,; and ¢;; are
not correct; VPF and LCQS still have the same high level of
accuracy.

6. Conclusions

This paper proposed a linear-correction algorithm (LCQS)
for QSDFT; it has the following features:

(1) Compared to QSDFT, LCQS suppresses the short-
range spectral leakage efficiently; compared to VPE, LCQS
reduces the computations and can be operated in real time.

(2) LCQS loosens the requirements for synchronous
sampling and increases the analytical accuracy of amplitude
and initial-phase determination significantly.

(3) LCQS truly implements the linear correction of
QSDFT harmonic-analysis results when the signal frequency
deviates.

(4) LCQS can work in real time and can be easily
transplanted into existing hardware systems, making it a very
practical algorithm.

Data Availability

The data used to support the findings of this study are
included within the article.



Mathematical Problems in Engineering

Conflicts of Interest

The authors declare that there are no conflicts of interest
regarding the publication of this paper.

Acknowledgments

This study has been supported by the National Natural
Science Foundations of China under Grant no. 61472166.

References

(1]

(2]

(4]

(5]

(10]

(12]

(13]

E J. Harris, “On the use of windows for harmonic analysis with
the discrete Fourier transform,” Proceedings of the IEEE, vol. 66,
no. 1, pp. 51-83,1978.

V. K. Jain, W. L. Collins, and D. C. Davis, “High-Accuracy
Analog Measurements via Interpolated FFT,” IEEE Transactions
on Instrumentation and Measurement, vol. 28, no. 2, pp. 113-122,
1979.

H. Wen, H. Dai, Z. Teng, Y. Yang, and E. Li, “Performance com-
parison of windowed interpolation FFT and quasisynchronous
sampling algorithm for frequency estimation,” Mathematical
Problems in Engineering, vol. 2014, 2014.

J. Yao, B. Tang, and J. Zhao, “Improved discrete Fourier
transform algorithm for harmonic analysis of rotor system,”
Measurement, vol. 83, pp. 57-71, 2016.

C. M. Orallo, I. Carugati, S. Maestri, P. G. Donato, D. Carrica,
and M. Benedetti, “Harmonics measurement with a modulated
sliding discrete fourier transform algorithm,” IEEE Transactions
on Instrumentation and Measurement, vol. 63, no. 4, pp. 781-793,
2014.

B.Zeng, Z. Teng, Y. Cai, S. Guo, and B. Qing, “Harmonic phasor
analysis based on improved FFT algorithm,” IEEE Transactions
on Smart Grid, vol. 2, no. 1, pp. 39-47, 2011.

H. Wen, Z. Teng, Y. Wang, and X. Hu, “Spectral correction
approach based on desirable sidelobe window for harmonic
analysis of industrial power system,” IEEE Transactions on
Industrial Electronics, vol. 60, no. 3, pp. 1001-1010, 2013.

X. Dai and I. H. R. Gretsch, “Quasi-synchronous sampling
algorithm and its applications,” IEEE Transactions on Instru-
mentation and Measurement, vol. 43, no. 2, pp. 204-209, 1994.

K. Wang, Z. Teng, H. Wen, and Q. Tang, “Fast Measurement of
Dielectric Loss Angle with Time-Domain Quasi-Synchronous
Algorithm,” IEEE Transactions on Instrumentation and Mea-
surement, vol. 64, no. 4, pp. 935-942, 2015.

Y. Xiao, W. Zhao, L. Chen, S. Huang, and Q. Wang, “Fast Quasi-
Synchronous Harmonic Algorithm based on weight window
function — Mixed Radix FFT,” in Proceedings of the 2016 IEEE
International Workshop on Applied Measurements for Power
Systems (AMPS), pp. 1-6, Aachen, Germany, September 2016.

E Zhou, Z. Huang, C. Zhao, X. Wei, and D. Chen, “Time-
domain quasi-synchronous sampling algorithm for harmonic
analysis based on Newton’s interpolation,” IEEE Transactions on
Instrumentation and Measurement, vol. 60, no. 8, pp. 2804-2812,
2011.

Z.]. Fu, G. Y. Zhou, and J. E. Chen, “Non-integral harmonic
analysis algorithm based on quasi-synchronous DFT;” Chinese
Journal of Scientific Instrument, vol. 33, no. 1, pp. 235-240, 2012.
J. W. Yu, H. Xue, and B. Y. Wen, “A novel non-synchronous
sampling method forharmonic/interharmonic measurement in

(16]

(17]

(19]

(20]

(21]

”

power systems,” Intelligent Automation Soft Computing, vol. 18,
(5, pp. 491-500, 2012.

E Zhou, C. Zhao, Z. Huang, and D. Chen, “Harmonic and inter-
harmonic estimation using time-domain quasi-synchronous
sampling technique and comb FIR filter,” International Review
of Electrical Engineering, vol. 6, no. 6, pp. 2773-2784, 2011.

N. Li, P. Zuo, X. Wang, Q. Tang, Z. Teng, and T. Chen, “Inter-
harmonic detection based on improved DFT and time-domain
quasi-synchronization,” Dianli Zidonghua Shebei/Electric Power
Automation Equipment, vol. 37, no. 4, pp. 170-178, 2017.

Y. Li and J. Zhao, “Quasi-synchronous sampling method of
harmonic analysis based on adaptation of parameter,” Chinese
Journal of Modern Electronics Technique, vol. 30, (21, pp. 18-19,
2004.

P. Guo, “Study on water stability of Sasobit warm mixture
asphalt,” Journal of Zhengzhou University(Engineering Science),
vol. 31, no. 5, pp. 36-39, 2010.

G. Y. Du, X. Q. Chen, and Z. T. Wan, “Application of phase
lock multiple frequency synchronous sampling and quasi-
synchronous sampling to measurement of harmonics,” Wuhan
Daxue Xuebao (Gongxue Ban)/Engineering Journal of Wuhan
University, vol. 34, no. 5, p. 39, 2001.

Z.]. Fu, J. Y. Wang, and Y. Ou, “The VPF Harmonic Analysis
Algorithm based on Quasi-synchronous DFT? The Open Elec-
trical & Electronic Engineering Journal, vol. 11, p. 3, 2017.

X. Dai, T. Tang, and R. Gretsch, “Quasi-synchronous sampling
algorithm and its applications-III. High accurate measurement
of frequency, frequency deviation and phase angle difference in
power systems,” in Proceedings of the 1993 IEEE Instrumentation
and Measurement Technology Conference, pp. 726-729, Irvine,
CA, USA.

E Zhang, Z. Geng, and W. Yuan, “The algorithm of interpolating
windowed FFT for harmonic analysis of electric power system,”
IEEE Transactions on Power Delz’very, vol. 16, no. 2, pp. 160-164,
2001.



Advances in Advances in . Journal of The Scientific Journal of
Operations Research Decision Sciences  Applied Mathematics World Journal Probability and Statistics

|nternational
Journal of
Mathematics and
Mathematical
Sciences

Journal of

Optimization

Hindawi

Submit your manuscripts at
www.hindawi.com

International Journal of
Engineering
Mathematics

International Journal of

Analysis

Journal of : Advances in ] Mathematical Problems International Journal of Discrete Dynamics in
Complex Analysis Numerical Analysis in Engineering Differential Equations Nature and Society

International Journa!

of
Stochastic Analysis Mathematics Function Spaces Applied Analysis Mathematical Physics

Journal of Journal of Abstract and ; Advances in



https://www.hindawi.com/journals/jmath/
https://www.hindawi.com/journals/mpe/
https://www.hindawi.com/journals/jam/
https://www.hindawi.com/journals/jps/
https://www.hindawi.com/journals/amp/
https://www.hindawi.com/journals/jca/
https://www.hindawi.com/journals/jopti/
https://www.hindawi.com/journals/ijem/
https://www.hindawi.com/journals/aor/
https://www.hindawi.com/journals/jfs/
https://www.hindawi.com/journals/aaa/
https://www.hindawi.com/journals/ijmms/
https://www.hindawi.com/journals/tswj/
https://www.hindawi.com/journals/ana/
https://www.hindawi.com/journals/ddns/
https://www.hindawi.com/journals/ijde/
https://www.hindawi.com/journals/ads/
https://www.hindawi.com/journals/ijanal/
https://www.hindawi.com/journals/ijsa/
https://www.hindawi.com/
https://www.hindawi.com/

