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Purpose. The purpose of our research is to explore a new grey relational analysis method when information of decision making is
interval-valued, intuitionistic, fuzzy, and uncertain in risk analysis of Mergers & Acquisitions. Design/Methodology/Approach. We
proposed a new method to evaluate risks of Mergers & Acquisitions. The process of our method is to determine the positive and
negative ideal solutions of interval-valued intuitional fuzzy uncertain language firstly.Then, calculate grey relational grades of every
evaluating value for positive or negative ideal solutions. Third, determine the weights of attributes by a linear programming model
if part of attribute information is known. Fourth, calculate grey relational grades of each alternative for the positive or negative
ideal solutions. Lastly, calculate relative grey relational grades and sort the alternatives. Findings. Our case analysis demonstrated
that the new grey relational analysis is an effective tool to evaluate the risks of Mergers & Acquisition when information of decision
making is interval-valued, intuitionistic, fuzzy, and uncertain. At the same time, we also bring forward the steps of evaluation.
Originality/Value. Because risks ofMergers&Acquisitions decide its success or failure to some extent, it is very important to evaluate
them by feasible and available method. However, the information of risks is fuzzy and uncertain usually. The new grey relational
analysis based on Interval-Valued Intuitionistic Fuzzy Information does not only evaluate risks of Mergers & Acquisitions but also
can be widely applied to similar problems of decision making in other fields.

1. Introduction

Mergers & Acquisitions (M&A) are often regarded as part
of a corporate searching for value creation and the max-
imization of shareholder value, including efficient growth,
asset redeployment, andmarket power increase [1]. However,
because of information asymmetry and dynamic change of
environment, it is difficult to arrive at expectable purpose.
Many enterprises did not only realize all kinds of synergetic
effects mentioned in enterprises M&A theory, but also even
recession occurred. It shows that in the process of enterprise
M&A to rapid expansion, many variables objectively exist,
whichmakes theM&A process and act results have consider-
able uncertainty and risks [2].

At present, risk management has become the core issue
of M&A. There are two kinds of studies about risks of

M&A. One is about which factors cause risks, another is
about how to evaluate them. Many factors influence success
of M&A; Xiu and Zhao [3] divided the common risks of
M&A into three kinds: risks beforeM&A, risks duringM&A,
and risks after M&A [3]. Correct strategy is important and
necessary undoubtedly beforeMergers &Acquisitions, which
can ensure that acquisitions are on the right track. Many
activities of M&A failed from wrong strategies, the business
which is being purchased does not match its own strategy
well [4]. In addition, as time goes on, many conditions in the
environment may change, such as law, policy, industry, mar-
ket, and technology. During M&A, because of moral hazard
and adverse selection, if managerial motivations sometimes
do not keep up same pace with shareholders, or their private
profits have conflictions with shareholders, performance will
be under expectation. Zhang (2006) investigated pricing risk
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of a target company and gave it a brief description. Pric-
ing risk comes from information asymmetry and different
valuation techniques. Financial risk also comes out if there
exists high financing cost resulting in paying difficulty or
tax increases suddenly because an acquirer has insufficient
knowledge of tax rules. After M&A, integration becomes a
very important issue. Bruce Wasserstein (1998) argued that
successfulM&Adoes not only depend on the value created by
the acquired company but also depend on integration of post
M&A. An acquirer has to face the confliction of technology,
organization, management, and culture [5].

Risk identification is the first step of risk evaluation
in M&A. Another is to choose an appropriate method of
evaluation. There are few papers on how to evaluate risks
of M&A. Chen et al. [2] built the coal enterprises M&A
risk evaluation system and constructed a risk prediction
model based on support vector machine (SVM) [2]. They
also employed data envelopment analysis (DEA) model to
evaluate M&A risks by collecting 13 enterprises related data
during 2004-2008 [6]. Xie and Song [7] used the maximum
entropy (ME)method to analyze the risk ofMergers &Acqui-
sitions when only preacquisition information is available [7].
Although few researches focus on evaluating risks of M&A,
there are many papers about risk evaluation. Some scholars
used grey relational analysis (GRA) to evaluate risk of an
affair. Chen et al. [8] established the safety risk evaluation
index system for Air Traffic Management (ATM) and used
GRA to calculate the correlation coefficients and correlation
degree between the safety risk in ATM and the factors [8].
Zheng et al. [9] used GRA method to evaluate the sluice
according to the specific conditions of the sick-dangerous
sluices and some special managing principle [9]. Akay [10]
classified industrial jobs into two categories, low risk and high
risk, by using GRA approach, together with the comparisons
in terms of classification accuracy between GRA approach
and other methods that used the same dataset, including
logistic regression, decision tree, neural networks, neural-
fuzzy classification, ant colony optimization, memory-based
reasoning, and ensemble model. GRA outperforms other
alternative methods and yields at least 10% improvement in
classification accuracy compared to the best results achieved
among the earlier studies [10]. Others combined GRA with
some methods. Li and Niu [11] combined the theory of the
whole life cycle with AHP and GRA to determine the risk
factors and the size of each risk [11]. Su et al. [12] combined the
qualitative and quantitativemethods to assess risk of projects.
They used AHPmethod of investment appraisal to determine
the risk weights and used GRA method to establish a model
to assess the correlation of risk [12]. Wang and Shang [13]
constructed an applicable evaluation index system of ship
financing risks, selected the relevant data of Chinese listed
shipping enterprises, used entropy method, factor analysis
method, and GRA method to evaluate financing risks of
Chinese listed shipping enterprises [13]. Tang et al. [14]
introduced the dynamic grey BP neural networkmodel based
on GRA to develop a new method for warning of corporate
human resources management risk [14]. Qiu et al. [15] used
the fuzzy Delphi analytic hierarchy process (FDAHP) and
GRA to assess the risk of water inrush [15].

The above literatures show GRA is a very popular and
effective method in risk evaluation, which is not only used
exclusively but also combinedwith othermethods. Neverthe-
less, past researches paid more attention to how to evaluate
risk based onmass, deterministic data, or information.When
the future is not stable and changes dynamically, it is a puzzled
problem if we have to depend on experts’ knowledge and
experience to judge changes of the future without enough
information, and they only can give fuzzy and uncertain
remarks for risks. In other words, the experts’ remarks are
fuzzy and uncertain linguistic information for an attribute.
In order to solve the problem, we try to convert experts’
linguistic remarks into interval-valued intuitionistic fuzzy
numbers and then employ GRA to calculate risk order of
M&A alternatives.The reason that we choose interval-valued
intuitionistic fuzzy method lies in, compared with other
methods, that it is a better tool to handle with fuzziness and
uncertainty of experts’ comments in the process of decision
making. The paper contributes to use GRA evaluate risk of
M&A under interval-valued intuitionistic fuzzy condition.

The rest of the paper is organized as follows. In the
next section, it is preliminary theory about interval-valued
intuitional fuzzy uncertain linguistic variable, set, expected
and precision function, and distance. In Section 3, we propose
a new grey relational analysis based on interval-valued
intuitional fuzzy uncertain linguistic information, including
how to calculate positive and negative solutions, attribute
weight, grey relational grades and relative grey relational
grades. In Section 4, it explains how to employ the new
grey relational analysis by a case of evaluating the risk of M
& A and demonstrates the feasibility and availability of the
method. Our conclusions are offered in the final section.

2. Preliminary Theory

Suppose 𝑆 = {𝑠1, 𝑠2, . . . , 𝑠𝑛} is a finite, orderly, and discrete
set of evaluating risk. For example, a linguistic set with nine
risky variables is expressed as 𝑆 = {𝑠1= extremely high, 𝑠2 =
very high, 𝑠3 = high, 𝑠4 = slightly high, 𝑠5 = fair, 𝑠6 = slightly
low, 𝑠7 = low, 𝑠8 = very low, and 𝑠9 = extremely low}. In
order to reserve all information during the process of decision
making, discrete linguistic variable set 𝑆 can be extended to
continuous set 𝑆 = {𝑠𝛼 | 𝛼 ∈ 𝑅} [16, 17]. Suppose 𝑠𝛼, 𝑠𝛽 ∈ 𝑆,
if 𝛼 > 𝛽, 𝑠𝛼 > 𝑠𝛽; if 𝛼 = 𝛽, 𝑠𝛼 = 𝑠𝛽. Supposing 𝑠 = [𝑠𝑎, 𝑠𝑏],𝑠𝑎, 𝑠𝑏 ∈ 𝑆 which indicate upper limit and lower limit of 𝑠, 𝑠
is an fuzzy uncertain linguistic variable [16, 18]. In the theory
of interval-value intuitional fuzzy uncertain information, the
next four definitions are very important.

Definition 1. Suppose 𝐴 = {< [𝑠𝜃(𝑥), 𝑠𝜏(𝑥)], [𝜇𝐴𝐿(𝑥), 𝜇𝐴𝑈(𝑥)],[]𝐴𝐿(𝑥), ]𝐴𝑈(𝑥)]} >| 𝑥 ∈ 𝑋} is a set of interval-
valued fuzzy uncertain linguistic variables. < [𝑠𝜃(𝑥), 𝑠𝜏(𝑥)],[𝜇𝐴𝐿(𝑥), 𝜇𝐴𝑈(𝑥)], []𝐴𝐿(𝑥), ]𝐴𝑈(𝑥)]} > are interval-valued
intuitional fuzzy uncertain linguistic (IVIFUL) variables,
where [𝑠𝜃(𝑥), 𝑠𝜏(𝑥)] are fuzzy uncertain linguistic variables,[𝜇𝐴𝐿(𝑥), 𝜇𝐴𝑈(𝑥)] and []𝐴𝐿(𝑥), ]𝐴𝑈(𝑥)] are intervalued mem-
bership grade and nonmembership grade respectively that an
alternative belongs to the set [𝑠𝜃(𝑥), 𝑠𝜏(𝑥)] [19].
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Definition 2. Supposing that 𝑎 =< [𝑠𝜃(𝑎), 𝑠𝜏(𝑎)], [𝜇𝐿(𝑎),𝜇𝑈(𝑎)], []𝐿(𝑎), ]𝑈(𝑎)] > is an interval-valued intuitionistic
fuzzy uncertain linguistic variable, expected function 𝐸(𝑎) is
defined as

𝐸 (𝑎) = 12 × (𝜇𝐿 (𝑎) + 𝜇𝑈 (𝑎)2 + 1 − ]𝐿 (𝑎) + ]𝑈 (𝑎)2 )
× 𝑠(𝜃(𝑎)+𝜏(𝑎))/2= 𝑠(𝜃(𝑎)+𝜏(𝑎))×(𝜇𝐿(𝑎)+𝜇𝑈(𝑎)+2−]𝐿(𝑎)−]𝑈(𝑎)) )/8

(1)

Precision function 𝑃(𝑎) is defined as [20]:

𝑃 (𝑎) = 12 × (𝜇𝐿 (𝑎) + 𝜇𝑈 (𝑎)2 + ]𝐿 (𝑎) + ]𝑈 (𝑎)2 )
× 𝑠(𝜃(𝑎)+𝜏(𝑎))/2= 𝑠(𝜃(𝑎)+𝜏(𝑎))×(𝜇𝐿(𝑎)+𝜇𝑈(𝑎)+]𝐿(𝑎)+]𝑈(𝑎)) )/4

(2)

Definition 3. Suppose that 𝑎1 =< [𝑠𝜃(𝑎1), 𝑠𝜏(𝑎1)],[𝜇𝐿(𝑎1), 𝜇𝑈(𝑎1)], []𝐿(𝑎1), ]𝑈(𝑎1)] > and 𝑎2 =< [𝑠𝜃(𝑎2), 𝑠𝜏(𝑎2)],[𝜇𝐿(𝑎2), 𝜇𝑈(𝑎2)], []𝐿(𝑎2), ]𝑈(𝑎2)] > are two IVIFUL variables,
then,

(1) if 𝐸(𝑎1) > 𝐸(𝑎2), then 𝑎1 ≻ 𝑎2;
(2) if 𝐸(𝑎1) = 𝐸(𝑎2), then,

if 𝑃(𝑎1) > 𝑃(𝑎2), then 𝑎1 ≻ 𝑎2;
if 𝑃(𝑎1) = 𝑃(𝑎2), then 𝑎1 ∼ 𝑎2 [21].

Definition 4. Distance between 𝑎1 and 𝑎2 is defined as [22]:

𝑑 (𝑎1, 𝑎2) = 16
× ( (𝜃 (𝑎1) − 𝜃 (𝑎2) + 𝜏 (𝑎1) − 𝜏 (𝑎2))9+ 𝜇𝐿 (𝑎1) − 𝜇𝐿 (𝑎2) + 𝜇𝑈 (𝑎1) − 𝜇𝑈 (𝑎2)+ ]𝐿 (𝑎1) − ]𝐿 (𝑎2) + ]𝑈 (𝑎1) − ]𝑈 (𝑎2)

(3)

3. Grey Relational Analysis Based on
IVIFUL Information

Supposing that there is a multiattribute decision-making
problem,𝐴 = {𝐴1, 𝐴2, . . . , 𝐴𝑚} is a set of risky attributes [23],
where 𝑤𝑗 ≥ 0, 𝑗 = 1, 2, . . . , 𝑛, ∑𝑛𝑗=1 𝑤𝑗 = 1. 𝐷 = (𝑎𝑖𝑗)𝑚×𝑛 is a
decision-making matrix consisting of evaluating value 𝑎𝑖𝑗 of
the attribute𝑅𝑗, where, 𝑎𝑖𝑗 =< [𝑠𝜃(𝑎𝑖𝑗), 𝑠𝜏(𝑎𝑖𝑗)], [𝜇𝐿(𝑎𝑖𝑗), 𝜇𝑈(𝑎𝑖𝑗)],[]𝐿(𝑎𝑖𝑗), ]𝑈(𝑎𝑖𝑗)] > is an interval-valued intuitionistic fuzzy
uncertain linguistic variable [24].

During the process of decision making, if weights of
attributes are known, GRA is used to sort alternatives. How-
ever, only some of attribute weights are known sometimes.
Normally, they belong to the set 𝑃𝑊 = {𝑤𝑖 ≥ 𝑤𝑗, 𝑖 ̸= 𝑗;𝑤𝑖 − 𝑤𝑗 ≥ 𝛼𝑖𝑤𝑖, 1 ≥ 𝛼𝑖 ≥ 0; 𝑤𝑖 − 𝑤𝑗 ≥ 𝑤𝑘 − 𝑤𝑙, 𝑖 ̸=

𝑗 ̸= 𝑘 ̸= 𝑙; 𝛽𝑗 ≤ 𝑤𝑗 ≤ 𝛽𝑗+𝜀𝑗, 0 ≤ 𝛽𝑗 ≤ 𝛽𝑗+𝜀𝑗 ≤ 1}.
When faced with specific multiattribute problems, part of
attribute-weight information is a subset of 𝑃𝑊, denoted byΦ. Because a part of attribute-weight vectors are known, it
is necessary to find a way to calculate all attribute-weight
vectors. According to GRA, a decision-maker should choose
the alternative that has the maximum grey relational grade
with positive ideal solution and minimum one with negative
ideal solution [25]. A positive and negative ideal solution is
denoted by A+ and A− respectively [26]. Both of them can
be calculated as follows. Firstly, calculate expected function𝐸(𝑎𝑖𝑗) and precision function 𝑃(𝑎𝑖𝑗) of 𝑎𝑖𝑗 for every alternative
by Equation (1) and (2). Then, sort the evaluating value𝑎1𝑗, 𝑎2𝑗, . . . , 𝑎𝑚𝑗 of the attribute 𝑅𝑗 (𝑗 = 1, 2, . . . , 𝑚) and
choose the maximum value as positive ideal solution 𝑎+𝑗 , the
minimum value as negative ideal solution 𝑎−𝑗 . Lastly, we can
get positive and negative ideal solution sets A+ and A− [27],

𝐴+ = {𝑎+1 , 𝑎+2 , . . . , 𝑎+𝑛 }
= {max
𝑖
𝑎𝑖1,max
𝑖
𝑎𝑖2, . . . ,max

𝑖
𝑎𝑖𝑛, } (4)

𝐴+ = {𝑎−1 , 𝑎−2 , . . . , 𝑎−𝑛 }
= {min
𝑖
𝑎𝑖1,min
𝑖
𝑎𝑖2, . . . ,min

𝑖
𝑎𝑖𝑛, } (5)

Grey relational coefficients, between evaluating value 𝑎𝑖𝑗 of
one alternative and a positive ideal solution or negative ideal
solution, are calculated as follows [15]:

𝜉+𝑖𝑗
= min1≤𝑖≤𝑚min1≤𝑗≤𝑛 𝑑 (𝑎𝑖𝑗, 𝑎+𝑗 ) + 𝜌max1≤𝑖≤𝑚max1≤𝑗≤𝑛 𝑑 (𝑎𝑖𝑗, 𝑎+𝑗 )𝑑 (𝑎𝑖𝑗, 𝑎+𝑗 ) + 𝜌max1≤𝑖≤𝑚max1≤𝑗≤𝑛 𝑑 (𝑎𝑖𝑗, 𝑎+𝑗 )

(6)

𝜉−𝑖𝑗
= min1≤𝑖≤𝑚min1≤𝑗≤𝑛 𝑑 (𝑎𝑖𝑗, 𝑎−𝑗 ) + 𝜌max1≤𝑖≤𝑚max1≤𝑗≤𝑛 𝑑 (𝑎𝑖𝑗, 𝑎−𝑗 )𝑑 (𝑎𝑖𝑗, 𝑎−𝑗 ) + 𝜌max1≤𝑖≤𝑚max1≤𝑗≤𝑛 𝑑 (𝑎𝑖𝑗, 𝑎−𝑗 )

(7)

Because optimal alternative has the maximum grey relational
degrade with positive ideal solution and the minimum with
negative ideal solution [28], the weights of attributes are
calculated by the multiobjective programming model (P-1).

(𝑃 − 1) max 𝜉+ = 𝑛∑
𝑗=1

𝑤𝑗𝜉+𝑖𝑗, 𝑖 = 1, 2, . . . , 𝑚
min 𝜉− = 𝑛∑

𝑗=1

𝑤𝑗𝜉−𝑖𝑗, 𝑖 = 1, 2, . . . , 𝑚
s.t. 𝑤 ∈ 𝑤1 + 𝑤2 + ⋅ ⋅ ⋅ + 𝑤𝑛 = 1𝑤𝑗 ≥ 0

(8)
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Because it is same for the importance of every objective, the
above model can be translated to single objective program-
ming model (P-2).

(𝑃 − 2) max 𝑧 = 𝑚∑
𝑖=1

𝑛∑
𝑗=1

𝑤𝑗 (𝜉+𝑖𝑗 − 𝜉−𝑖𝑗)
s.t. 𝑤 ∈ Φ𝑤1 + 𝑤2 + ⋅ ⋅ ⋅ + 𝑤𝑛 = 1𝑤𝑗 ≥ 0

(9)

The attribute-weight vector 𝑊 = (𝑤1, 𝑤2, . . . , 𝑤𝑛) can be
solved by the above model (P-2).

According to the above analysis, GRA based on IVIFULI
is summarized as follows.

Step one: calculate positive and negative solutionsA+ and
A− of interval-valued intuitionistic fuzzy uncertain language
by (4) and (5).

Step two: calculate grey relational coefficient between
evaluating value of every alternative and positive-negative
ideal solutions by (6) and (7).

Step three: if attribute weights are known, go to next step.
If only part of attribute weights is known, solve complete
attribute-weight vector 𝑊 = (𝑤1, 𝑤2, . . . , 𝑤𝑛) by the model
(P-2) according to the known part of attribute information.

Step four: calculate grey relational coefficient of positive
or negative ideal solutions for every alternative by following
equations.𝜉+𝑖 = 𝑤1𝜉+𝑖1 + 𝑤2𝜉+𝑖2 + ⋅ ⋅ ⋅ + 𝑤𝑛𝜉+𝑖𝑛, 𝑖 = 1, 2, . . . , 𝑚 (10)𝜉−𝑖 = 𝑤1𝜉−𝑖1 + 𝑤2𝜉−𝑖2 + ⋅ ⋅ ⋅ + 𝑤𝑛𝜉−𝑖𝑛, 𝑖 = 1, 2, . . . , 𝑚 (11)

Step five: calculate the relative grey relational grade (RGRG)
of positive ideal solution for every alternative [29].

𝜉𝑖 = 𝜉+𝑖𝜉+𝑖 + 𝜉−𝑖 , 𝑖 = 1, 2, . . . , 𝑚 (12)

Step six: sort all alternatives by RGRGs and choose the best.
The bigger the RGRG is, the better one alternative is.

4. Case Analysis

Under the influence of various complex factors, M&A is a
kind of risk activity that makes its earning with full of uncer-
tainty. It is available to help decision-makers to understand
risk severity by evaluating it objectively. Consequently, risk
evaluation is a basis to make a decision of M&A investment,
control and transfer risks, and decrease the loss of risks. ZM
Company is a state-own corporation groupwhose developing
strategy is to expand share in thermoelectric market. The
company is going to acquire a thermopower plant. There are
five targets to be chosen, namely, five alternatives. Before
purchasing the target, it employed five professional experts
to analyze the risks of M&A. The experts put forward that
five risks are necessary to be considered, R1-Political and
legal risk; R2-Market risk; R3-Information risk; R4- Financial

risk; R5-Integration risk. On account of the fuzziness and
uncertainty inM&A, decision-makers decided to use IVIFUL
variable to evaluate the risk of every alternative. The experts
gave the evaluating value 𝑎𝑖𝑗 of the attribute 𝑅𝑗 of the
alternative 𝐴 𝑖 according to their experience and knowledge.
Decision-making matrix 𝐴 = (𝑎𝑖𝑗)𝑚×𝑛 is shown as in Table 1.

Next, we will sort the alternatives and choose the best by
the above-mentioned method. The steps are as follows.

The first step: determine interval-valued intuitional fuzzy
positive solution A+ and negative solution A−. By (1) and
(2), calculate expected function and precision function of
the interval-valued intuitional fuzzy linguistic evaluating
value. For example, expected functions and precisions of𝑎11, 𝑎21, . . . , 𝑎51 are 𝐸 (𝑎11) = 𝑠4.05,𝐸 (𝑎21) = 𝑠3.69,𝐸 (𝑎31) = 𝑠4.25,𝐸 (𝑎41) = 𝑠5.04,𝐸 (𝑎51) = 𝑠5.85,

(13)

and 𝑃 (𝑎11) = 𝑠4.98,𝑃 (𝑎21) = 𝑠4.47,𝑃 (𝑎31) = 𝑠7.03,𝑃 (𝑎41) = 𝑠7.12,𝑃 (𝑎51) = 𝑠8.26,
(14)

Because 𝐸(𝑎51) > 𝐸(𝑎41) > 𝐸(𝑎31) > 𝐸(𝑎11) > 𝐸(𝑎21),
then 𝑎51 > 𝑎41 > 𝑎31 > 𝑎11 > 𝑎21. Therefore,𝑎+1 = max𝑖 𝑎𝑖1 = 𝑎51([𝑠8, 𝑠9], [0.61, 0.74], [0.23, 0.36]), 𝑎−1 =
min𝑖 𝑎𝑖1 = 𝑎21([𝑠5, 𝑠7], [0.43, 0.55], [0.15, 0.36]). Similarly,
calculate the rest of 𝑎+1 (𝑖 = 2, 3, . . . , 5) and 𝑎−1 (𝑖 =2, 3, . . . , 5). Consequently, positive and negative solutions,A+
and A, are shown as follows:𝐴+ = {([𝑠8, 𝑠9] , [0.61, 0.74] , [0.23, 0.36])([𝑠6, 𝑠8] , [0.85, 0.96] , [0.12, 0.17])([𝑠7, 𝑠8] , [0.68, 0.71] , [0.31, 0.33])([𝑠8, 𝑠9] , [0.83, 0.97] , [0.12, 0.13])([𝑠6, 𝑠8] , [0.65, 0.88] , [0.16, 0.21])}𝐴− = {([𝑠5, 𝑠7] , [0.43, 0.55] , [0.15, 0.36])([𝑠4, 𝑠6] , [0.55, 0.60] , [0.28, 0.41])([𝑠3, 𝑠4] , [0.44, 0.55] , [0.37, 0.50])([𝑠3, 𝑠4] , [0.61, 0.74] , [0.24, 0.33])([𝑠3, 𝑠4] , [0.47, 0.66] , [0.24, 0.33])}

(15)
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Table 1: Decision-making matrix.

R1 R2 R3 R4 R5

A1
([s4, s6], [0.74, 0.88],

[0.14, 0.24])
([s6, s7], [0.40, 0.57],

[0.24, 0.37])
([s6, s7], [0.66, 0.82],

[0.15, 0.27])
([s4, s6], [0.71, 0.83],

[0.16, 0.23])
([s6, s8], [0.65, 0.88],

[0.16, 0.21])

A2
([s5, s7], [0.43, 0.55],

[0.15, 0.36])
([s7, s8], [0.53, 0.71],

[0.33, 0.35])
([s5, s6], [0.52, 0.78],

[0.15, 0.36])
([s8, s9], [0.83, 0.97],

[0.12, 0.13])
([s4, s5], [0.61, 0.74],

[0.10, 0.38])

A3
([s6, s8], [0.56, 0.66],

[0.33, 0.46])
([s4s6], [0.55, 0.60],

[0.28, 0.41])
([s7, s8], [0.68, 0.71],

[0.31, 0.33])
([s3, s4], [0.61, 0.74],

[0.24, 0.33])
([s6, s7], [0.47, 0.62],

[0.35, 0.46])

A4
([s7, s8], [0.54, 0.76],

[0.23, 0.37])
([s6, s8], [0.85, 0.96],

[0.12, 0.17])
([s3, s4], [0.44, 0.55],

[0.37, 0.50])
([s4, s5], [0.47, 0.53],

[0.36, 0.46])
([s7, s8], [0.57, 0.64],

[0.23, 0.47])

A5
([s8, s9], [0.61, 0.74],

[0.23, 0.36])
([s5, s6], [0.63, 0.88],

[0.15, 0.27])
([s4, s5], [0.78, 0.93],

[0.11, 0.13])
([s5, s6], [0.54, 0.67],

[0.24, 0.32])
([s3, s4], [0.47, 0.66],

[0.24, 0.33])

The second step: determine the grey relational coefficients𝜉+ and 𝜉− between evaluating value of every alternative and
positive ideal solution or negative ideal solution.

𝜉+ = (𝜉+𝑖𝑗)5×5 =((
(

1.00 0.60 0.45 0.42 0.450.47 0.47 0.67 0.49 1.000.53 0.51 0.56 1.00 0.540.63 0.43 1.00 0.37 0.530.78 1.00 0.42 0.33 0.59
))
)

𝜉− = (𝜉−𝑖𝑗)5×5 =((
(

0.48 0.56 0.37 0.62 1.000.49 0.62 0.37 0.57 0.411.00 0.54 0.46 0.33 0.600.56 1.00 0.38 1.00 0.500.56 0.38 1.00 0.54 0.45
))
)

(16)

The third step: if weight vectors of attributesW are known (if
part of weight information is known, go to step six) andW =
(0.05, 0.15, 0.25, 0.25, 0.3), calculate the grey relational grade𝜉+𝑖 or 𝜉+𝑖 of every alternative with positive or negative ideal
solution by (8) and (11). The results are shown as follows:

𝜉+𝑖 = 0.49,𝜉+𝑖 = 0.68,𝜉+𝑖 = 0.65,𝜉+𝑖 = 0.60,𝜉+𝑖 = 0.56,𝜉−𝑖 = 0.66,𝜉−𝑖 = 0.47,𝜉−𝑖 = 0.51,𝜉−𝑖 = 0.67,𝜉−𝑖 = 0.61.

(17)

The fourth step: calculate relative grey relational grade of
every alternative 𝜉𝑖 by (12).

𝜉1 = 0.43,𝜉2 = 0.59,𝜉3 = 0.56,𝜉4 = 0.47,𝜉5 = 0.483.
(18)

The fifth step: sort the alternatives according to their relative
grey relational grades and choose the optimal. Because 𝑅1 >𝑅2 > 𝑅4 > 𝑅3 > 𝑅5, so the optimal one is 𝑅1.

The sixth step: calculate weight vectors𝑊 by the model
(P-2) if part of weight-vector information of attributes is
known. For example, Φ = {0.05 ≤ 𝑤1 ≤ 0.25, 0.10 ≤ 𝑤2 ≤0.45, 0.15 ≤ 𝑤3 ≤ 0.35, 0.20 ≤ 𝑤4 ≤ 0.40, 0.25 ≤ 𝑤5 ≤0.65, }, calculate the difference between positive solution 𝜉+𝑖𝑗
and negative solution 𝜉−𝑖𝑗 firstly, then according to the model
P-2, build a linear programing model as follows:

(𝑃-3) max 𝑧= 0.3233𝑤1 − 0.0998𝑤2 + 0.5258𝑤3− 0.4495𝑤4 + 0.1519𝑤5
s.t. 𝑤1 + 𝑤2 + 𝑤3 + 𝑤4 + 𝑤5 = 10.05 ≤ 𝑤1 ≤ 0.250.10 ≤ 𝑤2 ≤ 0.450.15 ≤ 𝑤3 ≤ 0.350.20 ≤ 𝑤4 ≤ 0.400.25 ≤ 𝑤5 ≤ 0.65

(19)

By optimtool of Matlab software, solve the model (P-3) and
obtain the weight vectors W = (0.05, 0.15, 0.15, 0.40, 0.25).
Then, return to step three and calculate the grey relational
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grade of every alternative with positive or negative ideal
solution, 𝜉+𝑖 = 0.49,𝜉+𝑖 = 0.64,𝜉+𝑖 = 0.72,𝜉+𝑖 = 0.53,𝜉+𝑖 = 0.53,𝜉−𝑖 = 0.66,𝜉−𝑖 = 0.50,𝜉−𝑖 = 0.48,𝜉−𝑖 = 0.76,𝜉−𝑖 = 0.56.

(20)

Next, calculate relative grey relational grade of every alterna-
tive by (12), 𝜉1 = 0.42,𝜉2 = 0.56,𝜉3 = 0.60,𝜉4 = 0.40,𝜉5 = 0.49.

(21)

Because 𝜉3 = 0.60 is the biggest, the third alternative R3 is the
best one.

Evidently, when experts describe the information of alter-
natives with intervalue, intuition, fuzziness and uncertainty,
traditionalmodels such as fuzzy comprehensive evaluation or
grey rational analysis, can do nothing for evaluating the risk
of an alternative. Especially when part of weight information
is known, it is a very difficult problem to deduce the weight of
every attribute. ZMCompany chose the alternative R3 finally,
and at present, R3, the thermoelectric factory operates very
well. Its heating area has reachedmore than 6.4million square
meters, annual power generation is over 455 million kwh,
annual revenue is about 430 million yuan, annual return is
45.15 million yuan, and annual rate of profit is 10.5 percent.
The actual situation of R3 alternative supports IVIFULIV is
an effective and feasible appraisal method.

5. Conclusions

When a corporation decides whether it acquires a target
company or not, much information may be interval-value,
intuitional, fuzzy and uncertain. It is difficult to solve the
problem for traditional method of decision making. Conse-
quently, we brought forward a grey relational analysis based
on IVIFULIV to sort alternatives. At the same time, we
also studied how to calculate the weights based on linear

programming model when part of weight information of
attributes is known. During the process of analysis, it is
important and necessary to determine expected functions,
precision functions, positive and negative matrixes, grey
relational grades, relative grey relational grades and linear
programming model. The case analysis illustrated how to
use the method and verified its feasibility and availability.
Although the method that we proposed is applied to evaluate
risk of M&A, in fact, it is a universal method. In other words,
the method adapts to solve multiattribute decision-making
problems when the environment is uncertain and complex.
Despite many advantages, there are still some limitations
about our research. More comparisons should be made with
other methods such as fuzzy comprehensive evaluation to
demonstrate advantages of IVIFULIV. Moreover, the method
is so complex that only professional experts can master
and make use of it. Therefore, we will develop a small and
visualized platform to employ IVIFULIV for convenient
application.

Data Availability

The data used to support the findings of our study are
included in Table 1 within the article titled “Evaluating Risks
of Mergers & Acquisitions by Grey Relational Analysis Based
on Interval-valued Intuitionistic Fuzzy Information”.

Conflicts of Interest

The authors declare that they have no conflicts of interest.

Acknowledgments

The work was supported by the Humanity and Social
Science Foundation of Ministry of Education of China
(No. 14YJA630030, 18YJA630037), Zhejiang Provincial Nat-
ural Science Foundation of China (No. LY18G010005, No.
LY17G020025), and Zhejiang Philosophy and Social Science
Program of China (No. 19NDJC240YB, 17NDJC262YB).

References

[1] A. Bhimani, M. Ncube, and P. Sivabalan, “Managing risk in
mergers and acquisitions activity: Beyond ‘good’ and ‘bad’
management,” Managerial Auditing Journal, vol. 30, no. 2, pp.
160–175, 2015.

[2] X. Chen, W. H. Cai, M. Xiao, and I. C. Soc, “Coal Enterprises
Merger and Acquisition Risk Prediction Based on Support Vec-
tor Machine,” in Case 2009: 2009 Iita International Conference
on Control, Automation and Systems Engineering, 2009, Coal
Enterprises Merger and Acquisition Risk Prediction Based on
Support Vector Machine.

[3] G. Y. Xiu and J. J. Zhao, “Analysis on Enterprise Merger and
Acquisition Risk,” in Proceedings of the 2009 International
Conference on Management Science Engineering, H. LAN, Ed.,
2009.

[4] R. J. B. P. F. Borghese, MA from Planning to Integration,
McGraw-Hill, New York, USA, 2001.



Mathematical Problems in Engineering 7

[5] R. E. Horowitz, H. Provizer, and M. J. Barry, “How to evaluate
a potential merger or acquisition,” Archives of Pathology &
Laboratory Medicine, vol. 137, no. 12, pp. 1811–1815, 2013.

[6] X. Chen and W. Cai, “Coal mine enterprise merger and acqui-
sitions risk empirical research based on DEA,” in Proceedings
of the 2009 Asia-Pacific Conference on Information Processing,
APCIP 2009, pp. 463–466, China, July 2009.

[7] J. G. Xie and W. Y. Song, “Application of the Maximum
EntropyMethod to Risk Analysis of Mergers and Acquisitions,”
in Cutting-Edge Research Topics on Multiple Criteria Decision
Making, Y. Shi, S. Wang, Y. Peng, J. LI, and Y. Zeng, Eds., 2009.

[8] Y. Q. Chen, S. G. Li, and G. Y. Lu, “Evaluation of Safety
Risk in ATM Based on the Gray Relational Analysis,” in
Advanced Research on Mechanical Engineering, Industry and
Manufacturing Engineering, Pts 1 and 2, H. Zhang and D. Jin,
Eds., 2011.

[9] H. Y. Zheng, J. B. Sheng, X. H. Peng, Y. Wang, and X. Y.
Zhao, “Sluice Risk Consequence’s Comprehensive Evaluation
Based on Grey Relational Analysis,” inMaterials Processing and
Manufacturing Iii, X. Sang and Y. H. Kim, Eds., pp. 1–4, 2013.

[10] D. Akay, “Grey relational analysis based on instance based
learning approach for classification of risks of occupational low
back disorders,” Safety Science, vol. 49, no. 8-9, pp. 1277–1282,
2011.

[11] J. Q. Li and D. X. Niu, “Research on Thermal Power Plant
Construction Project Risk Evaluation Based on AHP and Gray
Relational Analysis,” in International Conference on Manage-
ment of Technology, 2009, Research on Thermal Power Plant
Construction Project Risk Evaluation Based on AHP and Gray
Relational analysis.

[12] H. T. Su, R. Q. Jiang, and X.W. Ma, “Risk Evaluation of Venture
Capital Based on AHP and Grey Relational Analysis Methods,”
in International Conference on Information Management, Inno-
vation Management and Industrial Engineering.

[13] Y. Wang and P. P. Shang, “Study on Ship Financing Risk
Evaluation of Shipping Enterprises Based on Grey Relational
Analysis Method,” in 2015 3rd International Conference on
Education Reform and Management Innovation, G. LEE, Ed.,
2015.

[14] Z. Y. Tang, Z. Q. Wang, and X. F. Wei, “Research of Human
ResourceRiskWarningModel ofDynamicGreyBPNeuralNet-
work based on Grey Relational Analysis Method,” in 2016 2nd
International Conference on Education Technology,Management
and Humanities Science, T. Kong and C. Wang, Eds., 2016.

[15] M. Qiu, L. Shi, C. Teng, and Y. Zhou, “Assessment of water
inrush risk using the fuzzy delphi analytic hierarchy process and
grey relational analysis in the liangzhuang Coal Mine, China,”
Mine Water and the Environment, vol. 36, no. 1, pp. 39–50, 2017.

[16] Z. W. Li, N. X. Xie, and G. Q. Wen, “Soft coverings and their
parameter reductions,” Applied Soft Computing, vol. 31, pp. 48–
60, 2015.

[17] L. Shi,W. Gao, J. Han, and X. Tan, “ANonlinear Risk Evaluation
Method forWater InrushThrough the Seam Floor,”MineWater
and the Environment, vol. 36, no. 4, pp. 597–605, 2017.

[18] W. Zhang, Y. Ju, and X. Liu, “Multiple criteria decision analysis
based on Shapley fuzzy measures and interval-valued hesitant
fuzzy linguistic numbers,” Computers & Industrial Engineering,
vol. 105, pp. 28–38, 2017.

[19] W. Yang, J. Shi, X. Zheng, and Y. Pang, “Hesitant interval-
valued intuitionistic fuzzy linguistic sets and their applications,”
Journal of Intelligent & Fuzzy Systems, vol. 31, no. 6, pp. 2779–
2788, 2016.

[20] Y. Du, F. Hou, W. Zafar, Q. Yu, and Y. Zhai, “A novel
method formultiattribute decisionmakingwith interval-valued
pythagorean fuzzy linguistic information,” International Journal
of Intelligent Systems, vol. 32, no. 10, pp. 1085–1112, 2017.

[21] J. A. Sanz, A. Fernandez, H. Bustince, and F. Herrera, “IVTURS:
A linguistic fuzzy rule-based classification system based on a
new interval-valued fuzzy reasoning method with tuning and
rule selection,” IEEE Transactions on Fuzzy Systems, vol. 21, no.
3, pp. 399–411, 2013.

[22] G. Wei, “Interval valued hesitant fuzzy uncertain linguistic
aggregation operators in multiple attribute decision making,”
International Journal of Machine Learning and Cybernetics, vol.
7, no. 6, pp. 1093–1114, 2016.

[23] W. Gao, L. Shi, J. Han, and P. Zhai, “Dynamic monitoring of
water in a working face floor using 2D electrical resistivity
tomography (ERT),” Mine Water and the Environment, vol. 37,
no. 3, pp. 423–430, 2018.

[24] Y. Zang,W. Sun, and S.Han, “Grey relational projectionmethod
for multiple attribute decision making with interval-valued
dual hesitant fuzzy information,” Journal of Intelligent & Fuzzy
Systems: Applications in Engineering and Technology, vol. 33, no.
2, pp. 1053–1066, 2017.

[25] C. Huang, F. Gao, and H. Jiang, “Combination of biorthogonal
wavelet hybrid kernel OCSVM with feature weighted approach
based on EVA and GRA in financial distress prediction,”
Mathematical Problems in Engineering, vol. 2014, p. 12, 2014.

[26] N. X. XIE, Y. HAN, and Z. W. LI, “A novel approach to
fuzzy soft sets in decision making based on grey relational
analysis and MYCIN certainty factor,” International Journal of
Computational Intelligence Systems, vol. 8, pp. 959–976, 2015.

[27] N. Xie, Z. Li, and G. Zhang, “An intuitionistic fuzzy soft
set method for stochastic decision-making applying prospect
theory and grey relational analysis,” Journal of Intelligent &
Fuzzy Systems, vol. 33, no. 1, pp. 15–25, 2017.

[28] Z. Li, G. Wen, and N. Xie, “An approach to fuzzy soft sets
in decision making based on grey relational analysis and
Dempster-Shafer theory of evidence: an application in medical
diagnosis,” Artificial Intelligence in Medicine, vol. 64, no. 3, pp.
161–171, 2015.

[29] R. C. P. Eusebio, A. P. Huelgas-Orbecido, and M. A. B.
Promentilla, “Optimal Selection of Desalination Systems using
Fuzzy AHP and Grey Relational Analysis,” in Pres2016: 19th
International Conference on Process Integration, Modeling and
Optimization for Energy Savings and Pollution Reduction, P. S.
Varbanov, P. Y. Liew, J. Y. YonG, J. J. Klemes, and H. L. Lam,
Eds., 2016.



Hindawi
www.hindawi.com Volume 2018

Mathematics
Journal of

Hindawi
www.hindawi.com Volume 2018

Mathematical Problems 
in Engineering

Applied Mathematics
Journal of

Hindawi
www.hindawi.com Volume 2018

Probability and Statistics
Hindawi
www.hindawi.com Volume 2018

Journal of

Hindawi
www.hindawi.com Volume 2018

Mathematical Physics
Advances in

Complex Analysis
Journal of

Hindawi
www.hindawi.com Volume 2018

Optimization
Journal of

Hindawi
www.hindawi.com Volume 2018

Hindawi
www.hindawi.com Volume 2018

Engineering  
 Mathematics

International Journal of

Hindawi
www.hindawi.com Volume 2018

Operations Research
Advances in

Journal of

Hindawi
www.hindawi.com Volume 2018

Function Spaces
Abstract and 
Applied Analysis
Hindawi
www.hindawi.com Volume 2018

International 
Journal of 
Mathematics and 
Mathematical 
Sciences

Hindawi
www.hindawi.com Volume 2018

Hindawi Publishing Corporation 
http://www.hindawi.com Volume 2013
Hindawi
www.hindawi.com

The Scientific 
World Journal

Volume 2018

Hindawi
www.hindawi.com Volume 2018Volume 2018

Numerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical AnalysisNumerical Analysis
Advances inAdvances in Discrete Dynamics in 

Nature and Society
Hindawi
www.hindawi.com Volume 2018

Hindawi
www.hindawi.com

Di�erential Equations
International Journal of

Volume 2018

Hindawi
www.hindawi.com Volume 2018

Decision Sciences
Advances in

Hindawi
www.hindawi.com Volume 2018

Analysis
International Journal of

Hindawi
www.hindawi.com Volume 2018

Stochastic Analysis
International Journal of

Submit your manuscripts at
www.hindawi.com

https://www.hindawi.com/journals/jmath/
https://www.hindawi.com/journals/mpe/
https://www.hindawi.com/journals/jam/
https://www.hindawi.com/journals/jps/
https://www.hindawi.com/journals/amp/
https://www.hindawi.com/journals/jca/
https://www.hindawi.com/journals/jopti/
https://www.hindawi.com/journals/ijem/
https://www.hindawi.com/journals/aor/
https://www.hindawi.com/journals/jfs/
https://www.hindawi.com/journals/aaa/
https://www.hindawi.com/journals/ijmms/
https://www.hindawi.com/journals/tswj/
https://www.hindawi.com/journals/ana/
https://www.hindawi.com/journals/ddns/
https://www.hindawi.com/journals/ijde/
https://www.hindawi.com/journals/ads/
https://www.hindawi.com/journals/ijanal/
https://www.hindawi.com/journals/ijsa/
https://www.hindawi.com/
https://www.hindawi.com/

